HavaMkrH
PAO HAM
A. LY THUYET CHUNG
1. Pinh nghia dao ham tai mot diém
1.1. Dinh nghia :
Cho ham s6 y=f (x) xac dinh trén khoang (a; b)va x, e(a;b), dao ham cta ham sb tai

£(%)= jim A= f06)

diém x la:
XO X=X X_XO

1.2.Chuay:
- Néukihidu Ax=x-x,; Ay = f (X, +Ax)—f (%, )thi :

()= tim L)y B
0 X=X, AX

- Néuham sd y = f (x)c6 dao ham tai x,thi né lién tuc tai diem do.
2. Y nghia ciia dao ham
2.1. Y nghia hinh hoc: Cho ham s y = f(x) ¢6 dd thi (C)
- f'(%) 1a hé¢ s0 goc cla ti€p tuyén dd thi (C)chia ham s6 y=f(x) tai
My (X, Y,)€(C).
- Phuong trinh tiép tuyén cia do thi ham s6 y=f(x)tai diém My(x,,y,)e(C)Ia :
y=1"(%)(X=%)+Yo
2.2. Y nghia vat Ii :
- Van tbc tirc thoi cua chuyén dong thang x4c dinh bsi phuong trinh : s=s(t) tai thoi
diem t, 1a v(t,)=s'(t,).
- Cuong d¢ tirc thoi cua dién lugng Q = Q(t)tai thoi diem t, 1a: | (t,)=Q'(t,).
3. Qui tic tinh dao ham va cong thire tinh dao ham
3.1. Céc quy tic : Cho u=u(x);v=v(x);C: lahingsb.

+ (uzv)'=utv'

+ (uv)'=u'v+v'u = (C.u)'=C.u’

(e (e

\" Vv u u
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+ Néuy="f(u),u=u(x) =y,=yu..

3.2. Cdc cong thiec :

!

+ (x”)' =n.x"? = (u“) =nu"u’ , (neN,n>2)
’ 1 ' u'
+ X| =—— , (x>0 u) =—— ,(u>0
(\/_) 2\/;(>):>(«/_) 2«/5<>)
+ (sin x)' =CO0S X = (sinu)' =u.cosu
+ (cosx)' =—sinx = (cosu)' =-u’.sinu
+ (tanx)': ! :(tanu)'z u
cos’® X cos’u
’ 1 4 U,
+ (cotx) =G = (cotu) =Sy

4. Viphan
4.1. Dinh nghia :
- Chohamsb y=f (x)c6 dao ham tai X, vi phan cua ham s6 y=f (x) tai diém x, la:
df (%)= f'(%,).Ax .
- Choham so y= f(x)c6 dao ham f'(x) thitich f'(x).Ax dugc goi la vi phan clia ham
s0 y=f(x) . Kihiéu: df (x)=f'(x).Ax= f'(x).dx hay dy=y"dx .
4.2. Céng thirc tinh gin diing :
f (% +AX) = f(x)+T'(%)-Ax .
5. Pao ham cép cao

5.1. Pgo ham cdp 2 :
- Dinh nghia : £"(x)=[ f'(x)]
- Y nghia co hoc: Gia toc tic thoi ctia chuyén dong s=f(t) tai thoi diém t, 1a
a(ty)=1"(t,).

5.2. Pao ham cdp cao : f(")(x):[f(”_l)(x)} , (neN,n>2) .
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B. BAI TAP
TINH PAO HAM
q : X1 x>0 :
Caul: Tim ab déhamso f(x)=1 x-1 ~ " c6 dao ham tai diem x=0.
ax+b khix<0
A a=-11 B a=-10 c a=-12 D a=-1
“lb=11 " |b=10 ° " lb=12 “lb=1
X i e 2 khix >0 N
Cau 2: Tim a,b d ham so f(x):{ax +bx+1 c6 dao ham tai diem x, =0

Cau 3:

Cau 4:

Cau 5:

Cau 6:

asinx+bcosx khix<0
A. a=1b=1. B. a=-1b=1. C.a=-1b=-1. D. a=0b=1.
Cho ham sb f (x) = x(x—=1)(x—2)...(x=1000). Tinh f'(0).

A. 10000!. B. 1000!. C. 1100!. D. 1110!.
oy Y4x2 +8-VBX +4 i v 2 0 o ;

Chohamso f(x)= X .Gi4 tri caa f'(0) bang:
0 khi x=0

AL B. -2, c 4 D. Khong tn tai.

3 3 3

xsinZ khi x=0

Véi ham sé f(x) = X Pé tim dao ham f'(x) =0 mot hoc sinh lap
0 khi x=0

luan qua cac budc nhu sau:

L f ()| =|x. <|¥.

. T
SIn—
X

2.Khix—0 thi|x| -0 nén

f(x)|—>0= f(x)>0.

3.D0 lim f(x)=lim f(x) = f (0) =0 nén ham sd lién tuc taix=0.
x—0" X—0"

4.Tu f(x) lién tuc taix=0= f(x) c6 dao ham taix=0.

Lap luan trén néu sai thi bat dau tir bude:

A. Budc 1. B. Budc 2. C. Budc 3. D. Budc 4.
xsin—= khi x 0

Cho ham sé f(x)= x?
0 khi x=0

(1) Ham s6 f (x) lién tuc tai diém x=0.
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Cau 7:

Cau 8:

Céau 9:

Cau 10:

Céau 11:

Céau 12:

(2) Ham s f (x) khong c6 dao ham tai diém x=0.

Trong cac ménh dé trén:

A. Chi (1) dung. B. Chi (2) dling.

C. Ca(1),(2) déu dung. D. Ca(1),(2) déu sai.

ax® +bx khi x>1

_ Tima,b dé ham s6 c¢6 dao ham taix =1
2x—=1 khi x<1

Cho ham sé f(x) :{

A. a=-1b=0. B. a=-1b=1. C.a=1b=0. D. a=1b=1.
. L x*+x+1 khi x<1 |
Dao ham cua ham s6 f (x)= X la:
Jx=1+3 khi x>1
2X khi x<1 2x+1 khi x<1
A= L i o B0)= L i s
240x—-1 x-1
2x+1  khi x<1 2x+1  khi x<1
CT=_L i ko1 D-F0I=1_L_ i xs1
24X -1 20x-1
2
o XX hixs0 f s 4 , N
Cho ham so f(x)=< x+1 . Tim a, b dé ham so f(x) c6 dao ham trén
x> +ax+b khix<0
R.
A. a=0, b=11. B. a=10, b=11. C.a=20, b=21. D. a=0, b=1.

Pao ham caoa ham s6 y=(0E+D)0E+2)(x*+3) bang biéu thac co dang
ax® +bx® +ox® +15x* +dx® +ex? + gx. Khi 46 a—b+c—d +e—g bang:
A. Q. B. 2. C.3. D. 5.

ax* +hx® +cx? +dx+e
(x°*—2)?

X2 +2x+3

Dao ham cta ham séy=—— bang biéu thuc c6 dang
X J—

Khi 6 a+b+c+d+e bang:
A. 12, B. -10. C.8. D. 5.

2
Pao ham cua ham s6 y=(x-2)vx*+1 biéu thic cd dang AXHDXHC i g6 abe

VX2 +1

bang:
A. 2. B. 4. C. -6. D. -8.
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Cau 13:

Cau 14:

Cau 15:

Cau 16:

Céau 17:

Cau 18:

Cau 19:

Céau 20:

Pao ham caaham s y = X1 pidu thic co dang 4D khide P=ab bang:
x*+1 (x* +1)°
A. P=1. B. P=-1. C. P=2. D. P=-2.
X X
Cho f(x)= thi f'(0
() (x—=1)(x—2)--+(x—2017) (0)
1 1
A ——. B. 2017!. cC. ——. D. —-2017!.
2017! 2017!
. 2 |1+X|—|1—X| \ , T L A
Chohams6 f(x)=—————— . Daoham f’(x) la biéu thirc nao sau day?
L+ X +[1— X
—i khix<-1,x>1 3khix<—1x>1
A. 1 X ’ . B. {x? ’ .
1 khi-1<x<1 1 khi-1<x<1
L khix<-1x>1 ~3 hix<-Lx>1
C.ix? ’ . D. X2 ' )
-1 khi-1<x<1 2 khi-1<x<1

Cho ham s6 y =sin(cos’ x).cos(sin” x). Pao ham y'=a.sin 2x.cos(cos2x). Gia tri cua
a la sé nguyén thuoc khoang nao sau day?

A. (0;2). B. (-15). C. (-32). D. (4,7).

Cho ham sé y=\/%+%\/%+% /%+%cosx V6i xe(0;7) ¢6 y' 1a bidu thic c6 dang

- X . I3 A =z . N\ A
a.smg. Khi d6 a nhan gia tri nao sau day:

AL B -1, c. i D. -1,
4 4 8 8
Pao ham cia ham s6 y:\/% (a la hang sd) Ia:
a2 —x

2 2
a C 2a D a

(az—xz)3 | 5 1/(az+x2)3 | | (az—xz)3 | | (az—xz)3 |

Cho ham sé y =~/2x—x? . Ménh d& nao sau day 1a dung ?

A -

A. y.y"+1=0. B. y>.y"-1=0. C. 3y%y"+1=0.. D. 2y°.y"+3=0.

sin®x + cos®x

- . Ménh dé nao sau day ding ?
1-sin xcos x

Chohamsé y=
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A. 2y"+y=0. B. y"+y=0. C.y"-y=0. D. 2y"-3y=0.
Cau 21: Cho f(x)=sin®x+cos®x va g(x)=3sin?x.cos’x. Tong f'(x)+g'(x) bang biéu thic

nao sau day?

A. 6(sin’® X +cos’ X +Sin X.cos X).. B. 6(sin® Xx—c0s® X —Sin X.CoS X) .
C. 6. D. 0.
Cau 22: Cho ham s f(x)z_:((il.Tim £ ()
A. £ (x)=301(1-x)". B. f®(x)=301(1-x)"".
C. £ (x)=-301(1-x)"™. D. £ (x)=-30/(1-x)".

Cau 23: Cho ham s y =cosx. Khi d6 y®9(x) bang
A. —CcosX. B. sinx. C. —sinx. D. cosx.

CAu 24: Cho ham sé y =cos? 2x . Gia tri cua biéu thirc y" +y" +16y’'+16y—8 la két qua nao sau

day?
A. 0. B. 8.

1 T
C.<:>cosx:§. D.c>x:i§+k27z,keZ.

Cau 25: Cho ham sé y = f(x):cos(Zx—%). Phuong trinh f(4)(x):—8 c6 cac nghiém thuoc

doan {0; Z} la:
2

A.x:O,x:Z. B. x=Z. C.x=0,x:£. D.x:O,x=£.
3 2 2 6
CAau 26: Cho ham s6 f (x)=~/-5x* +14x—9. Tap hop cac gia tri cua x dé f'(x<0) la

) e+ o) o)

CAau 27: Chohamsé f(x)=x+/x*+1. Tap cac gidtri ciia x dé 2x.f'(x)-f(x)>0 la:

S " =

Cau 28: Chohamsé f(x)=+x*—x. Tap nghiém S cua bat phuong trinh f'(x)< f (x)la:

A. S:(—oo;O)u{2+2\/§;+ooJ. B. S = (0;0)U(L+0).
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Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

MATH
c s :[_oo; 2—2\5}{2;«@;%0].

Cho cac ham

D. s :[—oo;¥}u[l;+oo)

s6  f(x)=sin*x+cos’x, g(x)=sin®x+cos’x. Tinh biéu thac
3f'(x)—29"(x)+2
A. 0. B. 2. C. 1. D. 3

Cho ham s y = f (x) c6 d6 thi (C) nhu hinh v&. Tinh A= f'(1)-f'(2)-f'(3)

lC]I_" \ |
| !
!

o[\ I3

A. A=6 B. A=—6 C. A=0 D. A=-12

3
Cho ham s f(x):mTX—mx2+(3m—1)x+1. Tap cac gid tri cua tham sé m dé y' <0

vai VxeR la:

A. (—oo;ﬁ] B. (—o0;2]. C. (-;0]. D. (-;0).

Cho ham s6 y=(m-1)x’-3(m+2)x*-6(m+2)x+1. Tap gia tri cia m dé y'>0
vxeR la

A. [3+). B. [L+x). C. . D. [4\/§;+oo).

Cho ham sb f(x)=sin*x-+sin2x. Tim gia tri 16n nhat M va gi tri nho nhat m cua
f'(x) trén R.
A m=—/2, M=+2.

C.m=-2,M=2.

B.m=-1, M =1.
D. m:—Jg, M :\/3.

cos® x

Cho ham s6 f(x)=2 +sin® x—2cos x—3sin x. Bieu dién nghiém ctia phuong trinh

lugng gidc f'(x) trén duong tron ta dwoc may diém phan biét?

A. 1 diém. B. 2 diém. C. 4 diém. D. 6 diém.

Ding thire ndo sau diy dung?
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Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

Cau 41:

A. C:+2C2+3C>+...+nC" =n.2"" ,neN.

B. C,+2C+3C’+...+nC; =(n+1).2",ne N.

C. C,+2C2+3C}+...+nC) =(n-1).2"*,neN.

D. C, +2C +3C +...4+nC,; =(n+1).2"*,neN.

Tinh tong véi ne N,n>2:

S$=1.2C*+23C>+..+(n-2).(n-1).C"" +(n-1).nC"

A. (n-1).(n-2).2"%. B. n(n-1).2"2. C. n(n-1).2"". D. (n-1).(n-2).2".
Tinh tong S =CP°+2C! +3C? +...+(n+1)C" bang

A 2", B. (n+1)2"". C. (n+2)2™". D. (n+1).2".
, 1 99 1 100 1 198 1 199
Tinh tdng: § =100.CC, (Ej _101.ch0(§) 4. +199CY, (Ej 420020 (E]

A. 10. B. 0. C. 1. D. 100.

PHUONG TRINH TIEP TUYEN
Biét tiép tuyén (d) cua ham s6 y=x*—-2x+2 vudng goc véi duong phan giac goc
phan tu thir nhat. Phuong trinh (d) la:

A y:_x+i+18—5\/§ yoxs L 184573

VY =—X+—
J3 9 J3 9

B. y=x,y=x+4.

1+18—5J§ ~ 1 18+53

C. y=—X+— Y =—X———=+
y Ve 9 y Ve 9
D. y=x-2,y=x+4.

R . 1 , n .2 . ek . .
Cho ham so y:§—+1 (C) . C6 bao nhiéu cip diém A, B thuoc (C) ma tiép tuyén tai

do6 song song vai nhau:
A. 0. B. 2. C.1. D. V0 sb.

Cho ham sb y:%x3 ~3x*+x+1 c6 d6 thi (C). Trong cac tiep tuyén véi do thi (C),

hay tim phuong trinh tiép tuyén cé hé s6 goc nho nhit.
A. y=-8x-19. B. y=x-19. C. y=-8x+10. D. y=—x+19.
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Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cho ham s6 y=x*-2x*+2x co6 do thi (C). Goi x,,x, la hoanh d¢ cac diém M, N
trén (C), ma tai do tiép tuyén cua (C) vudng goc véi duong thang y =-x+2017 . Khi

do x +x, bang:

4 _
A —. B.?. C.

D. -1.
3

Wl

Cho d6 thi ham sb (C):y=x"-4x*+2017 va dudng thangd :y:%x+1. C6 bao nhiéu

tiép tuyén cua (C) vubng goc véi dudng thang d?
A. 2 tiép tuyén. B. 1 tiép tuyén.
C. Khong c6 tiép tuyén nao. D. 3 tiép tuyén.

A A . 5 Y A 1 r R = A A . I <\ s 4
Trén d6 thi caa ham so y=—1 c6 diem M sao cho tiép tuyen tai do cung véi cac

truc toa do tao thanh mot tam giac c6 dién tich bang 2. Toa do M 1a:

A (21). B. (4;%} C. (—%;—;j. D. [%;—4).

Tiép tuyén cua parabol y =4—x? tai diém (1;3) tao véi hai truc toa d6 mot tam giac
vuong. Dién tich cua tam giac vudng do la:

A. é B.
2

25

C. L —
4

Ao
N | o1
O
|

Cho db thi ham sé (C): y:%; diém M c6 hoanh do x, =2—3thuoc (C). Biét tiép

tuyén cua (C) tai M lan luot cit Ox, Oy tai A,. B. Tinh dién tich tam giac OAB.

A. S, =1. B. S0 =4 C. S,ops =2. D. S, =2++/3.
- X ‘o ~ < N ~ . X2+3X+3 e z . z . .
Biét voi mot diém M tuy y thuoc (C).yz—z, tiép tuyén tai M cat (C) tai hai
X+

diém ABtao véi 1(~2;-1) mot tam gidc c6 dién tich khong doi, dién tich tam gidc d6
la?

A. 2(dvdt). B. 4(dvdt). C. 5(dvdt ). D. 7 (dvdt).

Cho ham s6 y=-x*+3x+2 ¢6 d6 thi 1a (C). Tim nhitng diém trén truc hoanh sao cho
tir 46 ké duoc ba tiép tuyén dén do thi ham s va trong d6 co hai tiép tuyén vubng goc

véi nhau.
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A M(_i;oj_ B. M(_ﬁ;oj, C. M(—g;Oj. D. M(—E;OJ.
27 7 7 21

2x-1

Cau 49: Chohamsé y= c6 d6 thi la (C). Lap phuong trinh tiép tuyén cua d6 thi (C) sao

cho tiép tuyén nay cat cac truc Ox, Oy lan luot tai cac diém A, B thoa mdn OA =40B.

1 5 1 5 1 5 1 5
y=—=X+— =—=X—-= y=—"X+— =—=X—-=
A 4 4 4 4 . 4 4 4 4
1 13 1 13 1 13 1 13
y=—"X+— y=—"X+— =—=X-— =—=X-—=
4 4 4 4 4 4 4 4
A . b X 1 3 2 , A . by 44 s = A -7 .
Cau 50: Cho ham so yzgx —2Xx°+3x ¢cO6 do thi la A 3'3) CO6 bao nhiéu gia tri
Ary=X Ay =3X
A: y:%x dé tiép tuyén cua | A: y:gx+1 tai giao diém cua nd Véi truc
A:y:—§x+g A:y=—§x+@
L 9 81 L 9 81

tung tao véi hai truc toa do mot tam giac cé dién tich bang 8.
A. 1. B. 2. C. 3. D. 4.

Cau 51: Cho ham s6 vy =2X—+11.T‘|m gia tri nho nhat cia m sao cho ton tai it nhat mot diém M
X_

e (C) matiép tuyén ciia (C) tai M tao voi hai truc toa do mot tam giac cd trong tam
nam trén duong thang d :y=2m-1.

A. :
3

D.

W
wlnN

CAau 52: Cho ham s6 y=133x+508; y =8x+8; y=5x—4., c¢6 do thj 1a (C). C6 bao nhiéu diém
(C) thuoc (C) sao cho tiép tuyén tai (A) cia (C) cit (A) Oy ftai

—24=(3x§—4x0+1)(—4—x0)+x§—2x§+x0+4 B sao cho dién tich tam giac x,=-1
N 1 \ A A
bang 7 X, =—6 la goc toa do.

Al B.2 C.3 D.4

_ X2 +2mx+2m? -1

Caub3: vy 1
X_

(C,,)cét truc hoanh tai hai diém phan biét va céc tiép tuyén voi

(C,) tai hai diém nay vudng géc véi nhau.
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Cau 54:

Cau 55:

Cau 56:

Cau 57:

Cau 58:

Cau 59:

Cau 60:

<~z

A.ng. B. m=-1. C.ng,m:—l. D. m=0.

x> —2mx +m
X+m

Cho ham sé y= . Gid tri m dé dd thi ham sb cat truc Ox tai hai diém va

tiép tuyén cua dd thi tai hai diém d6 vudng goc 1a

A. 3. B. 4. C. 5. D. 7.

Phuong trinh tiép tuyén cia (C): y=x> biét né di qua diem M (2; 0) la:

A. y=27x+54. B. y=27x-9; y=27x-2.

C. y=27x+27. D. y=0;y=27x-54.

Cho ham s6 f(x):XIZ—x+1, c6 do thi (C). Tir diém M (2;-1) ké dén (C) hai tiép
tuyén phan biét. Hai tiép tuyén nay c6 phuong trinh:

A. y=-x+lva y=x-3. B. y=2x-5va y=-2x+3.
C.y=-x-1va y=-x+3. D. y=x+1lva y=-x-3.

Tiép tuyén cua parabol y =4—x? tai diém (1;3) tao véi hai truc toa d6 mot tam giac
vuong. Dién tich cua tam giac vudng do la:

A2 B.

2

A|lOl
O
N o
O
|

L va g(x)= 2
m g()—ﬁ-

Goi d,,d, lan lugt 1a tiep tuyén cua mdi do thi ham so f (x),g(x) da cho tai giao diem

Cho hai ham s6 f (x)=

cua ching. Hoi gdc gitra hai tiép tuyén trén bang bao nhiéu
A. 60°. B. 45°. C. 30°. D. 90°.
2X+2

Cho ham s6 y= c6 do thi la (C). Viét phuong trinh tiép tuyén cua (C), biét

tiép tuyén tao véi hai truc toa do mot tam giac vuéng can.

A Ay=—Xx+T7;A:y=—x-1. B. Aty=-2x+7;A:y=—x-11.

C. Aiy=—x+78;A:y=—x-11. D. Aty=—x+9;A:y=—x-1.

Cho ham sé y=-x-1 ¢6 dd thi (C). Viét phuong trinh tiép tuyén cua (C), biét tiép
tuyén tao voi hai truc toa do mot tam giac c6 dién tich bang x, .

A (A);y =Y (%)(x=%)+ y(xo):(Bx; —6x0—9)(x—x0)+xg —3x¢ —9x, +11.
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Cau 61:

Cau 62:

Cau 63:

Cau 64:

Cau 65:

Céau 66:

29

B. (A): 1| ;184
SHEE

. 29 .
C.184:(3x0—6x0—9)(?—xoj+xo—3x0—9x0+11

< 2x3 —32x2 +58X, +260=0 <> x, =13
D. x,=5;% =-2..

Cho ham sé y:X_f (C). C6 bao nhiéu cip diém A, B thudc (C) ma tiép tuyén tai

do6 song song vai nhau:
A. 0. B. 2. C. 1. D. V6 sb.

Trén do thi cia ham s y = il c6 diém M sao cho tiép tuyén tai d6 cung voi céc truc
X J—
toa do tao thanh mot tam giéc c6 dién tich bang 2. Toa do M I&:

A (2;). B. (4%) C. (—%;—;j. D. (%;—4).

Dinh m dé do thi ham séy = x> —mx? +1 tiép xdc véi duong thang d 1y =57?

A. m=-3. B. m=3. C. m=-1. D. m=2.

Goi S la tap tat ca cé4c gia tri thuc cua m sao cho duong thang d :y=mx—m-3 cit d6
thi (C):y=2x>-3x*-2 tai ba diém phan biét A B, 1(1-3) matiép tuyén véi (C) tai A
vatai B vudng goc vai nhau. Tinh tong tat ca cac phan tir cua S.

A. -1 B. 1. C. 2. D. 5.

Cho ham s6 y =x*—2018x ¢6 dd thi la (C). M, la diém trén (C) c6 hoanh

do x =1. Tiép tuyén ctia (C) tai M, cét (C) tai diém M, khac M,, tiép tuyén cua
(C) tai M, cét (C) tai diém M, khac M,, tiép tuyén ciia (C) tai diém M, cit (C)
tai diém M, khac M, (n=4;5;..), goi (x,;y,) 12 toa do diém M . Tim n dé
2018x +Yy +2*° =0.

A. n=647. B. n=675. C. n=674. D. n=627.

Cho ham s6 y=f(x) xidc dinh va c6 dao ham trén R théa mén
[f(1+2x)] =x—[ f(1-x)]". Viét phuong trinh tiép tuyén cua do thi ham sé y = f (x)

tai diém c6 hoanh d6 bang 1.
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Cau 67:

Cau 68:

Cau 69:

Cau 70:

Cau 71:

1 6 1 8 1 8 6
A y=—=x——. B. y=="x——. C.y=—=x+-—. D. y=—x+-—.
y 7 7 y 7 7 y 7 7 y 7

Tim tat ca c4c gia tri thyc cua tham sb m sao cho ham sé y=x*-3x+1(C), dudng
thang d:y=mx+m+3 giao nhau tai A(-13),B,C va tiép tuyén cua (C) tai Bva C

vudng goc nhau.

m:—3+2ﬁ m:—2+2ﬁ
A 3 B. 3
m=—3—2ﬁ m=—2—2ﬁ
L 3 3
m=—4+2ﬁ m=—5+2J§
C. 3[ D. 3\/_
m:# m:¥

4
Cho ham sé: y:%—sx2 +§(C) va diém M e (C)c6 hoanh d6 xm = a. Vi gia tri nao

cua a thi tiép tiép tuyén cua (C) tai M cit (C) 2 diém phan biét khac M.

A {|a|<J§ 5 {|a|<@ c {a<@ > {|a|<ﬁ

azx+l azl a=tl az+2
\ A 1 3 2 , A PP \ A N
Cho ham s6 y=3mx +(m-1)x*+(4-3m)x+1 co do thi la (C,), mla tham s6. Tim

cAc gid tri ciia m dé trén (C, ) c6 duy nhit mot diém co hoanh do &m ma tiép tuyén cua

(C,) tai diém d6 vudng goc véi duong thang d: x+2y =0.

m<0 m<0 1 m<-1
A. 2 B. C.0<m<= D. 5
m>§ m>1 3 m>5

Cho ham s6 y=x*-12x+12 ¢6 do thi (C) va diém A(m;—4). Goi S la tap hop tat ca
cc gid tri thyc cia m nguyén thuoc khoang (2;5) dé tir A ké duoc ba tiép tuyén véi
dd thi (C). Tong tat ca cac phan tir nguyén ctia S bang

A 7. B. 9. C. 3. D. 4.

Cho ham s6 f (x)=x*-6x>+9x+1 c6 dd thi (C). C6 bao nhiéu tiép tuyén cia do thi
(C) tai diém thuoc dd thi (C)cd tung dd la nghiém phuong trinh

2f'(x)-x.f"(x)-6=0.
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Cau 72:

Cau 73:

Céau 74:

Cau 75:

Cau 76:

Cau 77:

Al B. 4. C.3. D.2

2

Cho cac ham sb y = f(x),y = f(x?),y = ff((:)) c6 d6 thi lan luot 1a (C)),(C,),(C,) . Hé s6

gbc cac tiép tuyén caa(C,),(C,),(C,) tai diém c6 hoanh do x, =1 lan luot 12 k,k,,k, thoa

mank, +2k, =3k, #0. Tinh f(2).

1 2 3 4
A fQ=-—=. B. f()=—-=. C.V=— D. f()=—.
@ 5 @ c S @ S
£ A £ f(X) ST S S Ao
Chocachamso y=f(x),y=g(x).y :m. NéEu céac hé sb goc cua cac tiep tuyén cua
X
cac do thi cac ham s da cho tai diém c6 hoanh do x=0 bang nhau va khac 0 thi:
1 1 1 1
A. f(0)<=. B. f(0)<=. C. f(0)>=. D. f(0)>=.
(0)<, (0)< (0)>, ()2,

Cho ham sb6 y=f(x);y=g(x) duong c6 dao ham f'(x);g'(x) trén R. Biét rang tiép

tuyén tai diém c6 hoanh do X, =0 cua dd thi ham sé y=f(x);y=g(x) va y= ;EX; +i
X) +
c6 cung hé sé goc va khac 0. Ménh dé nao sau day ding?
3 3 3 3
A f(0)<——. B. f(0)>——. C. f(0)<-. D. f(0)>-.
(0) 2 (©) 1 (0) 1 (0) 1

Cho ham s6 y=x*-3x?+2x—1 c6 d6 thi (C). Hai diém A, B phan biét trén (C) co6
hoanh d6 1an luot 13 a va b(a>b) va tiép tuyén cua (C) tai A, B song song véi nhau.
AB=2.Tinh S=2a+3b.

A. S=4. B. S=6. C.S=7. D. S=8.

Cho ham s6 y=2x*—3x*+1 c6 d6 thi (C). Xét diém A thudc (C). Goi S la tap hop tat
ca cé&c gid tri thuc cua a sao cho tiép tuyén cua (C) tai A cat (C) tai diém thir hai B
(B = A) thoa man ab= —% trong d6 a, b 1an lugt 13 hoanh d6 cua A va B. Tinh tong tat
ca c4c phan tir cua S.

A. S=4. B. S=6. C.S=7. D. S=8.

Goi S la tap hop tit ca céc gia tri thuc cua tham sé m dé trén dd thi ham sé

y:—§x3+(m—l)x2+(3m—2)x—g tdn tai hai diém M,(x;y,),M,(x,;y,) 6 toa do thoa
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Cau 78:

Cau 79:

Céau 80:

Cau 81:

man x,.x, >0sao cho tiép tuyén vai d6 thi ham sé do thi ham sb tai hai diém d6 cung
vubng goc voi duong thang x—2y+1=0. Tim sb nguyén am I6n nhét thudc tap S.

A. -1. B. -3. C. 2. D. 4.
Goi A 1a diém thudc d6 thi ham sé y =%x4 —3x? +g (C) sao cho tiép tuyén cua (C) tai

A cit (C) tai hai diém phan biét B, C khac A sao cho AC =3AB (vé6i B nam gitra A va
C). Tinh d¢ dai doan thang OA.

c p. 7

A. OA=+2. B.
V2 2 2

N | w

Cho ham s6 y=2x¢ —3x2+1 ¢6 db thi (C). Xét diém Aco hoanh do x, :g thugc (C).
Tiép tuyén cua (C) tai A cat (C) tai diém thir hai A, = A c6 hoanh d x,. Tiép tuyén
cua (C) tai A, cat (C) tai diém thi hai A, # A, c6 hoanh d6 x,. Ctr tiép tuc nhur thé tiép

tuyén cua (C) tai A, cét (C) tai diém thir hai A # A _, c6 hoanh dd x,. Tim X, .

A pu =241 3. =2

C. Xy = 3227 -1, D. Xy5 =3.22V —%.

Cho ham s6 y=2x°-3x*+1 c6 do thi (C). Xét diem A c6 hoanh d6 x =1 thugc (C).
Tiép tuyén cua (C) tai A cit (C) tai diém thu hai A, = A c6 hoanh d9 x,. Tiép tuyén
cua (C) tai A, cit (C) tai diém thir hai A, = A, c6 hoanh d¢ x,. Ctr tiép tuc nhu thé,
tiép tuyén cta (C) tai A, cit (C) tai diém tht hai A, = A, , ¢6 hoanh do x,. Tim gia
tri nho nhat ciia n dé x, >5%.

A. 235 B. 234 C. 118 D. 117

Biét rang tiép tuyén cia do thi ham s y =(x+a)’+(x+b)’+(x+c)’ c6 hé sb goc nho
nhét tai tiép diém co hoanh d6 x=-1 ddng thoi a,b,c 1a céc sé thuc khong &m. Tim

GTLN tung d6 cua giao diém dd thi ham sé véi truc tung?
A. 27 B.3 C.9 D. 18
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C. HUONG DAN GIAI
TINHDPAO HAM

X —

Caul: Timab déhamsé f(x)={x1 "*Z%c6 dao ham tai diém x=0.
ax+b khix<0
A a=-11 B a=-10 c a=-12 D a=-1
" lb=11 " |lb=10 " lb=12 “lb=1 "

Hudéng dan giai

Chon D.
Trudc tién ham sb phai lién tuc tai x=0
XILT f(x)=1= f(O),XILrp f(xX)=b=b=1

xét fim 1O)=f©) _ . x=1_
x—0" X x—0" X +1

lim T X =T _jinaza

x—0" X x—0"

-1

Ham sb c6 dao ham tai x=0<=a=-1

ax® +bx+1 khix >0

_ _ c¢6 dao ham tai diém x, =0
asinx+bcosx khix<0

Cau2: Tim a,b déhamsb f(x):{

A. a=Lb=1. B.a=-1b=1. C.a=-1b=-1. D. a=0;b=1.
Huéng dan giai

Chon A

Taco: f(0)=1

XILT f(x)= XIi_)rgl(ax2 +hx+1) =1

Iirgl f(x)= Iirg](asin X+bcosx)=hb

DPé ham sd lién tuc thi b=1

2 —
£/(0%) = lim ax‘ +x+1 1:1

x—0"

2asin > cos~ —2sin’ >
£1(07) = lim a5|nx+bcosx—1:Iirn 2779 2

x—0" X x—0" X

sinX sinX

. . X . .. X

=I|m—2.I|m acos— —I|m—2.I|msm—:a
x—»0" X x50 x—»0" X x50 2

2 2
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Cau 3:

Cau 4:

Cau 5:

Péton tai f'(0)= f'(0°)=f'(0") =a=1

1

Gi6i han luong gidc lim > =1 sinf(x) _
-0 X f(x)>0 f(X)

Cho ham s6 f (x) = x(x—1)(x—2)...(x—1000) . Tinh f'(0).

A. 10000!. B. 1000!. C. 1100!. D. 1110!.
Hudéng dan giai

Chon B.

£(x) = lim (X))(:g ©) _ jm XX =1)(x=2)...(x~1000) -0 _ lim(x—~1)(x—2)...(x~1000)

x—0 x—0 X

= (-1)(-2)...(-1000) =1000!

Y4x* +8-VBX +4 i v 0

Cho ham sé f(x) = ” .Gia tri cua f'(0) bang:
0 khi x=0
A L B. -2 c 2 D. Khong tan tai.
3 3 3
Chon B.
_F(x)=f(0) . Yax*+8-8xP+4 . Yax2+8-2+2-+/8x2+4
lim————~=Ilim 5 =lim 5
x—0 X x—0 X x—0 X
Ta co:
_limt 4x’ 8 1, .5
0 X° i/(4x2+8)2+2\3/4x2+8+4 2+8x*+4 | 3 3
. T .
. . = khi x=#0 . . ) . R
Vé6i ham so f(x) = Xsin X bé tim dao ham f '(x) =0 mdt hoc sinh lap

0 khi x=0
luan qua cac budc nhu sau:
L] f(x)|=|x.

sinZ <|x.
X

2.Khix—0 thi|x| -0 nén

f(x)|—>0= f(x)—>0.

3.Do lim f(x) = lim f(x) = (0) =0 nén ham sb lién tuc taix=0.

4.Tix f(x) lién tuc tai x=0=> f(x) c6 dao ham taix=0.

Lap luan trén néu sai thi bat dau tir budc:

A. Budc 1. B. Budc 2. C. Buoc 3. D. Buéc 4.
Chon D.
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Mot ham sd lién tuc tai xo chua chic c6 dao ham tai diém d6, hon nira

((0-1(0) g
x-0 X

khong c0 gidi han khi x —0

Cau 6: Chohamsd f(x)= xsinz X’ khi x0
0 khi x=0
(1) Ham s f (x) lién tuc tai diém x=0.
(2) Ham s f (x) khong c6 dao ham tai diém x=0.
Trong cac ménh dé trén:
A. Chi (1) ding. B.Chi(2)ding.  C.Ca(),(2) dduding.  D. Ca(1),(2)
déu sai.
Chon C.

Taco: —|x|< x.sin% <|x|

:leirg( |x|)<IX|£rgxsm%<I|m|x| O:>IX|Lr3xszi:0: f (0)

Vay ham sé lién tuc tai x=0

Xét |imwz|im(sin%j

x—0 X
/—+2n7r
limx, = lim ——=——=0= lim f(x,)= lim sin(%+2n7zj:1

n—>+o0 n—>+o0 N—>+o0
— + 2nr

LAy day (Xn): x, =

Lay déy x'):x/ =3 tuongtu:ta cling co:
‘/—+27m
. ' . ' . . . f(x)=f(0
limx, =0= lim f(xn )=0:> lim sm(£+2n7r]:1:>Ilmw_llmsmi
N—>+o0 N—>+o0 N—>+o0 6 x—0 X—=0 x—0 X

khong ton tai

, by khi x>1 o _
Cau7: Chohamsé f(x) =1 +PX M X=d o b dé ham sé c6 dao ham taix=1
2x—-1 khi x<1
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A. a=-1b=0. B.a=-1b=1. C.a=1b=0. D. a=1b=1.
Chon C.

] lLrP f(x)=a+b=f(1)
Ta CO:{Iim f(x)=lim(2x-1)=1

x—1" x—1"

=a+b=1

f(x)—f(1 2+bx—(a+b
im )= F Q@) axrbx—(ax )_nm[a x+1)+b]=2a+b
X1 X=1 x—1* X=1 X1
f -f(1 2x*> —1—(a+b —1-
im (x) ()_Ii X (a+ ):I 2x—1 1_2
x—1" Xx—1 x—1 X — -1 X—=1
Ta co h¢: h=1 a=l
“l2a+b=2"1b=0
R R . x2+x+1 khi x<1 .
Cau 8: Dao ham cua ham so f (x)= o la:
JX=1+3 khi x>1
2X khi x<1 2x+1 khi x<1
A= L i o B0)= L i s
24Ux-1 x-1
2x+1 khi x<1 2x+1 khi x<1
C. f'(x)= . D. f'(x)= .
(x) L hi x>1 (x) L whi x>1
24/x—1 24/x—1
Huéng din giai
Chon D.
Vai x<1: f’(x):2x+1
Véi x>1:f'(x )
) f(1) . Jx-1 A L
Vi x=1, tacd I|m = lim ——— =+o0 nén khong c6 dao ham tai x=1.
X1 X=1 x-1" X—1
2x+1  khi x<1
Vay f'(x)=
ay 1'(x) L ki x>1
24x -1
X2+ x+1 Khix >0
Cau9: Chohamso f(x)=1 x+1 ~ . Tim a, b dé ham so f(x) c6 dao ham trén
x*+ax+b khix<0
R.

A. a=0, b=11. B. a=10, b=11. C.a=20, b=21. D. a=0, b=1.
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Chon D.
V&i x=0 ham s ludn c6 dao ham.
Dé ham s6 c6 dao ham trén R thi ham sb phai c6 dao ham tai x=0.

lim f (x)=1, lim f (x)=b=b=1.

x—0" x—0"
Pé ham s lién tuc tai x=0=b=1.

X +x+1
— - _ 2 _
Xét lim f(X) f(O) = lim X+1 =0’ lim f(X) f(O) — lim X“+ax+b 1:a

X—0" X—=0 x—0* X x—0" X—=0 X—0" X

1

—a=0.Vay a=0, b=1.
Cau 10: Pao ham cua ham s6 y=(2+D)(¢+2)(x*+3) bang biéu thac co dang
ax® +bx® +cx® +15x* +dx® +ex? + gx. Khi d6 a—b+c—d +e—g bang:
A. Q. B. 2. C.3. D.5.
Chon C.
y’:2x(x3+2)(x4+3)+3x2(x2+1)(x4+3)+4x3(x2+1)(x3+2)
:2x(x7+2x4+3x3+6)+3x2(x6+x4+3x2+3)+4x3(x5+x3+2x2+2)
=9x® +7x°® +12x° +15x* +8x> +9x* +12X.

—>a-b+c-d+e—-g=3.

2 . . ] 4 3 2
Cau 11: Dao ham cua ham séy:w biing biéu thirc c6 dang & +b)(( jcz); dx+e
N N
Khi d6 a+b+c+d+e bang:
A. -12. B. -10. C.8. D.5.
Chon A.
, (—2x+2)(x3—2)—3x2(—x2+2x+3) X _4x% _9x% 1+ 4x—4
y = 5 3 = ; 3
(x*-2) (x*-2)
—a+b+c+d+e=-12
2
Cau 12: Pao ham cta ham sé y=(x—2)vx*+1 biéu thuc c6 dang ax%bxm. Khi d6 ab.c
X +1
bang:
A. 2. B. 4. C. -6. D. -8.

Chon B.
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Cau 13:

Cau 14:

Cau 15:

2X 2x2 —=2x+1
y =X +1+(x-2). = :
( ) 20X +1 Jx? 41

Pao ham ciia ham sé y= "= bidu thirc ¢6 dang —2_ Khidé P=ab bing:

x?+1 JZ+1)°
A. P=1. B. P=-1. C.pP=2. D. P=-2.
Chon A.

1 (x=1). 2
, KHL(x )N/X2+1:x2+1—x2+x_ X+1

y'= _ X _
x*+1 \/(X2+1) \/(X2+1)

= P=ab=1.

Cho f(x)=(x_1)(x_2)x__.(x_2017) thi £(0)

A B. 2017!. c.-_L1_. D. —2017!.
2017! 2017!

Chon C.

Ta b f,(x):(x—l)(x—2)...(x—2017)—x[(x—l)(x—Zz...(x—2017)]'

[(x-1)(x=2)...(x-2017) ]
= 1/(0)= (-1)(-2)...(-2017) 1

[(-1)(-2)...(2017)  2017!"

. . 1+ X—[1—X . L2
Cho ham so6 f(x):w.f)ao ham f'(x) la biéu thirc nao sau day?
|1+x|+|1—x|
—i khix<-1x>1 3khix<—1x>1
A. X2 ’ ) B. { x? ' )
1 khi-1<x<1 1 khi-1<x<1
L Khix<-1x>1 _3 fhix<—1x>1
C. ix? ' ) D. X2 ' )
-1 khi—-1<x<1 2 khi-1<x<1
Chon A.
E khix<-1x>1
Lap bang dau ta dugc: f(x)=1x S
x khi-1<x<1

-V6i x<-1hoac x>1= f'(x):—iz.
X
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- Voi -1<x<1= f'(x)=1.

Taco lim f(x)= lim f(x)=-1 nénham sé lién tuc tai x=-1.

X——1" x——1"

Xét lim Mz—l, lim M:l nén ham sb khong c6 dao ham tai
X1 X+1 x—>-1" X+1

Xx=-1.
Bing cach twong tu ta ciing chi ra duwoc ham sé khong c6 dao ham tai x=1.
L fhix<-1x>1
Vay f(x)=1x ’ :
X khi-1<x<1
Cau 16: Cho ham so y =sin(cos” x).cos(sin® x). Dao ham y’=a.sin2x.cos(cos2x). Gié tri cua

a la sd nguyén thugc khoang nao sau day?

A. (0;2). B. (-15). C. (-32). D. (4,7).
Chon C
y' = —2sinx.cos x. cos(cos?x) .cos(sin’x) — 2 sin x. cos x.sin(cos?x).sin(sin’x)
= —sin(2x).cos(coszx — sinzx) = —sin(2x).cos(cos 2x)
=a=-1.

Cau 17: Cho ham sb y=\/%+%J%+% /%+%cosx V6i xe(0;7) ¢6 y' 1a bidu thic c6 dang

- X . , A =z . \ A
a.smg. Khi @6 a nhan gia tri nao sau day:

Al B. -1, c i p. -1,
4 4 8 8
Chon D.
.. \/1 1 \/ , X X
Taco: ,|=+=C0SX =,/C0S” — =C0S—
2 2 2 2
Lk Y . 2 X X , 1. x
Tuong tu ta co biéu thuc tiep theo: y= /cos gzcos§:>y =—§sm§
Cau 18: Pao ham cia ham sé y = J% (a 13 hing sb) Ia:
a‘—x
a’ a’ 2a’ a’

A —. B —. C.—. D, ——.
(az—xz)3 (a2+x2)3 (az—xz)3 (az—xz)3
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Hudéng dan giai

Chon D.
2
Jai—x* + ,
. a?-x* _ a
Y= a’—x? B ( 2 2)3
as—x

CAau 19: Cho ham sé y=+/2x—x? . Ménh d& nao sau day 1a ding ?

A. y.y"+1=0. B. y>.y"-1=0. C. 3y%y"+1=0.. D. 2y’.y"+3=0.
Chon A
Hudéng dan giai
Tacs: y=—X_ g1
2x=x* (2x-x)

Thay vao: y*.y"+1= (2x—x2)3.(_—1) +1=-1+1=0.

1/(Zx—xz)3

H) 3
SIN"X+C0S°X o 4 X A s
————— . M¢énh dé nao sau day dang ?

1—sin xcos x

A. 2y"+y=0. B. y"+y=0. C.y"-y=0. D. 2y"-3y=0.

Cau 20: Chohamsé y=

Huéng dan giai

(sinx+cos x)(sin” x+cos’ x—sinxcosx)
= Sin X +COS X

Taco: y= -
1-sin X cos x

= y'=c0sx—sinx,y" =—sin X—Cos x
=Yy"+y=0.
Cau 21: Cho f(x)=sin®x+cos®x va g(x)=3sin’x.cos’x. Tong f'(x)+g'(x) bang biéu thic

nao sau day?

A. 6(sin® X +c0s® X +Sin X.COS X) . B. 6(sin® x—cos® X —sin X.cos X) .
C.6. D.0.

Huéng dan giai

Chon D

f'(x)= 6sin° x.cos X + 6cos® X.(—sinx) = 6sin® x.cos x —6.0s° X.sin x

Ta co: 3 '3
9'(x)= (Z.sin2 ij = Esin 2X.2.C0S 2X
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Cau 22:

Cau 23:

Cau 24:

Suy ra:
f'(x)+g'(x)=6.sin x.cosx(sin2 X —C0S* x)(sin2 X + COS* x)+65in X.COS x.(cos2 X —sin’ x)
& —65sin x.cos x.(cos2 X —sin’ x)+65in X.COS x.(cos2 X —sin? x) =0

2

Cho ham s f (x)= X Tim £®(x):
—X+1
A. £ (x)=301(1-x) . B._ ™ (x)=301(1-x) .
C. £ (x)=-301(1-x)"™. D. £ (x)=-301(1-x)".
Hudéng dan giai
Chon B.
-1\" .a"n!
Véi g(x)=— (x:&—B,kGR,k;ﬁOj.Tacc’): g (kY At o b
(ax+b) a (ax+b) a
R . X2 1 N 30! 31
Ham s f(x)= =—(x+1 CNén £69(x)=—=2"_ =301(-—x+1)"".
Cho ham sé y =cosx. Khi d6 y®®(x) bang
A. —cosX. B. sinx. C. —sinx. D._cosx.

Huéng din giai

y'=—sinx= cos(x+%) ;Y =—cosx=cos(X+7x);

Du doan y™ (x) = cos(x + n77r) .

That vay:
DE thiy MP dung khi n=1. Gia st MP dung khi n=k(k=>1), tac 1a ta co

y%) (x) = cos(x + %)

(k +1)7z)-

Khi d6 y*?(x)=[y"“ (x)] =[cos(x + k77[)]':-sin(x + k77[)=sin(-x - k77[)=cos(x +

Vay MD dung khi n=k +1 nén nd dung véi moi n.

Do d6 y®@® (x) = cos(x+10087) = cos x

Chon D.

Cho ham sb y =cos? 2x . Gi4 tri cua biéu thuc y" +y"+16y’ +16y—8 la két qua nao sau

day?
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Cau 25:

Cau 26:

Cau 27:

A.0. B. 8.

C.@COSXZ%. D.@XIi%—I—kZﬂ',kEZ.

Hudéng dan giai
y'=-2c0s2x.2sin2x =-2sin4x, y"=-8cos4x, y" =32sin4x.

y" +y"+16y'+16y —8 = 32sin 4x —8¢0s 4x —32sin 4x +16cos’ 2x —8
=16c0s’ 2x—8c0s4x—8=0.

Chon A.

Cho ham s y= f(x):cos(Zx—%). Phuong trinh £ (x)=-8 ¢6 cac nghiém thuoc
doan {O;Z} la;
2

z. B. x=2,
3 = 2

A. x=0, x= C.x:O,x=£. D.x=0,x:£.

2 6
Hudéng dan giai
f'(X)=—28in[ZX—%J, f”(x):—4cos[2x—%j, f”’(x):8sin(2x—%],

£ (x) :16cos(2x—%j.

1 x=2 +kr
f(4)(x):—8<:>cos x-Llo—Z o 2 (keZ).
3 2 T
X=—€+k7l'

Vi XEI:O;%:| nén liy duoc x:%.

Chon B.
Cho ham so f (x) =+-5x +14x~9. Tap hop cac gid tri ciia x dé f'(x<0) la

) e(= eb) o)

Cho ham sd f (x)=x++/x*+1. Tap cc gia tri cia x dé 2x.f'(x)-f (x)=0 la:

B S SV

Huéng dan giai

1>
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Chon A.
f’(x):1+ X - f(x) :>2x.f’(x)—f(x)20<:>2x. f(x) —f(x)zo
I+l X+ X2 +1
>0
& 2x>X2 +1 (do f(x)>x+\/x2:x+|x|20)<:>{X , <:>x2i
3x°>1 3

Vay x{%;ﬂo]
Cau 28: Chohamsé f(x)=+/x*—x. Tap nghiém S cua bat phuong trinh f'(x)< f (x)la:

A._S=(—oo;0)u{2+2\/§;+oo]. B. S =(—o0;0) U (L+0).
C.s {—oo; Z_Zﬁ}u{zzﬁ;mj. D. S =(—w;¥}u[l;+oo)

Cau29: Cho cac ham sé f(x)=sin*x+cos*x, g(x)=sin®x+cos’x. Tinh biéu thuc
3f'(x)—29"(x)+2
A. 0. B. 2. C. 1. D. 3

Cau 30: Cho hamsé y = f (x) ¢6 dd thi (C) nhu hinh v&. Tinh A= f'(1)— f'(2)— f'(3)

©f |

o\ 73

A. A=6 B. A=—6 C. A=0 D. A=-12

3
Cau 31: Cho ham sb f(x):mTX—mx2+(3m—1)x+1. Tap cac gid tri cua tham sb m d& y' <0

vai vxeRla:
A (=2 ]. B. (—;2]. C. (~0;0]. D. (—0;0).
Léi gidi

Chon C.
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Cau 32:

Cau 33:

Cau 34:

y' =mx*—2mx+3m-1
y' <0< mx® —2mx+3m-1<0 (1)
+V6i m=0 thi (1) tré thanh —1<0 nén dung véi VxeR.

a<0 {m<0

= &Sm<0
A'<0 1-2m=>0

+ V&i m#0 khi d6 (1) dang voi VXER@{

Vay m<0

Cho ham s6 y=(m-1)x*-3(m+2)x*-6(m+2)x+1. Tap gia tri cia m dé y'>0
vxeR la

A. [3+). B. [L+x). C. . D. [4\/§;+oo).
Chon C.

y'=3[(m-1)x*-2(m+2)x-2(m+2)].

y'>0< (m-1)x*-2(m+2)x-2(m+2)>0 (1)

Véi m=1thi (1)< -6x-6>0< x<-1=m=1 (loai).

< m vO nghiém.

i a>0 m>1
Véi m=1=(1) dung VXER@{ g {

A<0 7 |(m+2)3m<0
Cho ham sé f(x)=sin?x+sin2x. Tim gia tri I6n nhit M va gia trj nhd nhat m cua
f'(x) trén R.

A m=-2,M=y2.B. m=-1, M=1. C.m=-2, M=2. D. m=-/5,
M =+/5.

Chon D.

f’(x):25in X.COS X + 2 C0S 2X = Sin 2X + 2¢0S 2X

bat t =sin2x+2cos X.
Diéu kién phuong trinh c¢6 nghiém la: 12 + 22 > t? & —/5 < t < /5.

Vay M =5,m=—-5.

cos® x

Cho ham sé f (x)=2 +sin® x—2cos x —3sin x . Biéu dién nghiém cua phuong trinh
g p g

lugng gidc f'(x) trén dudng tron ta dwgc may diém phan biét?
A. 1 diém. B. 2 diém. C. 4 diém. D. 6 diém.
Chon B.
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f'(x) = 2sin® x—3cos’ x

f'(x):0<:>tan3x:g<:>tanx=iE.

Viy c6 hai diém biéu dién nghiém trén dudng tron lugng giac.
Cau 35: Ding thirc ndo sau diy dung?

A. Cl+2C2+3C>+...+nC" =n.2" ,neN.

B. C;+2C+3C}+...+nC) =(n+1).2",neN.

C. C,+2C?+3C}+...+nC; =(n-1).2"",ne N.

D. C,+2C+3C+...+nC} =(n+1).2"",ne N.

Chon A

Hudéng dan giai

Cach 1: Xét f(x)=(1+x)" =CJ+Cix'+...+4C/x""+C'x"VxeR

f'(x)=n(1+x)"" =Cl+2xC2 +...+(n-1)x"2CI ™+ nx"*C!

f¥=cl+2C+...+(n-1)CI " +nCl =n.2"",

Cach 2: Sir dung MTCT

-Chon voi n=1: C; =2° =1 (dung)

-Chon véi n=2:C; +2C? =2.2=4 (dung)

Tir viéc thir dap an ta duoc két qua
Cau 36: Tinhtong véi ne N,n>2:
$=12C2+23C>+..+(n-2).(n-1).C" " +(n-1.nC"
A. (n-1).(n-2).2"%. B. n(n-1).2"". C. n(n-1.2"", D. (n-1).(n-2).2".
Chon B
Huéng din giai
Cach 1: Xét ham s6 f (x) =1+ x)" =C° +CIx* + C2x? +...+CM X" +C"x"
Suy ra:

f'(x)=n(1+x)"" =CL+2xC2 +...+(n-1)x"2CI ™+ nx"*C!

£(x)=(n-2)n.(1+x)""
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=1.2C2 +2.3xC> +..+(n=2).(n-)x">.C'* +(n-1).nx">C"
f"(1)=1.2C;+2.3C  +...+(n-2).(n-1).C;* +(n-1).nC) =n(n-1)2"2.
Cach 2: Sir dung MTCT ta thtr véi mot vai gia tri n> 2.
-V6i n=2 = S$=12C=212"=2 (dung)

V6i n=3 = $=12C2+2.3C}=3.2.2=12 (ding)

So sanh, ddi chiéu cac dap an ta duoc két qua.
Cau 37: Tinhtong S =C°+2C*+3C? +...+(n+1)C" bang
A. n2"t, B. (n+1).2"". C. (n+2).2"". D. (n+1).2".
Chon C
Hudéng dan giai
Cach 1: Taco: (1+x)"=C2+Cx' +C*%* +...+CI™'x"* +C'x" VxeR
Nhan 2 vé vai x ta dugc: x(1+x)" =xCl+x2.Cl +X*C2 +...+x"CI ™ +x"™.C"
Lay dao ham 2 vé ta duoc : (1+x)" +nx(1+x)"* =C% +2xC! +3x2.C +...+ (N +1)x".C"
Thay x=1 ta dugc: S=C’+2C. +3C> +...+(n+1)C" =2"+n.2"* =(n+2).2" ™",
Cach 2: Str dung MTCT (ban doc tu thir lai)

, 1 99 1 100 1 198 1 199
Cau 38: Tinh téng: S=100.C1°00(§j _101.%(5) +...+199.cfoo(§j +zoo.c;gg(§j

A. 10. B.0. C. 1. D. 100.
Chon B.

Huwong ddn gidi

Xet f(x)= (x2 + x)100 =x(1+ x)100

(OB + Clyicr Gl + G

= 0, X 4 Gl X+ C2X% 4+ L™

= £(x)=100(2x+1).(x* +x)"

=100x% -Cl%o +101x*° 'CIlOO —I—fl.OZXlOl.Clz00 +..+ ZOOXlggcllg(()J

i 1 1 99 1 100 1 199
Lay x= -3 ta duoc: 0= —100(5] Clo +101(§] Clop—— 200(§j Ci < S=0
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Cau 39:

Cau 40:

PHUONG TRINH TIEP TUYEN
Biét tiép tuyén (d) cona ham sb y=x*-2x+2 vudng goc véi duong phan giac goc

phan tu thir nhat. Phuong trinh (d) la:

A. y=—x+i+w,y:—x+i+18+5\/§.
J3 9 J3 9

B. y=x,y=x+4.

1 ,18-53 1 18453

C. y=—X+—7=+
L.y Ne 9 y 7 9

D. y=x-2,y=x+4.

Hudéng dan giai

Tap xac dinh: D=R.

y' =3x"-2,

Puong phan giac goc phan tu thir nhit c6 phuong trinh A:x=y.

= (d) c6 he sé goc la -1.

1
(X )=-1l3x-2=-1x =+—.
y( 0) 0 0 \/§
Phuong trinh tiép tuyén can tim 1a
(d): y:—x+i+w, y:—x—i+18+5\/§.
J3 9 J3 9

Chon C.

Cho ham so6 y=§—+1 (C) . C6 bao nhiéu cip diém A, B thudc (C) ma tiép tuyén tai

do6 song song vai nhau:

A 0. B.2. C. 1. D. V6 sb.
Huéng din giai
-2
Taco: y'= :
T

Y 1 ..
Do thi ham so y=X—+1 c6 tam doi xirng 1(L;1).

Lay diém tiy y A(X:Yo)e(C).

Goi B 1a diém ddi xang véi A qua | suyra B(2—%,;2-Y,)<(C). Ta co:
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o iy . . iR X . -2
Hé so goc cua tiép tuyen tai diem A la: ky =y (x0)=( 1)2 .
Xy —
A K a ek £ Y R , -2
Hé s6 gdc cua tiép tuyen tai diém B 1a: kg =y' (2—x,) = a )2 :

Ta thay k, =kg nén co vo sb cap diém A, B thuoc (C) ma tiép tuyén tai d6 song song

véi nhau.

Chon D.

Cau 41:

Cau 42:

Cho ham sé y=%x3—3x2+x+1 c6 d6 thi (C). Trong cac tiép tuyén véi do thi (C),
hay tim phuong trinh tiép tuyén c6 hé sé goc nho nhit.

A. y=-8x-19. B. y=x-19. C._.y=-8x+10. D. y=-x+19.

Cho ham s6 y=x*-2x*+2x c6 d6 thi (C). Goi x,,X, la hoanh d6 cac diém M, N
trén (C), ma tai do tiép tuyén cua (C) vudng goc véi duong thang y =—x+2017 . Khi
do x, +x, bang:

A.ﬂ. ._4
—-3

o
|
O
Wl
O
AR

Hudéng dan giai

Cau 43:

Cau 44:

Taco: y'=3x"—4x+2.

Tiép tuyén tai M, Ncua (C) vubng gdc véi duong thang y=-x+2017 . Hoanh d¢
X, X, Cuacacdiém M, N langhiém cua phuong trinh 3x* —4x+1=0.

Suy ra X +X, :g.

Chon A.

Cho d6 thi ham sb (C):y=x*-4x*+2017 va duong thangd :y:%x+1. C6 bao nhiéu

tiép tuyén cua (C) vubng goc véi dudng thang d?
A. 2 tiép tuyén. B. 1 tiép tuyén.
C. Khéng c6 tiép tuyén nao. D._3 tiép tuyén.

A A . 5 Y A 1 r + A = A A . I <\ r.: 4
Trén d6 thi caa ham so y=—1 c6 diem M sao cho tiép tuyen tai d6 cung véi cac

truc toa do tao thanh mot tam giac c6 dién tich bang 2. Toa do M Ia:
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A. (2:1). B, (4%} c. (—%;—éj.

Hudéng dan giai

Cau 45:

Cau 46:

Taco: y'=- Ly diém M (%;¥s)€(C).

1
(x-1)°

Phuong trinh tiép tuyén tai diem M la; y=— = X=Xy )+

Giao véi truc hoanh: (4)NOx=A(2x,-1;0).

Giao vai truc tung: (A)ﬂOyzB[o; 2X, —12J
(%-1)

2
1 2Xx,—1 3 3

S =—0OAOB < 4=| =20 X =—.Vay M| =:—4|.

0AB <5 (Xo—lj 07, Vay (4 j

Chon D.
Tiép tuyén cua parabol y =4—x? tai diém (1;3) tao véi hai truc toa d6 mot tam giac
vuong. Dién tich cua tam giac vudng do la:

A. é B.
2

25
- 4 .

AloO
O
N | ol

D.

Huéng dan giai
+y=-2x=y1=-2.
+PTTT tai diém c6 toa d6 (;3) 1a: y=—2(x-1)+3< y=-2x+5 (d).
+ Ta cd (d) giao Ox tai A(g;oj, giao Oy tai B(0;5) khi d6 (d) tao vdi hai truc toa
do tam giac vudng OAB vudng tai O.

. , ., N R 1 1 2
Dién tich tam giac vudng OAB la: S =-0AO0B :—.55:—5.

2 2 2 4

Chon D.

Cho db thi ham sé (C):y=21; diém M c6 hoanh do x, =2—+3thudc (C). Biét tiép
X

tuyén cua (C) tai M lan luot cit Ox, Oy tai A,. B. Tinh dién tich tam gi4c OAB .
A. S, =1. B. S, = 4. C. Sy =2. D. S, = 2++/3.
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Cau 47:

Cau 48:

~ X*+3x+3

, tiép tuyén tai M cét (C) tai hai
X+2

Biét véi mot diém M tdy y thude (C):y

diém ABtao véi 1(~2;-1) mot tam gidc c6 dién tich khong doi, dién tich tam gidc d6

1a?
A. 2(dvdt). B. 4(dvdt). C. 5(dvdt). D. 7(dvdt).
Hudéng dan giai
Chon A
2
:w:xjthi.Tacé: y'=1- ! =
X+2 X+2 (x+2)
Goi M (Xy;Y,)e(C)= Y, =X, +1+ ! (*)
' Xo +2
Tiep tuyen véi (C) tai M la A:y=|1- X—X, )+ X, +1+
p tuy (C) te y (XO+2)2_( o) 0 X, +2
Néu Anx=-2 tai diém A, thi y, = A2 j
X, +2 Xy +2

Néu A cét tiém can xién tai diém B thi

{1—(;}(& — X )+ X +1+ =X +1 X5 =2X, +2 = Y =Xz +1=2X%,+3

X, +2)2 X, +2
= B(2x, +2;2x, +3)
Néu 1 Ia giao hai tiém can, thi 1 c6 toa do 1(-2;-1).

Goi H la hinh chiéu vudng goc cua B trén tiém can dirng x=—2 suy ra H(-2;2x, +3)

cnor > 1 1 1
Dién tich tam giac AIB:S :EAI.BH =§|YA—Y||-|XB—XH|=§—XOX12+J-‘|2X0+2+2|
Hay S:EL.2|X +2|=2 (dvdt)
2|, +2] 7

Chung to S 1a mot hang s6, khong phu thudc vao vi tri cua diém M .
Cho ham s6 y=-x*+3x+2 ¢6 d6 thi 1a (C). Tim nhitng diém trén truc hoanh sao cho
tir 46 ké duoc ba tiép tuyén dén do thi ham s va trong d6 co hai tiép tuyén vubng goc

véi nhau.

A. M(_i;oj_ B. M(—E;Oj. C. M(—g;oj. D. M(—E;Oj.
27 =" 7 7 21
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Huéng din giai
Chon B
Xét diém M (m;0) e Ox.
Céch 1: Buong thang d di qua M, hé s6 goc k ¢ phuong trinh: y =k(x—m).

—x*+3x+2=k(x-m)

co nghiém x
-3x*+3=k

d latiép tuyén cia (C) < hé {

Thé k vao phuong trinh tht nhat, ta dwoc:

3(x* =) (x—m)—(x*-3x-2) =0

& (X+1)(3X* =30+ m)x+3m) — (X +D)(x* —x—2) =0

< (x+D[2x* —(3m+2)x+3m+2] =0 (1)

< x=-1 hoac 2x* - (3m+2)x+3m+2=0 (2)

Détr M ké duoc ba tiép tuyén thi (1) phai cd nghiém x, dong thoi phai co 3 gia tri k
khac nhau, khi d6 (2)phai c6 hai nghiém phan biét khac -1, dong thoi phai cé 2 gia
tri k khac nhau va khac 0

(2) phai c6 hai nghiém phan biét khac -1 khi va chi khi:

A=Bm+2)(3m-6)>0 m<—g,m>2
=N 3 (3)
3m+3=0
m=-1

Vi diéu kién (3), goi x,x, 1a hai nghiém cta (2), khi d6 hé sb goc cta ba tiép tuyén
la k, =-3x"+3, k, =-3x% +3, k, =0.
Dé hai trong ba tiép tuyén nay vudng goc véi nhau k .k, =-1 va k, =k,
k .k, =-1< 9% —D(x5 —1) =-1< 9% —9(X, +X,)* +18x X, +10 =0 (i)

Mat khac theo Binh li Viet x, +x, = 3m2+ 2; XX, = 3m2+ 2 .

Do d6 (i) < 9(3m+2)+10=0< m= —% thoa diéu kién (3), kiém tra lai ta thay k, =k,

Vvay, M (—%;Oj la diém cén tim.

Cach 2: Goi N(x;y,)e(C). Tiép tuyén A cua (C)tai N co6 phuong trinh:

y=(—3x§+3)(x—x0)+y0.
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Cau 49:

A diqua M < 0=(-3x; +3)(M=x,)+Y,

< 3(X) —D (% +1) (% —m) = (%, +1)*(x, —2) =0

X, =—1

& (% +D| 2% —=Bm+2)%x, +3m+2 =0 =
O + D[ 26~ A } {2x§—(3m+2)x0+3m+2=0 (a)
Tir M V& duge dén (C) ba tiép tuyén < (a) c6 hai nghiém phén biét khac -1, va c6

hai gia tri k =—3x2 +3khéc nhau va khac 0 diéu d6 xay ra khi va chi khi:

{A:(3m+2)2_8(3m+2)>O<:>{(3m+2)(3m—6)>0 - m=-1 (b)

2+2(Bm+2) =0 3m+3=0 m<—§,m>2
Vi tiép tuyén tai diém c6 hoanh d6 x=-1 cd hé sé goc bang 0 nén yéu ciu bai toan
< (-3p® +3)(-39° +3)=—1(trong d6 p,q la hai nghiém cua phuong trinh (a))
< 9p°q* -9(p*+9°)+10=0 < 9p°q° -9(p+q)* +18pq+10=0

2 2
- 9Bm+2)" 9(3m4+ 2)

+9(3m+2)+10=0<:>m:—§.vay M —§;O .
4 27 27

2x-1

Chohamsé y= c6 dd thi 1a (C). Lap phuong trinh tiép tuyén cua do thi (C) sao

cho tiép tuyén nay cat cac truc Ox, Oy lan luot tai cac diém A, B thoa mdn OA =40B.

4" 4 4" 4 4" 4 4" 4
A. . . . C. . D. .
4" 4 4" 4 4" 4 4" 4

Huwoéng dan giai

Chon A

Gia st tiép tuyén (d) cta (C) tai M(x,;y,) €(C) cit Ox tai A, Oy tai B sao cho
OA=40B.

Do AOAB vudng tai O nén tan A:%= = Hé sb goc cua (d) biang %

Nl

hoac —1.
4

11

1
> <0=- 5=
(Xo _1) (Xo _1) 4

Hé s6 goc cua (d) 1a y'(x,)=—



<~z

HavaMATH

3
:—1 = —
(YO 2)
=

5
Xo:3 (yozzj

3 1
) ) y=—-(X+1)+—=
Khi d6 co 2 tiép tuyén thoa man Ia; 4 A
__E(X 3)+ 5 1,
4 2 4
Cau 50: Cho ham sé y=— —2x2+3x ¢co dd thi la A g% . C6 bao nhiéu gia tri
Ary=X Ay =3x
A: y=%x dé tiép tuyén cua | A: y=%x+1 tai giao diém cua nd Véi truc
A:y:—§x+i A:y=—§x+%
L 9 81 L 9 81

tung tao véi hai truc toa do mot tam giac cé dién tich bing 8.

A 1. B. 2. C. 3. D..4.

Hudéng dan giai

Chon D
Ay =3X

Tacd |A:y :% 1a giao diém cua (C,) véitryctung y'=3x*-m=y'(0)=-m
pry—-3x. 128
L 9 81

Phuong trinh tiép tuyén véi (C,) tai diém m 12 y =—mx+1-m

Goi A, B lan luot 1a giao diém cua tiép tuyén nay vaéi truc hoanh va truc tung, ta c6 toa
o A(l_Tm;Oj va B(0;1—m)

Néu m =0 thi tiép tuyén song song véi Ox nén loai kha niang nay

Néu m=0 tacod

2
1—m|=8<:>&=16<:> m=9+4/5

m| m=-7+43

Son =8©%OA.OB =8@1‘1_—m‘|

Vay c6 4 gia trj can tim.



HavaMkTH
Cau 51: Cho ham sb y=2XX—+11.T‘|m gia tri nho nhat cia m sao cho ton tai it nhat mot diém M
e (C) matiép tuyén ctia (C) tai M tao véi hai truc toa do mot tam giac c6 trong tam

nam trén dudng thang d :y=2m-1.

AL B, Y3 c. V2. D. 2.
3 3 3 3
Hudéng dan giai
Chon A
Goi M (%,:y,) € (C) . Phuong trinh tiép tuyén tai M : y = ﬁ (X=%)+ Y,
X0 J—
Goi A, B la giao diém cua tiép tuyén véi truc hoanh va truc tung
Sy - 2X2 +4x%, -1
° (Zxo _1)2

Tir d6 trong tdm G cua AOAB cO: y:3x-%.

2 —
Vi Ged nen 2ot o
3(2x, -1)
2 _ 2 LY 2
Mit khéc: 2%, +4X, : 1= 6X; —(2X, 21) _ 6X, _1>1
26-17  (@%-1°  (2%-D
Do dé d& tn tai it nhit mot didm M thoa bai toan thi 2m -1 —% ems % .

Vay GTNN cia m 12 %
CAau 52: Cho ham s6 y=133x+508; y =8x+8; y=5x—4., c¢6 do thi 1a (C). C6 bao nhiéu diém
(C) thuoc (C) sao cho tiép tuyén tai (A) cia (C) cit (A) Oy ftai

—24=(3x§—4x0+1)(—4—x0)+x§—2x§+x0+4 B sao cho dién tich tam giac x,=-1

bang % X, =—6 1a gdc toa do.

Al B.2 C.3 D.4

Huéng din giai
Chon B
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Caubs3: y

_ 2X : 2
Gol M(xo;yo)e(C):>y0=X fljyoz(x +1)2
0 0

Phuong trinh tiép tuyén x,=-1 cta (C) tai x,=2 la: y=5x-4.

2_
Tiép tuyén y=133x+508; y =8x+8; y =5x—4. cit hai truc toa do y:L);+1 tai hai

diem phan biét A(-x:;0),
y=5 sao cho dién tich tam gia&c AOBcd dién tich bang y=4 khi d6

2
E.OAOB:EQOAOB:EQxg.z—xozzlc:wxg—(xo +1)" =0
2 4 27 " (X +1) 2

<~

1 1
22 +%,+1=0 XO=—E:>M(—E;—2)
2%5 =%, —1=0 '

X, =1=M(11)

X2 +2mx+2m? -1
x-1

(C,,)cat truc hoanh tai hai diém phén biét va céc tiép tuyén voi
(C,) tai hai diém nay vudng goc véi nhau.

A.m=

. B. m=_1. C.ng,mz—l. D. m=0.

wIlN

Huéng dan giai
Chon A
Ham s6 da cho x4c dinh trén R\{1} .

Xét phuong trinh hoanh d¢ giao diém ctia (C,,) va truc hoanh:

X2 +2mx +2m? -1
x—1

=0 X2 +2mx+2m*-1=0, (x=1) (1)

D¢ (C,) cit truc hoanh tai hai diém phan biét A B thi phuong trinh (1) phai c6 hai

, R , . X . |A'=mP-2m’+1>0
nghiém phan biét khac 1. Tac la ta phai co: T hay
1+2m+2m? -1#0

{(1—m)(1+ m)>0 e {—1< m<1 2).

2m(m+1) =0 m =0
Goi x;x, la hai nghiém cua (1). Theo dinh ly Vi — ét, ta cd: x +x, =-2m,

XX, =2m* -1
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Céau 54:

Gia str 1(x,;0) 1a giao diém cua (C, ) va truc hoanh. Tiép tuyén cua (C,) tai diém |

(2%, +2m) (%, 1) = (X +2mx, +2m’ -1) 2%, +2m
(% —1)2 X —1

c6 hé s6 goc y'(x,) =

_ 2% +2m

Nhu vay, tiép tuyén tai AB lan lugt c6 hé sb goc la y'(x) .
X1_

o\ 2% +2m
()= X, -1 °

Tiép tuyén tai AB wvudng goc nhau khi va chi khi y'(x)y'(x,)=-1 hay

2% +2m [ 2%, +2m =-15%.X, +(4m-1)(x +%,)+4m*+1=0 tic 3m’+m-2=0
X —1 X, —1
o 2 K- e Y . A . 7 2 N ~
< m=-1 hoac ng. Dol chiéu dieu kién chi c6 m =3 théa man.

x> —2mx +m
X+m

Cho ham sé y= . Gid tri m dé dd thi ham sb cat truc Ox tai hai diém va

tiép tuyén cua do thi tai hai diém d6 vuong goc la

A. 3. B. 4. C.5. D.7.
Hudéng dan giai
Chon C
2 f—
Phuong trinh hoanh d6 giao diém cua dd thi ham sb (C):yzw va truc
X+

hoanh:

X2 — 2MX +m _OQ{XZ—ZmXer:O (*)

X+m X #—m

2 — 4 2 .
Do thi ham s yzxzﬂ cat truc Ox tai hai diém phan biét < phuong trinh
X+m
m<0vm>1
L L , A'=m*-m>0
(*) c6 hai nghiém phan biét khac -m < = 1
3m*+m=0 m # ~3

Goi M (X,;Y,) la giao diém cua dd thi (C) véi truc hoanh thi y, =x2 —2mx, +m=0 va
hé s6 goc cua tiép tuyén véi (C) tai M 1a:

(2% —2m) (%, =1)= (% —2mx, +m) 2 —2m

k=y = )
y(%) (xo+m)2 X, + M
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Vay h¢ s6 goc ctia hai tiép tuyén véi (C) tai hai giao diém véi truc hoanh Ia

_2x-2m = 2X,—2m

K, , K, .
X, +m X, + M

Hai tiép tuyén nay vudng goc <k k, =-1 < [2)(1 —2m][2x2 _Zm) =—1
X, +m X, +Mm

<:>4[x1x2—m(x1+x2)+m2]:—[x1x2+m(x1+x2)+m2] (**).

m=0
, do d6 (**)<:>m2—5m:0<:{ .Nhan m=5.

., XX =m
Ta lai co {X“
X, +X, =2m

Cau 55: Phuong trinh tiép tuyén cta (C): y = x* biét né di qua diem M (2; 0) la:
A. y=27x+54. B. y=27x-9; y=27x-2.
C. y=27x+27. D.y=0;y=27x-54.
Hudéng dan giai
Chon D
+y'=3x",
+ Goi A(x,;Y,) latiép diém. PTTT cua (C) tai A(x,;Y,) la:
y=3% (X—=%)+x5  (d).
+ Vi tiép tuyén (d) di qua M (2;0) nén ta c6 phuong trinh:

X, =0
3x§(2—x0)+x§:0<:>[)(0:3.
+ Véi x, =0thay vao (d) tacd tiép tuyén y=0.

+ V6i x, =3 thay vao (d) ta cé tiép tuyén y = 27x—54.
2
Cau 56: Cho ham sb f(x)=%—x+1, c6 db thi (C). Tir diém M (2;-1) ké dén (C) hai tiép
tuyén phan biét. Hai tiép tuyén nay c6 phuong trinh:
A._y=-x+lva y=x-3. B. y=2x-5va y=-2x+3.
C.y=-x-1va y=-x+3. D. y=x+lva y=-x-3.
Huéng din giai
Chon A

2

Goi N(x,;Y,) latiép diém; yo=%—x0+1; f’(xo):%—l
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2
Phuong trinh tiép tuyén tai N Ia: y:(%—lj(x—xo)Jr)%—xOH

2 2

Ma tiép tuyén di qua M (2;-1) :-1:(%-1}(2—&,%’%—% +1@—%+ X, =0

{xo =0;y, =1 f'(0)=-1
X =4;y,=1 f'(4)=1
Phuong trinh tiép tuyén : y=—x+1va y=x-3.
Cau 57: Tiép tuyén cua parabol y=4—x? tai diém (;3) tao véi hai truc toa do mot tam giac
vuong. Dién tich cua tam giac vudng do la:
25 5

A —. B

5 25
2 4 '

D.—
— 4

Q)
N o

Hudéng dan giai

Chon D

+ty=-2x=y@Q=-2.

+PTTT tai diém c6 toa d6 (L3) 1a: y=-2(x-1)+3< y=-2x+5 (d).

+ Taco (d) giao Ox tai A(g;oj, giao Oy tai B(0;5) khi d6 (d) tao vdi hai truc toa

d¢ tam giac vuong OAB vuodng tai O.

Dién tich tam giac vudng OAB la: S =EOA.OB =1.§.5:§.
2 2 2 4
Cau 58: Cho hai ham s6 f(x):i va g(x):x—z.
Xv'2 J2

Goi d,,d, lan lugt 1a tiép tuyén cua mdi do thi ham so f (x),g(x) da cho tai giao diem
cua ching. Hoi gdc gitra hai tiép tuyén trén bing bao nhiéu

A. 60°. B. 45°. C. 30°. D..90°.

2X+2

Cau 59: Cho ham s6 y= c6 do thi la (C). Viét phuong trinh tiép tuyén cua (C), biét

tiép tuyén tao voi hai truc toa d6 mot tam giac vudng can.

A Ay=—x+T7;A:y=—x-1. B. Aiy=-2x+7;A:y=—x-11.
C.Aiy=—x+78;A:y=—x-11. D. A:y=—x+9;A:y=—x-1.
Huéng dan giai

Chon A
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Ham sb xac dinh véi moi x #1.

Taco: y'= T

Tiém can dung: x=1; tiém can ngang: y = 2; tim ddi xtng 1(1;2)
Goi M(x,;Y,) la tiép diém, suy ra phuong trinh tiép tuyén cua (C):

—4 2%, +2
2 (X_XO)+ '
(% -1 X, —1

Ay=

Vi tiép tuyén tao véi hai truc toa d6 mot tam giac vudng can nén hé sé goc cua tiép

tuyén bang +1.

*X=3=2Y,=4=>Ay=—X+T7.
Cau 60: Cho ham s6 y=-x-1 ¢6 do thi (C). Viét phuong trinh tiép tuyén cta (C), biét tiép
tuyén tao véi hai truc toa d6 mot tam giac co dién tich bang x, .
A (A);y =Y (%)(x=%)+ y(xo):(Bx; —6x0—9)(x—x0)+x; —3x¢ —9x, +11.
B. (A);1 [2_39;184}

C.184=(3x§ —6X, —9)(2—;—x0j+ X, —3%2 —9x, +11;

< 2%3 —32x2 +58X, +260=0 < X, =13.

D._ X, =5;X%=-2..

Huéng din giai

Chon D

Ham sb xac dinh véi moi x = -2.

Tacd: y=420x—-3876

Goi M(x,;Y,) € (C). Tiép tuyén y=36x-164 ctia (C) tai M ¢ phuong trinh

4 2X, 4 2x?
=T (X=%p) + = 7 X+ 2
(% +2) X +2 (X +2) (%, +2)

y

Goi A,B lan luot 1a giao diém cua tiép tuyén y=15x+39 vdi Ox,Oy
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y=0
. 2 1 2 1 2.
Suyra Ay 4 2x2 X=—=% = A(—=%;0)
> X+ >=0< 2 2
(X, +2) (X, +2) y=0
x=0 oy
B: 2x2 :B[O;( XOZ)ZJ
= X, +
T o2y :
Vi ABxO=x,#0.
Tam giac AOB vudng tai O nén S —EOAOB—l %
g g 3 AAOB 2 " 2(X0+2)2
SUY A Sy = Lo X g 9xt = (x, 4 2)°
y AAOB 18 (X0+2)2 0 0
2 X, =1
3Xg + X, +2=0 (vn) 0 )
3x2—X,—2=0 x0=—§'

2 4 4 2
*x, =1=vy,=—, y'(X,)=—. Phuong trinh A:y=—x+—
0 Yo=73 y'(%) 5 g y=9%*g

2 9 9 2 9 1
* X =—— =-1 y'(x,) == Phuong trinh A:y==(X+=)-1==x+-.
0 =73 Y y'(%) 2 ng trin y 4( 3) 255

X+1

Cau 61: Cho ham sé y=""1 (C). C6 bao nhiéu cip diém A, B thudc (C) ma tiép tuyén tai

X —
do song song vai nhau:

A. 0. B. 2. C. 1. D..V0 so.
Huéng dan giai

Chon D

Tach: y'=

5

(x=1)
Do thi ham s6 yzi—j c6 tim doi xtng 1(L1).
Lay diém thy ¥ A(%y;¥,)<(C).
Goi B la diém d6i xting voi A qua | suy ra B(2-x,;2-y,)<(C). Taco:

2
(%o _1)2

Hé s6 goc cia tiép tuyén tai diem A 1a: k, = y'(x,) =
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Cau 62:

Cau 63:

_ 2
(l—xo)zl

Ta thay k, =k, nén co vo s6 cip diem A, B thudc (C) ma tiep tuyén tai do song song

Hé s6 goc cia tiép tuyén tai diem B 1a: ky = y'(2-x%) =

véi nhau.
Trén d6 thi cha ham sé y = xil c6 diém M sao cho tiép tuyén tai d6 cing véi cac truc
toa d6 tao thanh mot tam giac c6 dién tich biang 2. Toa do M 1a:
A. (21). B. (41) C. —E,—ﬂ D. §;—4).
3 4 7 4
Hudéng dan giai
Chon D

Ta co: y'=—%. Ly diem M (x,;y,)e(C).

(x-1)

Phuong trinh tiép tuyén tai diém M 1a; y=— 11)2.(x—x0)+ :
_ X, —

(4).

Giao voi truc hoanh: (A)NOx=A(2x,-1,0).

Giao vdi truc tung: (A)nOy=B [ 2%~ J

1 2%, -1 3 3
Sons ==OAOB < 4= X ==.Vay M| =;—4 |.
"2 (xo—lj VR (4 )

DPinh m dé 6 thi ham sy = x* —mx? +1 tiép xlc véi duong thing d 1y =5?
A.m=-3. B. m=3. C. m=-1. D. m=2.
Huéng din giai

Chon A

Puong thang y = x* —mx?+1 va dd thi ham sé y =5 tiép xic nhau

X*—mx*+1=5 (1) , .
{ @ c6 nghiém.

=
3x*-2mx=0 (2)

=0
.(2) ©x(Bx-2m)=0< 2m -
3

+ Véi x=0 thay vao (1) khong thoa man.
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Cau 64:

Cau 65:

Cau 66:

+ Vi x=2?m thay vao (1) tacéd: m*=-27 < m=-3.

Goi S la tap tat ca cé4c gia tri thuc cua m sao cho duong thang d :y=mx—m-3 cit d6
thi (C):y=2x>-3x*-2 tai ba diém phan biét A B, 1(1-3) matiép tuyén véi (C) tai A
va tai B vudng goc véi nhau. Tinh tong tat ca cac phan tir caa S.

A. 1. B. 1. C.2. D. 5.

Cho ham s6 y = x* —2018x ¢6 dd thi la (C). M, la diém trén (C) c6 hoanh

do x, =1. Tiép tuyén ctia (C) tai M, cét (C) tai diem M, khac M,, tiép tuyén cua
(C) tai M, cét (C) tai diém M, khac M,, tiép tuyén ciia (C) tai diém M, , cit (C)
tai diém M, khac M,, (n=4; 5,..), goi (x,;y,) la toa do diém M,. Tim n dé&
2018x, +Yy, +2°° =0.

A. n=647. B. n=675. C..n=674. D. n=627.

Hudéng dan giai

Chon C

Goi M, (XY )e(C) véi k=1 2;... Tiép tuyén tai M, : y=y'(x)(X=x)+Y,

& y=(3x] —2018)(x— X, )+ X; — 2018x,

Hoanh d¢ cua M, ,, nghiém dung phuong trinh:

x* —2018x = (3x; —2018)(x— X, ) + X; —2018x, & (x=x) (X" +xx -2x7)=0

- [x =X,
X =—=2X,
= X =—2%, VK (do x, =X, ).
Do do: X, =1; X,=-2; X, =4; ....; X, :(—2)”71.
Theo  d&  bai: 2018x, +y, +2%° =0 < 2018x, + X3 —2018x +27° =0
o (-2)"7 =(-2)"" =n=674.
Cho ham sé6 y=f(x) xidc dinh va c6 dao ham trén R théa man
[f(1+2x)] =x—[ f(1-x)]". Viét phuong trinh tiép tuyén cua do thi ham sé y = f (x)

tai diém c6 hoanh d6 bang 1.
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Cau 67:

1 6 1 8 1 8 6
A y=—=x——. B. y=="x——. C.y=—=x+-—. D. y=—x+-—.
2y 7 7 y 7 7 y 7 7 y 7

Hudéng dan giai

Chon A.

* Phan tich:

+ Phuong trinh tiép tuyén cua do thi ham sé y=f(x) tai diém c6 hoang do x, Ia:
y=1'(%).(x=%)+ f (% ). Do d6, mudn viét phuong trinh tiép tuyén cta do thi ham sb
tai diém c6 hoanh d x, ta phai tinh duoc f'(x,) va f(x,).

+ Trong gia thiét, chi cho duy nhat mot diéu kién vé ham f(x), vi vay chic chan phai
can clr vao gia thiét nay dé tinh £'(x,) va f(x,).

Hudéng dan giai

+Xeét [f@+20)] =x-[f@-x)] wxeR (1)

f(1)=0
f (1) =-1.

Trong (1) cho x=0 ta duoc [f(l)]3+[f(1)]2 :0@[
+Dao ham 2 vé cua (1) ta duoc:

2.+ 2x) . f'(L+2x%). F L+2x) =1-3.1- %) F'L-x).[ f 1- %]

= 4.1'(L+2x).f (1+2x) =1+3.f'1-x).[ FL-x)] (2)

Trong (2) cho x=0 s& dugc: 4.f'(1).f () =1+3.F'Q.[fO] (3).

Néu f(1)=0 thay vao (2) v0 Iy = f(1)=-1.

Thay f(1)=-1 vao (2) s& duoc f’(1)=—%.

+ Vay phuong trinh tiép tuyén can tim 1a: y = —%(x—l)—l hay y= —%x—g.

Chon. A.
Tim tit c4 cAc gia tri thuc ciia tham sb m sao cho ham sé y=x’-3x+1(C), duong
thang d:y=mx+m+3 giao nhau tai A(-13),B,C va tiép tuyén cua (C) tai Bva C

vuong goc nhau.
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Cau 68:

m:—3+2ﬁ m:—2+2J§
A. 3 B. 3

m:ﬂ mzﬂ

i 3 3

o _Ar22 _T5t2V2
C. 3{ D. 3[

m=—4—32 2 m=—5—32 2

Hudéng dan giai

Tacd: y'=3x"-3

Phuong trinh hoanh d¢ giao diém cua (C ) va (d):
X —(m+3)x-m-2=0< (x+1)(X’ ~x-m-2)=0

x=-1y=3
< x> —x-m-2=0(*)

Dé ham s6 (C) cét d tai 3 diém phan biét thi (*) ¢ 2 nghiém phan biét khac -1, nén:

{A >0 o m> _%
f(-1)=0 =0

Gia str x;%. 1a nghiém cua (*), hé s6 gdc cua tiép tuyén:

kg =3x2 -3k, =3x% -3

Theo gia thiét:

kg-ke =—1<>(3x5 —3)(3x2 —3)=-1< 9Im’ +18m+1=0

o3+ 22

3
f—
mzﬂ

o3+ 2.2
3
m:—s—szﬁ

Vay voi thoa ycbt.

Chon A.

4
Cho ham sé: y:%—sx2 +%(C) va diém M e (C)c6 hoanh d6 xm = a. V&i gia tri ndo

cua a thi tiép tiép tuyén cua (C) tai M cit (C) 2 diém phan biét khac M.
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Cau 69:

A |a|<x/§ B |a|<\/§ C a<+3 D |a|<\/7
a=+l a=l azxtl a-12
Hudéng dan giai
4
Piém Me (C), xu=a=>y,, =%—3a2 +g ta c6 Pt tiép tuyén vai (C) c6 dang

(A): y=y,, (X=Xy)+Yy VOi y, =2a°-6a

_ 3 a' 2 9
=> (A) y=(2a —6a)(x—a)+?—3a +§

Hoanh d6 giao diém cua (A) va (C) la nghiém cta phuong trinh

X 2.9 3 a' 2.5 2/,2 3
?—3x +E:(2a —6a)(x—a)+?—3a +§<:>(x—a) (x"+2ax+3a”-6)=0
X=a
=
g(x)=x*+2ax+3a*-6=0
Bai toan trd thanh tim a dé g(x)=0 cd 2 nghiém phan biét khéc a

- A'g(x):az—(3a2—6)>0c> a’-3<0 la| <+/3
g(a)=6a’-6=0 a’#1 az+*l

Chon A.
Cho ham sb y:%mx3+(m—1)x2+(4—3m)x+l c6 @6 thi la (C,), mla tham s6. Tim

c4c gid tri ciia m dé trén (C, ) c6 duy nhit mot diém co hoanh do &m ma tiép tuyén cua

(C,) tai diém d6 vudng goc véi duong thang d: x+2y =0.

m<0 m<0 1 m<-1
A. 2 B. C.0<m<= D. 5
m>§ m>l 3 m>§

Huéng dan giai:

y' =mx? +2(m-1)x+4—-3m. Tiép tuyén co6 hé sb goc bang 2
Tatim m:mx* +2(m—-1)x+4-3m=2 (*) c6 dung mot nghiém am
(*) & (x-1)(mx+3m-2)=0< x=1 hodc mx=2-3m

m=0: khong thoéa yéu cau

m=0, yéu cau bai toan xay ra khi 2—3m

<0 2 Chon C.
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Cau 70:

Cau 71:

Cho ham sé y=x*-12x+12 ¢6 d6 thi (C) va diém A(m;—4). Goi S la tap hop tat ca
cAc gia tri thuc cua m nguyén thuoc khoang (2;5) dé tir A ké dugc ba tiép tuyén véi
dd thi (C). Tong tat ca cac phan tir nguyén cia S bang
A 7. B. 9. C. 3. D. 4,
Hudéng dan giai
Chon A
Puong thang di qua A(m;—4) véi hé s6 goc k co phuong trinh y= k(x—m)—4 tiép
xtic véi d thi (C) khi va chi khi hé phuong trinh {X32_12X+12:k(x_m)_4(1) ¢6
3’ -12=k (2)

nghiém.
Thé (2) vao (1) ta dugc: x*—12x+12=(3x* —12)(x-m)-4,
& X3 -12x+12 =3x> —3mx* —12x+12m—4.
& 2x3 =3mx® +12m-16=0.
& (x-2)[ 2x* —(3m—4)x—(6m-8) |=0.

X=2
C{sz—(3m—4)x—(6m—8)=0(*) '

Dé tir A ké dugc ba tiép tuyen téi do thi (C)thi (*) c6 hai nghiém phan biét khac 2.

m<—4
A=(3m-4)(3m+12)>0
8—6M-+8—6m+80 3 3
m=2

Do d6 S ={3;4}.

Tong tat ca cac gia tri nguyén cua S 13 3+4=7.

Cho ham s6 f (x)=x*-6x>+9x+1 ¢c6 dd thi (C). C6 bao nhiéu tiép tuyén cia do thi
(C) tai diém thuéc dd thi (C)co tung d6 Ila nghiém phuong trinh
2f'(x)-x.f"(x)-6=0.

Al B. 4. C.3. D.2
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Cau 72: Chocachamsd y=f(x),y=f(x?),y= ff((;)) c6 d6 thi lan Iuot 1a (C,),(C,),(C,) . Hé s6

g6c cac tiép tuyén caa(C,),(C,),(C,) tai diém c6 hoanh do x, =1 lan luot 1a k,k,,k, théa

mank, +2k, =3k, #0. Tinh f(1).

A. f(1)=—%. B. f(1):—§. . 3 4
Hudéng dan giai

k, = f'(x,)=f'(Q)

k, = 2%, f '(%,2) = 2f ')

o[ 100 ) _ 1 00)F06) = F06) 2. (67) _~T@.F0 _~1'Q
e ) i i

(f0) (fw) O
Vivay: k, +2k, =3k, < f'(1)+4f =10 qy-_3
f () 5
Chon C.
A L ) f(X) ST S S A
Céu 73: Chocachamso y=f(x),y=9g(x),y= 7 Néu cac hé so6 gdc cua cac tiep tuyen cua
X
cac do thi cac ham s da cho tai diém c6 hoanh do x=0 bang nhau va khac 0 thi:
1 1 1 1
A f(0)<=. B. f(0)<-. C. f(0)>~. D. f(0)>-.
<3 <7 0)>7 027

Huéng dan giai:

Theo gia thiét ta co:

f'(0)g(0)-g'(0) f (0) ) { 1}2 1_1
f'(0)=g'(0)= f(0)=—0g°(0 0)=-|g(0)—= —<=
Chon B.
Cau 74: Cho ham sé y=f(x);y=g(x) duong c6 dao ham f(x);g'(x) trén R. Biét rang tiép
O A s AA H RAe oA _ 5 f(x)+1
tuyen tai diém c6 hoanh @6 x, =0 cta do thi ham so y=f(x);y=9g(x) va y= 900 11
c6 cung hé sé goc va khac 0. Ménh dé nao sau day diing?
3 3 3 3
A fO)<-—-. B. f(0)>—-. C. f(0)<-. D. f(0)>-.
(0) 2 (©) 2 (0) 2 ©) 2

Huéng dan giai
Chon A

Theo gia thiét ta co:
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Cau 75:

Cau 76:

F'0)[9(0)+1-g'OIf (O +1] _,

k=f'0)=g'(0)=
©)=90) O
Do do
_ k[9(0)+1]—K[f (0) +1] 2 B
= B0+ T =60~ 10
= £(0)=-9(O)F ~9(0)-1=~(3(0) + 2 7 <.

Cho ham sé y=x°—3x?+2x—1 ¢6 do thi (C). Hai diém A, B phan biét trén (C) c6
hoanh d¢ lan luot 12 a va b(a>b) va tiép tuyén cta (C) tai A, B song song véi nhau.
AB=2.Tinh S=2a+3b.
A. S=4. B. S=6. C.S="7. D. S=8.

Hudéng dan giai
Chon A
Diém ubn cua (C)la diém 1(L-1).

Vay A(a;a’—3a*+2a-1),B(2-a;(2—a)’-3(2-a)’+2(2—-a)-1).

a=0
Do AB =./4(a—1)? +4(a®-3a’ +2a)? =2|a—1||[1+a*(a—2)’ =2 < s
Dodéa=2b=0=S=4.
Chon A.
Cho ham s6 y=2x*—3x*+1 c6 d6 thi (C). Xét diém A thudc (C). Goi S la tap hop tat

ca cé4c gid tri thuc cua a sao cho tiép tuyén cua (C) tai A cat (C) tai diém thir hai B
(B = A) thoa man ab = -% trong d6 a, b 14n lugt 1a hoanh do cia Ava  B. Tinh téng

tat ca cac phan tir cia S.

A. S=4. B. S=6. C.S="7. D. S=8.
Huéng din giai

Chon A

Diém uén cua (C)la diém 1(1;-1).

Vay A(a;a’—3a*+2a-1),B(2—a;(2-a)’-3(2—-a)* +2(2—-a)-1).

a=0
Do AB =./4(a—1)? +4(a®—3a’ +2a)? =2|a—1||[1+a*(a—2)’ =2 & s

Doddéa=2,b=0=S=4.Chon A.
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Cau 77:

Cau 78:

Goi S la tap hop tit ca céc gia tri thuc cua tham sé6 m dé trén dd thi ham sé
y:—§x3+(m—1)x2+(3m—2)x—§ ton tai hai diém M, (x;y,),M,(X,;y,) c0 toa d6 thoa

man x,.x, >0sao cho tiép tuyén vai d6 thi ham sé do thi ham s6 tai hai diém d6 cung
vubng goc voi duong thang x—2y+1=0. Tim sb nguyén am I6n nhét thudc tap S.
A. -1. B. -3. C. 2. D. 4.

Hudéng dan giai
Chon D
Do ca hai tiép tuyén cung vudng goc véi duong thang x—2y+1=0nén x,x, la nghiém
cua phuong trinh y'=k =-2 < -2x* +2(m-1)x+3m=0(1) .

Yéu cau bai toan twong dwong véi (1) ¢6 hai nghiém phan biét xx, >0, tuc la

[ 2
A'=(m-1)*+23m>0 m<0 m<-2-3
= = .
P:3—r;>0 m?+4m+1>0 | -24.3<m<0
Véyme(—oo;—Z—ﬁ)u(—2+\/§;0).
Chon D.
Goi A 1a diém thudc do thi ham sé y:%x“—3x2+g (C) sao cho tiép tuyén cuaa (C) tai

A cit (C) tai hai diém phan biét B, C khac A sao cho AC =3AB (Vi B nam gitra A va
C). Tinh d6 dai doan thang OA.

p. Y47

A. OA=+2. B. .
V2 2 2

NTRR
O

Hudéng dan giai
Chon D

Tiép tuyén voi 46 thi (C) tai diém A c¢6 x,=acd dang

3 a' 2, 9
y=(2a’-6a)(x—a)+—-3a"+—.
2 2

Phuong trinh  hoanh d6 giao diém cua tiep tuyén va  (C):

NG 4

?—3x2+g=(2a3—6a)(x—a)+a?—3a2+g<:> X%+ 2ax+3a%~6=0.

Dé tiép tuyén c6 3 giao diém véi (C) thi (1) c6 2 nghiém phan biét khac a
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Céau 79:

@{—\/5<a<\/§
az=+tl
gy Xg + X =—2a
Khi d6 x5,X. la nghiém cta phuong trinh (1) (2)
Xg.X. =3a° -6

Mt khac: AC =3AB < AC =3AB < x. —3x, =—2a (3)

Ta tim dugc: a=1/2 = A(iﬁ;?):OAzg.

Chon D.
Cho ham s y=2x*-3x*+1 c6 d6 thi (C). Xét diém A co hoanh do x, =g thuoc (C).

Tiép tuyén cua (C) tai A cat (C) tai diém tha hai A, = A c6 hoanh do x,. Tiép tuyén
caa (C) tai A, cat (C) tai diém thi hai A, # A, ¢6 hoanh d6 x,. Ctr tiép tuc nhur thé tiép
tuyén cua (C) tai A_,cit (C) tai diém thi hai A = A, c6 hoanh do x_. Tim X, .

1 1
A. Xy =27 + > B. X, = —228 — -
C. Xypps = —3,2%017 _1. D. Xy = 3 92007 _%.

Huéng dan giai

27} 45 174
lay= 5

Tiép tuyén (C)tai diém Ai(— =
Viy giao diém thi hai cua tiép tuyén va (C) 1a nghiém cua phuong trinh hoanh d¢ giao

X=—
diém 2x3 —3x? —% +%:O<:> 2

X=——
2

7 243) 189 837
lay=
2 4

Tiép tuyén (C)tai diém Al(— —

Viy giao diém thir hai cua tiép tuyén va (C) 1a nghiém cia phwong trinh hoanh d6 giao

-7
X=—
diém 2x3 —3x2 — @ (838 _ =0 2
2 4 17
X=—
2

Va lam tiép tuc sau d6 nhan xét:
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Cau 80:

Cau 81:

S 1oy, 1
=2 = ()M +=
=2=CD70@)+7
7 1

X =L (_1)¥192 L=
L= = (2
17 1

X, = — = _13+123+_
3= ) 5

1

X = _1 n+12n+_

2= (1) 5
DO d6 X, = ()%, 22 4 1_ o 1
2018 . 5 = > .

Chon A.

Cho ham s6 y=2x*-3x*+1 c6 dd thi (C). Xét diem A c6 hoanh d6 x =1 thugc (C).
Tiép tuyén cta (C) tai A cit (C) tai diém tha hai A, = A c6 hoanh do x,. Tiép tuyén
cia (C) tai A, cit (C) tai diém thtr hai A, = A, c6 hoanh d¢ x,. Ct tiép tuc nhu thé,
tiép tuyén cua (C) tai A, cit (C) tai diém thtr hai A, = A, , ¢6 hoanh do x,. Tim gia
tri nho nhat cua n dé x, >5%,

A. 235 B. 234 C. 118 D. 117

Hudéng dan giai

Taco: x, =a = Tiép tuyén tai A c6 phuong trinh hoanh d6 giao diém:

2x° —3x* +1=2a° - 3a? +1+(6a2 —Ga)(x—a) o (x—a)’ (2x+4a-3)=0 & X, = —2X, +g

x =1 X =-2a+f=1 |a=-

Vi =x =a.(-2)" + 5. Xét =N
ay _ 3= X, =a(-2) +p X2:4a+ﬂ:_% 1

Do do x, :—%.(—2)” +%>51°°. Chon n=2k +1:—%.4k.(—2)+%>51°° < 441> 25"

4525 -1 k>log,(25% 1) = Chon k=117 = .

Biét rang tiép tuyén cua d6 thi ham sé y=(x+a)’ +(x+b)’+(x+c)’ co h¢ s6 goc nho
nhét tai tiép diém c6 hoanh d6 x=-1 d6ng thoi a,b,c 1a cac sé thuc khong am. Tim
GTLN tung d6 cta giao diém dd thi ham sé véi truc tung?

A. 27 B.3 C.9 D. 18

Huéng din giai
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Tiép tuyén c6 hé sb goc nho nhat tai diém udn.
Mat khac y'=3((x+a)z+(x+b)2+(x+c)2):>y"=6(3x+a+b+c)

a+b+c

Do dé y"=0< x=— =-l<a+b+c=3.

Giao diém vai tryc tung c6 tung 46 y=a’+b* +c
Vi a(a®-9)+b(b’-9)+c(c’~9)<0ea’+b* +c*<9(a+b+c)
Viy tung d6 giao diém cua d6 thi ham sé va Oy 1a a=3;b=c=0 va cac hoan vi.

Chon A.



