HavaMirH
BAI TAP TRAC NGHIEM

NGUYEN HAM TICH PHAN - DIEN TiCH HINH PHANG

THE TiCH KHOI TRON XOAY

I.NGUYEN HAM TIiCH PHAN
Caul: [2D3-3] [PE SO BAC GIANG 2018] Cho ham sé f(x) c6 dao ham trén doan [0;1]

1 1 2
théa man f(1)=0 va I[f’(x)]zdx=j(x+1)exf(x)dx=e4_1. Tinh tich phan
0 0

1
Izjf(x)dx

0

e e-1

| =2- L l=e-2 | =—. ==

A e B e C > D >
Lot giai

Chon B.

1
Xét tich phan [(x+1)e* f (x)dx
0

bit {u: f(x) j{du = f'(x)dx

dv =(x+1)e*dx v = xe*

1 1
Nén I(x+1)exf( x)dx = f ( dx:—JxeX.f’(x)dx.
0 0

1 X
Do d6 J.XGX. f'(x)dx = _eTl . Lai ¢6 (theo BDT tich phan)

1 2 2 1 2
[jxe f'( de <'|‘x de.g[f'(x)]zdx :(eT_lJ :>.(|;xexf’(x)dx21_4e .
Dau "=" xay rakhi f'(x)=k.xe".
Suy ra !kxz(ex)zdx:lTe =k=-1= f'(x)=—xe"

Do d6 jf’(x)dx:J'—xede=(1—x)ex+C = f(1)=C=0.

1 1
Vay I:J'f(x)dx =_|'(1—x)exdx:e—2.
0 0
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Cau 2:Cho ham s6 y = f (x) lién tuc va thoa man f (x)+2f Gj:?,xvéi XEB;Z]

X
2
Tinh j 1:(X)dx.
1 X
2
A3 B -3, c.? D. -3,
2 2 2 2
Léi giai
Chon A
2
Pt I=.[ﬂdx
1 X
2

Véi x e 1;2 , f(x)+2f 1 :3x<:>f(x)+2f()1(j:3.
37 reer(5)ene 5

X

1

2 Zf( j 2
:If(x)dx+2I X dx = [ax (1

X X
2 2

—dt=— 2 dx =~ Tdt = Tox.
X t X

2
3
1 3= | =—.
():> _!.X:> >

2

1
Cau 3: [2D3-3] [Sé GD&PT Ha Tinh - Lan 1 - nim 2018] Cho ff x dx=2018. Tinh tich
0

B
phén f f sin2x cos2xdx
0

A. 2018. B.—-1009. C. —2018. D.1009.

Léi gidi
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bat t =sin2x = dt =2 cos2xdx

Pdican: x=0=t=0;x=~=t=1

1 ]
[ f sin2x cos2xdx=1ff b dt =1 2018 1009
0 2 0 2

Cau4: [2D3-3] [S6 GD&DT Phu Tho, lan 1 nim 2018] Biét F(x)=(ax’+bx+c)v2x+3 (
2
a,b,ce ) la mot nguyén ham cua ham sé f (x)= 20X+ 30x +11 trén khoang (—§ +ooj
J2x+3
Tinh T=a+b+c.
A. T=11. B. T =10. C.T=9. D. T =8.
Léi giai
20x* +30x+11 x—tz—_3
f(x)= .Dat V2x+3=t=2x+3=t*{"" 2
V2x+3 dx = tdt

t° -3

o
:If(x)dx:j

t.dt

2
] +15(t2 —3)+11
t

_j (5t* —15t% +11)dt =t (t* = 5t* +11) + C = +/2x+3(4x* +2x+5) +C
=a=4;b=2;c=5=a+b+c=11
Cau5: [2D3-3] [S6& GD&PT Phu Tho, A

lAn 1 nam  2018]  Biét
6 /

'[ 2x+ 4 dx =a+b|n§+clnﬂ (a,b,ceQ). Tinh T=a+b+c.

0 2X+542x+4+8 3 3

A. T=-3 B. T=-5

C.T=-4. D. T=-7.
Loi giai
b 2x+4 ; 2 +4 h
dx = d(v2x+4 )= dt voi t=v2x+4
;[2x+5\/2x+4+8 ;[2x+4+5\/2x+4+4 ( ) -[ +5 +4

4 4 4
= T G S T jldt+1 idt—E L ogtoosiin2_182
T (t+1)(t+4) )7 39t+1 3 9t+4 33 3 3
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Cau 6:

Suyraa= 2b_§ :—%:a+b+c_—3

[2D3-3] Cho f(x) 1a mot ham s6 lién tuc trén R théa man f (x)+ f (-x)=+2-2cos2x .

2
Tinh tich phan 1= | f(x)dx.

3z

=

A. 1=3. B.1=4. C. 1=6. D.1=8.
Loi giai
Chon C.
£l £l
2 0 2
Taco I = | f(x)dx= | f(x)dx+ | f(x)dx
REE
2 2

e 3z

Xét I f (x)dx Datt=—x:>dt=—dx;Béican:x=—37”:>t=7; x=0=t=0.

3z

2

0

3z 3z
Suyra | f(x)dx:-f f(-t)dt:f f(~t)dt= f f(—x)dx.
3r 3z 0 0
2
Theo gia thiét ta co:
ar ar
f(x)+f(-x)=+v2-2cos2x < J%(f (x)+ f(-x))dx = Jamdx
0 0

371' 37!

37
<:>if dx+J. X)dx = 2I|S|nx|dx
0

3z 3;:
= i dx+ j dx 2.[sm Xdx— 2.[5|n X dx
0

2

o j f(x)dx=6.
3r
2

Cau 7:[SO GD VUNG TAU-LAN 2-NAM 2018] Ham s f (x)lién tyc trén [1;2018] va :

2017 2017
f (2018 -x) = f (x) Vx e[1;2018], j f(x)dx=10 . Tinh I = j x. f (x)dx .
1

1
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A. 1 =10100. B. 1 =20170. C. 1 =20180. D. 1 =10090.

Lot giai
bat r =2018—x = dr =—dx.
x=1=1t=2017,x =2017=1r =1

2017

I =—j (2018 —1)f (2018 —1)dt = j (2018 —1)f (¢ )dt

2017

= 20182T7f (x)dx — 2(]17 xf (x )dx

=1=2018.10-1 =1 =10090.

CAu 8:[2D3-3] Ham s6 f (x)lién tuc trén [0:7] va: f(r—x)=f(x) vXe[o;;z],jf(x)dXZ% .
0
Tinh 1= j x.f (x)dx .
0

A 1=Z B.1=2 c.1==2. D. 1=
2 4
Loi giai

batt=7—x =dr =—dx.

x=0=t=rm,x=nx=>t=0

1 :—'T(ﬂ'—t)f(ﬂ'—t)dt
~[z-nf s
:ﬂ]Ef(x)dx —]ixf(x)dx

2
1=t _1=1="".
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Cau 9:[2D3-3] Ham s f (x)lién tuc trén [a;p | va: f(a+b-x)=f(x) Vxe[a;b] ;

b b
If(x)dx:a+bTinh | :jx.f(x)dx .

A1l

Chon.D.
Patr=a+b—-—x =dr =—dx.

XxX=a=t=b,x =b=t=a.

1 :—j(a+b —t)f (a+b —t)dt
= [(@a+b-0)f @)t

=(a+b)ljf (x )dx —lin (x )dx

a+b)

=1 =(a+b).(a+b)-1 =1 :( 3

Cau 10: [2D3-3] [Chuyén DH Vinh Iin 2 — 2018] Cho ham s& Y= (%) ¢6 dao ham lién tuc

. _ _ ! _ 3_ 2
trén 2] théa man F)=4 gy FO)=xF(x)-2x"-3x . Tinh gia tri f(z).

A. 5. B. 20. C. 10. D. 15.

va

Lai giai
Chon B

Céch 1: + vxe[L2]: f(x)=x.f'(x)-2x-3x* < f(x):m—ZX—&

= f’)((x)_ f)sz) =2X+3 < (f (x)%j =2X+3.

Viay I(f (x)%jr dx:I(2x+3)dx :%X)zx2+3x+c.

+Vi f(1)=4=C=0.Dod6 f(x)=x+3x* = f(2)=20.
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Cau 11:

) . f'(x)—f
Cach 2: Tu gia thiét f(x):xf'(x)—2x3—3x2:>M:2x+3

:j(Ié;lj:4x2+3xy.

= j(@} dx='|j(x2 +3x), dx = @—@:(xz +3X)L2 = f(2)=20.

Nhan xét: Pdc diém chung Ciia cdc bai todn ndy la di tir khai thic dao ham cia mét
thwong, tich cdc ham hodc dao ham cia ham hep. Ta cd thé néu mét sé dang tong quat
Sau:

1) Cho truéc cac hamg(x),u(x),v(x) c6 dao ham lién tuc trén [a;b], g(x)=0,Vx e[a;b]
va ham  f(x) c¢6 dao ham lién tyc trén [a;b] thoa  man:
f(x)g'(x)+ f'(x)g(x)=u(x)v'(x)+u'(x)v(x). Khi do,

i o £ (b1 £ () UBV(D) u(@)v(a)
(f(X)g(X)) _( ( ) ( )) f(b) f( ) g(b) g(a) '

2) Cho trudc cac hamg(x),u(x) co dao ham lién tuc trén [a;b],g(x)=0,Vx e[a;b] va

ham f (x) co dao ham lién tuc trén [a;b] thoa mén: f'(x)g(x)— f (x)g'(x)=u'(x)g*(x)

a6 [109) = £ b1 () ~u(a)g(a
Khldo(g(x)]_ (x)= £(b)- T (2)=u(b)g(b)-u(2)g(a).

3) Cho truéce cac hamg(x),u(x),v(x) co6 dao ham lién tuc trén [a;b] va ham f(x) co

dao ham lién tuc trén [a;b] thoa man: u'(x) f'(x) f (u(x))=v'(x)g’(x)g(v(x)). Khi do,

((u(9)) =(a(v(0)) =  (u(b))= T (u(a)) =5 (v(b))~g(v(a)).

[2D3-3] Mot 6 t6 bat dau chuyén dong nhanh dan déu véi van téc v, (t)=7t(mis). Bi
dugc 5(s), nguoi lai xe phét hién chuéng ngai vat va phanh gép, 6 t6 tiép tuc chuyén
dong cham dén déu voi gia toc a=-70(m/s*). Tinh quang duong S(m) di duoc cua 6 to

tir 10c bat dau chuyén banh cho dén khi ding han.
A.$=87,50(m).  B.S$=94,00(m). C.S$=9570(m). D.S=96,25(m).
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Loi gidi
Chon D.
Van toc 0 0 tai thoi diém bat dau phanh 1a: v, (5)=35(m/s).
Van téc cua chuyén dong sau khi phanh 1a: v, (t)=-70t+C. Do v,(0)=35 =C =35
=V, (t)=-70t+35.
Khi xe dimg han tic 2 v (t) = 0= ~70t+35 =0 =t ==
Quang dudng S(m) di duoc ctia 6 t6 tir lUc bit du chuyén banh cho dén khi dung han
la:

1

5 2
S(m)=[7t.dt+ [(~70t+35)dt =96,25(m).

0 0

2
Cau 12: [2D3-2] Gid st [(2x—1)Inxdx=aln2+b, (a;beQ). Tinh a+b.
1

A2 B. 2. C.1. D. 3.
2 2
Loi giai
Chon D
Pit
u=Inx du:ldx
dv—(2x—1)dx:> X
- v=x>—X

2 2 2

2 B 2
—IX de:ZInZ—(X——xJ
19 X 2

2
1 .
J;(Zx—l)lnxdx::[(xz—x)lnx] :2In2—§ nén a=2,

1

N
2
Vay a+b:g.

Cau 13: [2D3-3] [Chuyén L& Hong Phong - TP HCM - niim 2018]

x® +3x

s 2dx=a+b|n2+c|n3 véi a,b,c lacacsb hitu ti, tinh S =2a+b? +c2.
X2 +3X +

1
Biét j
0

A. S =515. B. S=164. C. S=436. D. S=-9.
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Loi giai
Chon A.
1 1
Xét : I_I X +3x _I X—3410X+6 dx:j[x—3+_—4+i}dx
X +3X+2 (x+1)(x+2) 0 X+1 Xx+2
21
I =2 -3x, —4In|x+1, +14In|x+2]; =——3 4In2+14In3-14In2
0
-5
a=—
-5 2
I:7—18In2+14ln3: b=-18=S=2a+b*+c’=515.
c=14

Cau 14:[2D3-3] [SGD Thanh Hoa- KSCL 14/4- M4 dé 101] Cho ham sb f(x) lién tuc trén R

% 16 f \/; 1
va thoa man Icotx.f (sinzx)dx=I¥dx=1. Tinh tich phan | :j f (jx)dx.
; 1 ;
A. |l =3 B. |=§. C.l=2. D. |=§.
2 2

Loi gii
Chon D.

bit t =sin® x = dt = 2sin xcos xdx = g—: = cot xdx

2 1 dt 1% f(x Lf(x
1= ;[otxf(sm X dx=‘[f(t)E=§‘IT)dx:>!T)dx=2
4 2 2 2
Détt:erz{zwt:dx
x=t
16 ( ) 4f(t 4@ 4f(X) _1
! dx = !tz 2tdt 2! - :! —x=>

Dat t =4x = dt =4dx
1 4
:Jf(4x)dX:J‘f(t)
1 X 1
8 2

Phan tich:
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Dang bai ndy la dang bai toan tim tich phan ctia ham f(x) nao d6 khong biét, nhung s&

cho thém diéu kién, mdi 1 diéu kién 1a 1 doan trong can tich phan can tim, yéu cau la

dua céc tich phan da biét vé gidng dang chua biét.

f (Inx)
xIn x

Cau 15: [2D3-3] Cho ham s6  f(x) lién tuc trén R va thoa méan | dx=1 va

Oty

2

f (cosx)tan xdx =2. Tinh J. f E(X) dx.
1

2

A 3. B.g. C.2. D. 1.

Lai giai
Chon A.

Dattzlnx:dtzﬁ
X

COS X X
Do dé
2 1 2
If(x)dx:jf(x)dx+jf(x)dx:3
1 X 1 X 1 X
2 2

Cau 16: [2D3-3] (THPT Gang Thép Thai Nguyén Lan 3 — 2018) Tinh tich phan
zl4

| = I In(tan x +1)dx ta duoc két qua 12 | =%ﬁln2+c véi voi a,b,ceN,b=0,(a,b)=1.
0
Khi @6 P =abc nhan gia tri
A.9. B. 8. C. 1. D. 0.
Loi giai
Chon D
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Pat x=2-t,taco
4
A
(tan(——t)+lj t=]l [1 tant+1jdt
5 \l+tant
0

:I:%InZ:azl,bz&c:O:P:O

II
»m«—.o

O'—;b\N

Il
—_ N

=]

7~ N\

-

+

—

[«5)

=)

—

In(tant +1)dt

In2—1

J>I>~1 e

Céu 17:Cho ham s6 y = f(x) co6 dao ham lién tuc trén [0 ﬂ va f(0)=0,
2 2
Ismxf( yax == Tlnhlsz( )dx ?
0 0
A. 0. B.1 C. 2. D. 3.
Léi giai
Chon B

V4 T

2 2
Mat khéc ta tinh duoc: Icosz xdx = J'1+ C;S 2X
0 0

K z

y [[f'0)] dx— zjcosxf (x)dx+jcos xdx =

o'—.-b\kl

Suy ra f'(x)=cosx= f(x)=sinx+C.

Do f(0)=0=C=0.

Vay | = sin xdx = —cos x|2 2 =1.

O V| N
o'-_.’\)‘.ﬁ

f(x)dx=

X))

SRR

+ f’(x)cosxdx=%

O =y [N

/2

1( sin2x]2
dx==| X+
2 2

0

i
4

3
j f'(x)—cosx]'dx =0
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Cau 18: [2D3-3] [THPT chuyén Phan Bi Chau, tinh Nghé An, lan 3, niim 2018 - Cau 35]

In2

Biétrang | 1
y 28" +1

dx=In*2+bIn3+In5°. Trong d6 a, b, ¢ 1a cac s6 nguyén. Khi do

S =a-+b—c bang bao nhiéu.

A S=4. B. S=3. C. S=5. D.S=2.
Loi giai

Chon B

In2 In2 X

T
Taco ! 2eX+1dX_£ e*(2¢" +1) o

bat ¢ =t = dt=e*dx
Doi can: khi x=0 thi t=1, khi x=In2 thi t=2

e : o1 fot+l-2t , f(1 2
Viy [ —————dx= dt= dt= [| - dt
v '([ex(ZeX+1) X 'l[t(2t+1) Jl.t(2t+1) -!-(t 2t+1)

:[Int—ln(2t+1)]‘l2 =(In2-In5)—(In1-1In3) =In2+In3+In5"

Vay S =3.
Hwéng 2. Phan tich

n2 n2 (2¢% 11 : In2

e R (G G

. A 4 1 1 i .

Cau 19: Biét rang J'm dx=21n2" + —In(2 J_) Trong d6 a, b 1 c4c s6 nguyeén.
Khi d6 S =a+2b bang bao nhiéu.

A. S=-2. B. S=3. C. S=1. D. S=0.

Lo giai
Chon B
i In2 In2 2x
Taco !mdx 1[2e N dx

Piat V26> +1=t = 2e* =t*-1 = d(2e”)=d(t* -1) = 4e”dx=2tdt

Déi can: khi x=0 thi t=+/3, khi x=In2 thi t=3.
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Céu 21:

In2 2e2x 3 t
Va dx = dt
2”26 +1 :/Lt(tz -1)

%ﬂt—ftﬁj‘“ -5ln(-D- (],

%[In2—In4]—%[ln(\@—1)—In(\@+1ﬂ =%In 2‘1+%In(2—\@)
Vay S =3.

Cau 20:Biét rang j4)dx =a.etbin(e+c). Trong d6 a, b, ¢ lacac s6 nguyén. Khi

d6 S =a+2b—c bang bao nhiéu.

A. S=-1. B. S=-2. C. S=1. D. S=0.
Loi giai.

Chon B

1 X X
X +x)e dx:_[ Xe (xx+1)e
xe” +1

Taco j dx

X+e*
bat xe* +1=t = dt=(x+1)e*dx

Po6i can: khi x=0 thi t=1, khi x=1thi t=e+1.

x +x)er - et(t-1 e+
Vay I%dle¥dt:(t_ln|t|)‘l 1:e—ln(e+1)

Vay S=-2.
[THPT Luwong Thé Vinh, Ha N¢i, LAn 2 nim 2018] Cho ham s6 y = f (x) c6 dao ham

lién tuc trén [1+w) thoa man f(1)=1va f'(x)=3x>+2x-5 ¥xe[L+o). Tim s6 nguyén
duong m 16n nhét sao cho min f (X)=m véi moi ham sé y = f (x) thoa dé bai.
A. m=15. B. m=20. C. m=25. D. m=30.
Lai gidi
Chon C.

Do gi4 thiét cho mot bat ding thic lién quan dén y = f'(x) nén ta s& lay tich phan hai vé
dé dugc mot bat dang thic lién quan dén y = f (x).

Taco
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[ F/(dx> [[(3x* +2x-5)dx = f ()~ f (1) 2 +17=5t+3 Vi1,

Suy ra

f (%)% +x* =5x+4= min f(x)> min (X°+x*~5x+4)=25.
x€[3;10] x€[3;10]

Vay m=25.

Cau 22:Cho cac ham s6 y=f(x) c6 dao ham lién tuc trén [0;1] thoa man
3f (x)+xF'(X)>x** wxe[0;1]. Tim gia tri nho nhét ciia Iol f(x)dx.

At Bt  Co— . D1 _
2019.2020 — 2019.2021 2020.2021 2018.2020

Cau 23:[THPT Lwong Thé Vinh, Ha N§i, L4n 2 nim 2018] Cho ham s y = f (x) c6 dao ham

3 2 ﬁ N
trén R thoa man 3f'(x).e" ™" - f22(xx) =0 va f(0)=1. Tichphan | x.f(x)dx bang
0
A AT B. 1> c.® p. 57
3 4 8 4
Loi giai

Chon C.

!

Phan tich: Nhan thay (efs(x)) =3.f'(x).f?(x) nén y tuong la quy dong chuyén vé dé tich

phan 2 vé
2X
£%(x)

L4y nguyén ham 2 vé ta duoc: _[3. f2(x).f '(x).efs(x)dx = IZx.eXz+ldx = Iexzﬂd(x2 +1)

Ta cé: 31"(x).e"3(x)’xz’l - =0 3.f%(x).f ’(x).ef3(x) —2xeX "

oe' W _gflic=0

Mat khéc: f(0)=1=C=0 nén f3(x)=x"+1< f(x)=¥x"+1
N i

Tinh: Ix.f (x)dx = J. x.\3/x2+1.dx:%.
0

0

1
Cau 24: Cho ham s6 f(x) c6 dao ham lién tuc trén [0;1] théa man f(1):o,j[f’(x)]2 dx:l—l1 va

0

1
Ix“f (x)dx:—5—15. Tich phan J.f(x)dx bang
0
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1 1 1 1
A 7 B. 7 C. T D. 11
Loi gidi
Chon A.
b x° b oLy 1 1
Taco jx"f(x)dx{—f(x)} ~[ = (x)dx =[x (x)dx ==
) 5 15 ) 11
ma j(x =— nén j[f )]2 dx—2jx5f dx+I dx 0 :I[ x5]2 dx=0.
0 0

Suyra f'(x)=x"= f(x)=%x6+c.

Vi f() Onén C=-

(o)} | -
>
<
O ey
—
—~
x
N—"
o
3
Il
—_—
b3
(2]
|
=
o
<
Il
|
| =

Cau 25: Cho ham sb f(x) c6 dao ham lién tyc trén [0;1] théa man

f(1)=0, j[ ()] dx—g 2In2 vaJ' 1) g _2In2—§ Tich phanj x)dx bang

0 x+1)
1-2In2 3-2In2 3-4In2 1-In2
A— . B. ———. C.—— D. =
Loi giai
Chon A
L 1 1 Coy1
T d f(x)d|1-— | =||1-— | f - 1-—— [ f'(x)d
ac -([ X -[ )( x+1} H x+1j (X)L -([( x+1j (X) X
1 3
S 1-—— |f'(x)dx==-2In2
uy ra j( x+1j (x) > —2In
1Y, 1 1 T
Mit khac J(l——j dx:j -2—+ > [dx=| x=2In|x+1] ==-2In2
X+ d X+1 (x+1 (x+1)] 2

= f'(x):l—i = f(x)=x—-In(x+1)+C,vi f(1)=0 nén C=In2-1.
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Ta duoc | f(x)d ~In(x+1)+I2-1]dx==-In2.
au’oj xI[xnx+)n ]xzn
Cau 26: Xét ham s6 f () lién tuc trén [0;1] va thoa man dieu kign 4x.f (x*)+3f (1-x)=v1-X".
1
Tich phan 1 = f (x)dx bang:
0

Al=Z, B.1=2, c.1==2, D.1=2.
6 4
Loi giai:
Chon A.
Vi f(x) liéntuc trén [0;1] va 4x.f (x*)+3f (1-x)=+1-x* néntaco

[4x1(x*)+3F (1-x) |dx = jxll— x2dx < Jl.4x.f (xz)dx+j'3f (1-x)dx = jxll— x2dx (1)

O ey

1

Ma j4x.f (x*)dx :2} f(x*)d(x*) —=52[ f (t)dt =2

va iSf (1-x)dx :—3J1‘ f (1-x)d(1-x) “—H>3J1' f(u)du =3I

0 0 0

O'—n'\)m

1
Pong thoi lel—xzdx ety lel sin’t.costdt _Icos tdt _%
0

(1+cos2t)dt :%.

Do d6, (1)< 21+31 == hay 1 ==,
4 20

Cau 27: Cho ham s f (x) xac dinh, lién tuc va c6 dao ham trén R thoa man f(x)=0,vxeR Va

3f'(x)+2f2(x)=0. Tinh (1) biétrang f(0)=1.

Al B.2. c.3 D.2.
5 5 5 5
Lo gii
Chon C.

Nhdn xét: Tir gia thiét bai toan ta bién d6i vé cong thirc dao ham va sir dung dinh nghia
tich phan.
Phan tich: Tir gia thiét 3f '(x)+2f%(x)=0 va f(x)=0,vxeR suy ra:



Jl'wdx=j‘_—2dx:>_—l+iz_—2:>f(l)=§.
120 13 T T o) 3 5

Cau 28: Cho ham sé f(x) xac dinh, lién tuc va c6 dao ham trén (0;+o0) thoa man

f(x)+xf'(x)=2x vd f(1)=2.Giatri f(2)bang:

A.; B.2. C.e. D.

N | @

Loi giai
Chon A.
Tu gia thiét f(x)+xf '(x) = 2x = (xf (X))'= 2x:>j(xf (x))'dx:jzxdx
Suy ra xf (x)=x*+C, thay x=1 vao hai vé ta dugc
1.f()=r+C=2=1+C=C=1.

x?+1

Khi d6 xf (X) =2 +1=> f (X) = = Vay f(2):g.

Cau 29: Cho ham s f (x) xac dinh, lién tuc va c6 dao ham trén R thoa man f(x)+ f '(x) = 2e* va
f(0)=1. Giatri f(2) bang:
A. e B.In2. C.e% D.1.
Léi gidi
Chon C.
Tu f(x)+ f'(X)=2e" = e*f (x) +e*f () = 2™ = (e*f (X))' = 2™
Suy ra J'(ex f(x))'dx = j2e“dx = e*f(x)=e?+C. Thay x=0 vao hai vé ta duoc C =0.
Suyra f(x)=e*.Vay f(2)=¢

cau 30:Cho ham s6 () tien tuc tren FVOY thoa man ditu kien (=22

X FX)+ () =X X ey F(2)=a4DIN3 oo Tinh a2 17,
A2 B2 c.> p. 8.
4 2 2 4
Lo gii
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Taco x(x+1) f/(X)+f(X)=X2+X < —— f/(x)+
() (010 St

It
X+1 X+1
2

2 ’
L4y tich phan tir 1 dén 2 hai vé ta duoc | {L f (x)} dx = [ dx
LXx+1 1 X+1

& 21 (0) =(x-Ix+1) & 21(2)-3 (1) =(2-In3)-(1-In2)

1

<:>§f(2)+ln2:1—ln3+ln2 & f(2)=g—gln3. Suy ra azg vab=—>.

2
2 2
Vay a’ +b? :(Ej +(—§j -3
2 2 2

2
Cau 31: Biét J{i/x—%+2§/i8—%]dx:%%, vl a,b,c nguyén duong, % t6i gian va c<a.
1

x* X
Tinh S=a+b+c.
A. S=51. B. S=67. C. S=39. D. S=75.
Loi giai
Chon B
L 1 1 1 : 1 2
Ta co I:j(i/x—?+23 F_FJdX:!3 x—?(nFjdx.

1

4
bat t=3 x—i2 = 3tdt :(1+%jdx nén | = j 3t°dt =£\3/14 :
X X 0 32

Suyra S=67.

Cau 32:[Sé Biic Ninh Lan 2-2018] Cho ham s6 f (x) lién tuc va c6 dao ham tai moi x e (0;+0)

d6ng thoi thoa man diéu kién:

f(x)=x(sinx+f'(x))+cosx va | f(x)sinxdx=-4.Khido6, f(x) ndm trong khoang

NN —n |

nao?
A. (67). B. (5:6). C. (12;13). D. (1312).
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Loi giai
Chon B
Tur gia thiét: f(x)=x(sinx+ f'(x))+cosx < f(x)=xsinx+x f'(x)+cosx
< f'(x)x=x.f(x) =-xsinx—cosx < f'(x).x—x.f(x)=(cosx)'x—x"cosx (*).

Vi xe(0;+w), ta chia 2 vé clia (*) cho x* ta dugc

f—

F'(x)x=X.f(x) _ (cosx)'x—x'cosx <:{f(X)j’:(cosxj' - f(X):cosx+C
X

N NG X X X

< f(x)=cosx+cx.

Mat khac lai c6 | f(x)sinxdx=—4.

N\:}'——.N‘g

3 £ o
2

2 2
Xét .[ f(x)sinxdx=.[(cosxsinx+cxsinx)dx :—J.cosxd(cosx)+c Xsin x dx
: :

V4
2

mm'-—;m‘g

2 3

+c(xcos x +sin X)PE =-2cC.

z
2

Ma | f(x)sinxdx=—-4 < -2c=-4 <c=2 = f(x)=cosx+2x.

N‘N'—.N‘g

Taco: f(z)=-1+27 ~5,28.

Tong quat:

Gép nhitng bai toan ma gia thiét cho dang a(x).f (x)+b(x).f'(x)=g(x) (1)

Ta s& nhan mot lugng thich hop dé dua (1) vé dang u'(x).f (x)+u(x).f'(x)=h"(x) (2)

.. u'(x) a(x £ TRy . . 2 , A T
Véi u) Q , két hop vo1 gia thiét ta tim dugc u(x) suy ra biéu thirc nhan thém la

u(x) b(x)
u(x)

b(x)

Khi co (2) ta s& tim dugce f ().
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Cau 33: Cho hamsé y=f (x) c6 dao ham va lién tuc trén R thoa man
f'(x)+2xf (x):2x.e’xz va f(0)=1.Tinh f(1).

D._2.
e

A. e. B.

1 C.
e

DN

Cau 34: Cho ham s6 f (x) c6 dao ham trén R théa man (x+2) f (x)+(x+1) f'(x)=¢"

va f(o):%.Tinh f(2).

C. f(2)=-5 D. 1(2)=%.

A. f(2)= B. f(2)= %n

€
=

w| o

dx=a+/5+bv2 +c, vdi a,b,c 1a cac sb hiru ty. Tinh P=a+b+c.

; D
Cau 35:Biét | —
!\/xz +1-1

A p=_2 B.p-. c.p=2 D. P=2
2 2 2
Loi giai
Chon C.
2 3 2 2
Taco _[X—dx='[x(\/x2+1+1)dx=(1 (x2+1)3+lxzj =§\/_—E\/§+§.
TAXe+1-1 1 3 2 ., 3 3 2
Vay a=§,b=—g;c:§:>P:E.
3 3 2 2
, R 31n(sinx 3 L .
Cau 36: Cho tich phan I:j ( )dx a\/§ln£+ﬁln2+ (a,b,ceZ). Tinh gi4 tri cua biéu
) cos® x 2 Db C
6
thac S=a+b+c.
A. -3 B. -2 C. D.1
Loi giai
Chon B.
] =In(sin x)dx du=Cf)Sde
Dat 1 = sin x
2In(sin x) IENEEE V3 VB, 1 «#
Suy ra dx=tanx.In(sinx)| —|dx=+/3IN—-—In=-=
y;[coszx (),,J:\/_ZSZG
B 6 6
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3In—+—|n2+—:a ILb=3,c=-6
3 6

Doddo S=a+b+c=-2

2

(2x—1).cos® xdx = %+%+%(a,b,c e Z). Tinh gia tri cua

Cau 37: Chotich phéan I =

O v [N

biéu thiic S=a+b+c.

A. 1 B. -2 C.2 D. -1
Loi giai
Chon C.
% 2 z %
Taco I=I(x—l+xc052x—10032dex= X——EX—ESiI’IZX 2 f X €0S 2xdx
0 2 2 2 2 4 ;0
2
SN,
8 4
du =dx
bat 4= = 1
dv = cos 2xdx v:EsinZX

Suyra J =%xsin 2x|”

0

sin 2xdx = %cos 2X 2

1
2

O N [y

2

Do d6 | =%—%—%:>a=8;b=—4;c:—2:>8=2

4
Cau 38: Cho tich phan I:jxtanzxdx:ayz2+b7z+cln 2(a,b,ceQ). Tinh gia tri cua biéu thuc
0

S=a+b+c.
9 B c _2 D. L
32 31 16 32
Loi giai
Chon C.

Va

7 2 4
Taco szx( 12 —1jdx:—”—+ XZ dx
5 \COS” X 16 {cos”x
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1
bat J = X
' -([coszx
u=X
du =dx
bat 1 =
dv = dx v = tan xdx
cos’ X
71' % z
Suyra J=xtanx|" _[tanxdx_—+ln(cosx) ) :£+In£
0 4 4 2
0 0
2
Véylz—ﬁ—+£—iln2:>8: l+l—1 >
16 4 2 16 4 2 16

Cau 39: Cho ham s6 y=f(x) c6 dao ham lién tuc trén R va thoa man f(-2)=1,

2 0
J.f(2x—4)dx:1. Tinh 1 :jx.f’(x)dx.
1

A l=1

B. 1=0.

C.I=-4. D.1=4

Cau 40: [THPT Chuyén Hung Vwong Phi Tho Lin 4 - Nam 2017 - 2018] Cho ham s

y = f(x) xac dinh trén { 2} thoa mén I[

(x)dx.

O v [ N
—h

A~
7

Chon B.

2
+) Taco 2_[sm (x—zjdx

V4

)—242.1 (x )sin(x—zﬂdx_zTﬁ Tinh

0. C. 1. D. Z.
2
Loi giai
2 A
J{l cos(Zx——ﬂdx={x—lsin(2x—£ﬂ =”—2.
0 2 2 2 6 2
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@j{f (x)—«/ﬁin(x—%ﬂ2 dx =0.

[f (x)—\/ﬁsin(x—%ﬂz dx>0.

ot—ly

2
Do [f (x)—ﬁsin(x—%ﬂ >0, VX€|:0;§:| nén
Ding thic xay ra khi va chi khi f (x) :ﬁSin(X_%)

z
2

=0.

+) Vay % f (X)dX=x@%sin(x—%)dx=_ﬁcos(x_%)

0
Nhan xét: d¢ dam bao tinh kha tich, ta can thém dicu kién “y = f (x) lién tuc trén [O;%} »

& dé bai. Khi d6 diéu kién “xac dinh” khong can nira.

Cau 41: Cho ham s6 y=f(x) lién tuc trén [0;]] thoa mén

1 9(1—e? 1
J[fz(x)—G.f(x).eX]dx= ( 5 ).Tinh '|.(x+1)f(x)dx.
0 0
A. e-1. B. 2e+5. C. e. D. 3e.
Loi giai
Chon D.
+) Taco

a2
N j[ f2(x)-6.f (x).e*]dx+'1[9e“dx = 9(12 © )+Jl'9e“dx
0 0

1
+) Vay [(x+1) f (x)dx = [3(x+1)e*dx =3xe*[ =3e.
0

0
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Cau 42: Chohamsd y = f(x) lién tuc trén [—%ﬂ thoa mén
1 1
2 109 . 3 f(x)
J;[fz(x)—z.f (x).(3—x)]dx=—E.T|nh !xz—ldx'
2
A. Ing. B. In§. C. InZ. D. In§.
9 9 9 9
Loi giai
Chon A
+) Tach
1
2 109
f2(x)-2.f 3—X) |[dx=——
JLF200-21(0.(3-x)Jox= -2

1 1 1
L 3f(X) . 33-x 2[1 2) L2
+) Va dx = dx=|| ————|dx=(In{x=1-2In|x+1)2=In—=.
) Vay ! _([ .!‘ ~ ( x4 | ]'I)‘o 9
Cau 43: Choham s f x lién tyc trén doan [0;1] va thoa man diéu kién
1
4x.f(x*) +3.f(1-x)=+1—2* . Tich phan I = [ f(x)dx bing.
0

A = BI:%. C.1==2. D.1=2.

z
7

Loi giai
Chon C

1 1 1
Lay tich phan hai vé ta co: f4x.f(x2)dx+f3f(1—x)dx = fxll—x2dx
0 0 0
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o 2]’ FEAARE) - 3j Fl—x)d(1x) = ]’ﬂdx

1 1

o2 [ fod) +3 [ fadw =

0 0

1

5[ f@de) =5= [ foode) =5

0

CAu 44: [ THPT chuyén Quang Trung, Binh Phuéc, lan 4, nim 2018 - CAu 47]

Cho jx[ln (x+2)+ Xiz}dx=a2|n2_zcms+c,véi a,b,ceN.Tinh T=a+b+c.

A. T=13. B. T=15. C.T=17. D. T=11.
Loi giai.

Chon A.

Phan tich: Biéu thuc trong tich phan c6 tong cua ham logarit va ham phan thic nén ta
tach thanh 2 tich phan dang thuong gap. Mot la tich phan ctia ham da thirc va ham
logarit ta dung tich phan ting phan, mét Ia tich phan cua ham phan thuc bac nhét trén

bac nhét co ban.

1

1
Taco I:Ix[ln(x+2) L }dx jxln X+2)dx + X dx
0

X+2 o X+2
1 1
:.[In(x+2 ( X —2)+J(1——)dx
0 0
X2 " olyi_g 1
= | 2) — ——d 21 2
n(x+ )0 .([ PR x+(x n(x+ ))‘

2 —
+1-2In3+2In2 :‘%'”3“"”2*1 _4In2 i-7ln3+7_

2
— 3nzs2m2_| X
2 4

0

Tac6 a=4,b=2,c=7.Vay T=a+b+c=4+2+7=13.

1 ) abcln2-bIn5-c
dx = ,

véi a,b,ceN. Tinh

3
Cau 45: Cho Ix(ln (x+1)-
0 x* +1 4

T=a+b+c.
A. T=13. B. T=15. C. T =10. D. T=11.
Loi giai.
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Chon C.
7 3 3
Taco | :lx(ln(xﬂ) X2+1jdx _len X +1)dx ;[x2+1dx
7 2 3d(x?+1 2 ,
I e d( 1J _l‘[ (2 )ZX X+1 I—dx——ln (x*+1)
0 29 x°+1 O
_ana_3 Lo 5238IN2-2In5-3
4 2 4

Vay T =a+b+c=10.

1

Cau 46: Choll =J.x(ln(x+2)— 21 de:ablanrbCl”?’—C
0 X“+1 4

, VO a,b,ceN. Tinh T =abc

A. T=-18. B. T=16. C.T=18. D. T=-16.
Lai giai.
Chon A.
, 1
Taco I:!x(ln(x+2) ] jdx_jxln X+ 2)dx — -[x +1dx
:j.ln(x+2)d[xz;4j—ljd(xz+1) = X2_4In(x+2)l B de—%ln(x +1)l
0

27 xX°+1 2 o 3 2 x+2 0

=—§|n3+2|n2+§—1| 2 _32In2+2.(;3)|n3—(—3)

Vay T =abc=32(-3)=-18.

Cau 47: Cho f(x) l1aham liéntuc va a>0. Gia sir rang véi moi x[0;a], taco f(x)>0 va

. X X C L
f(x)f(a—x)=1. Tinh £1+ ™ duoc ket qua bang:
A. % B. 2a. C. aln(a+1). D. %
Léi giai
Chon D
¢ dx f(a-x)
Taco: |= =
-([1+ 1 J‘f(a—x)+1
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bat: a-x=t thi dx=—dt.
bdi can

Ta duoc: | = T ' _i 1) 4

f(t)+1 o F(x)+1

¢ dx 1+ f(x))dx % a
Do do: 1 +1= dx=a.Vay: | =—.

~([1+f(x) -[1+f(x) ! 1+ f(x) ! 2

Cau 48: Cho ham sb f (x) lién tuc trén R va 3f (—x)—2f (x)=tan>x. Tinh j‘ f(x)dx.
4
A1-Z. B. Z-1. C.1+2. D.2-2.
2 2 4 [ 2
Loi giai
Chen D.

3f (—x)—2f (x)=tan® x(1)
Thay x=-x.(1)=3f (x)-2f (-x) =tan*(—x) =tan’ x(2)

(1).2+(2).3=5tan’ x=5f (x)
= f(x)=tan’x

7 1 1 7
| = _[ f(x)dx = I tan’x dx = than xdx = 2][ (1+tan’x) ]
0
z /4
I =2(tan x—x)|# ZZ_E'
Cau 49: (Sé GD & DT Dong Thap 2018) Cho ham so f (x)c6 dao ham va lién tuc trén [0;1] va
1 1
thoa man [x(f'(x)-2)dx=f(1). Giatri cia I = [ f (x)dx bang
0 0
Al. B. 2.

C. -1. D. -2.
Léi gidi
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Khi d6 f(1)=ix(f'(x)—2)dx=x(f (X)—ZX)‘l —:[(f (x)-2x)dx = f (1)-2-1+1
Suyra | =-1.

1
Céu 50: Cho ham s6 f (x)c6 dao ham va lién tuc trén [0;1] va thoa man [x(f'(x)—4)dx= f (1).
0

1
Gid trj cia | = [ f (x)dx bing
0

A. 0. B. 2. C. -1. D. 2.
Loi giai
Chon B
Pit {u - :s{du =
T ldv=(f'(x)-4)dx " |v=f(x)-4x

Khi d6 f (1)=:[x(f'(x)—4)dx = x(f (x)-4x)), —J:.(f(x)—4x)dx =f(1)-4-1+2

Suyra | =-2.
1
Cau 51: Cho ham s6 y = f (x) lién tuc trén R thoa mén j(x+1)f’(x)dx:10 va 2f (1)-f(0)=2.
0

Tinh | =J1' f (x)dx

0

A. | =-12. B. I =8. C. I =12 D. I =-8
Loi giai
Chon D
Dat {u=x+1 :{du:dx
T oldv=fr()dx - |v=f(x)

Khi do 10=j(x+1) £/(x)dx = (x+1) f (X)]; —j f (x)dx =2f (1)- f (0)-1

Suyra | =-8.
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2
Cau 52: Biét rang ham s6 y=f(x)lién tyc trén R thoa man f(2)=16; [f(x)dx=4. Tinh
0

A. 1 =13. B. I =12. C. 1=20. D. 1=T7.
Loi giai
Chon D
du =dx
Dat {u:x , :{ 1
dv = f'(2x)dx V=2 f (2x)

1
Khidd | = Ixf’(Zx)dx: %Xf (2x)
0

1 —lj’f(Zx)dx _Lq (2)—£J2‘ f(x)dx=8-1=7
0o 21 2 4}

Suyra |l =7.
CAu 53: Cho ham sé f(x) xéc dinh, lién tuc va c6 dao ham trén R thoa man

(x*+1) £/(x)+2xf (x) =xe* va f(0)=1.Giatri f(1) bang:

A e. B.1. C.In2. D.0.

Loi gii
Chon B.
Tir gi thidt (2 +1) £/ +2xF () = xe* = (x* +1) £ (1)) = xe”

Suy ra

O ey

((x2 +1) f (x)), dx :jxexdx .

N ((x2 +1) f (x))‘: =jxdex & 21 (1) - f(0) = xe*

1 1
—jexdx
0
0

S2fW)-fO)=e-e'f = fO=1

Cau 54: Cho ham s6 f (x) lién tyc trén doan [0;1] thoa man diéu kign f(x)+2f (1-x)=3x>-6x,

1
vx e[0;1]. Tinh tich phan I = [ f (1-x*)dx.
0

4 2 2
== =1 == ==
A 15 B.1=1 ® 15 D 15
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Loi giai
Chon C.
bit t=1-x,vxe[0;1] thi vte[0;1].
Tacod f(x)+2f(1-x)=3x*-6x < f(x)+2f (1-x)=3(x-1)" -3
o f(1-t)+2f (t)=3t"-3 < 2f (x)+ f (1-x)=3x"-3.

) f(x)+2f(1-x)=3x*-6x f(x)+2f(1-x)=3x*—6x
Xeét h¢ phuong trinh: =

(
2f (x)+ f(1-x)=3x"- 41 (x)+2f (1-x)=6x"—6
= 3f (x) =32 +6x-6 = f (x)=(x+1)" -3, ¥xe[0;1].

Khi do6 f(l—xz):(Z—xz)z—S =x* —4x? +1.

1
(x“ —4x° +1)dx :(X—S—A'—ijt x]

Suy ra I:j.f(l—xz)dx: E 3
0

(= e

Phan tich:
+Budc 1: Tir f(x)+2f (1-x)=3x"—6x ta gidi phuong trinh ham tim ham s6 f (x).

+ Budc 2: Xac dinh tryc tiép ham f (1-x*) roi tinh | =J1' f(1-x*)dx.
0

CAu 55: [Chuyén Hung Vwong Binh Duwong,thi Iin 5,niim 2018]Cho ham s

e+l
y = f(x) lién tuc voi moi x =1 thoa mén f (X—“Lij= x+3,x=1. Tinh | = j f(x)dx.
X_

2

A I =4e-1. B. I =e+2. C. I =4e-2. D. I =e+3.
Loi gidi
ba tt=" o xtt=xs1mx=11 suy ra f()=ﬂ 3=4+— hay f(x)= 4+i
x-1 t-1' t-1 t— -1

Taco | = T(4+xiljdx = (4x+2In|x-1)[" = 4e-2.
2 N

Cau 56: Cho hamsd y = f (x) lién tuc voi moi x=0 thoamén f (x)+2f (1j=3x,x¢o.
X

2
Tinh I:jw

1 X
2
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3 9 1 4
=2 =2, =2 =2
- 2 B 2 = 2 D 3
Loi giai
) 2
Tuong tu ta xac dinh duoc f(X)=—X+;.

3
5.

2 f(x 2 2 2V
L e (]
2 2

N

[N

1 2
Cau 57: [Pang Thic Hira — Lan 2 — 2018] Cho jf(2x+1 )dx =12 va I (sin? x)sin 2xdx = 3. Tinh
0 0

j:f(x)dx.

0

A. 26. B. 22. C. 27. D. 15.
Loi giai

Chon C.

+ bat: 2x+1=t:>dx=%.
. [x=0=t=1 . 3
Vei 1177 T Dods: [ f(2x+1)dk =2 £ (1) dt:>j X)dx = 24.
Xx=1=t=3 0 24

+ bit: sin®x=u= 2sin xcos xdx =du hay sin2xdx =du.

X=0=u=0 2 1
Vi - . Do dé: If sm X S|n2xdx If( du:>j x)dx =3.
X:E:>u— 0 0

VéyJ‘f(x)dx:Jl‘f dx+j x)dx =27.
0

Cau 58: Biét | =;f2x+3\2/);xll+ldx=a+b|n2+clng, (a,b,cez).Khidd, giatri P=a’-ab+2c
A. 10. B. 8. C.9. D. 0.
Loi giai
Chon A.

Tacod 2x+32x—-1+1=2x-1+3J2x-1+2
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bit t=y/2x-1=1t* =2x-1=tdt = dx
Pbican x=1=t=1 x=5=>t=3
3

Khi do
3

3 2 3
- j 32 dt=j(1+i+_—4jdt:(t+ln|t+1|—4ln|t+2|)‘
t +3t+2 7 (t+1)(t+2) L t+l t+2

1 1

:3+In4—4ln5—(1+ln2—4ln3):2+In2+4lng.:>a:2, b=1 c=4.

—=P=a’-ab+2c=10

/2x +1dx :a+bln2+cln§(a,b,CEZ)
Cau 59: Biét 0 2X+3v2x+1+3 3 _Tinh T =2a+b+c.

A.T=4. B.T=2. C.T=1. D.T=3.
Léi giai

Chon C

J2x X £2(V2x+1+1)—(V2x+1+2)dx
(J2x+1+1)( 2x+1+2) '([ ( 2x+1+1)(\/2x+1+2)

O'-—;-J>

-‘f J2x+1dx
02x+3 2x+1+3

2dx j“ dx

(\/Zx +1+2) - 5 (\/2x +1 +1) '

bat u=+v2x+1=udu=dx. Véi x=0=u=1, Véi x=4=u=3.

3 3
Suyra 1 - 200U, 5 Jau- ;[1_L)du
TuU+2 qu+l o u+2 1 u+l

O ey

:(u—4ln|u+2|+ln|u+ﬂ)‘f=2—4lng+ln2

—a=2,b=1c=1=T=21+1-4=1.

Cau 60: Biét j.x\/x+1fz(x+1)\/§:\/a_\/5_\/6 voi @, b C |3 cac sb nguyén dwong. Tinh
P=a+b+c.
A. P=44. B. P=42. C. P=46. D. P=48.
Lai giai

Chon D
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bat 1= '!x x++x+l I/ x+1( )

Dit t = /X + X1 = dt = YXHTHVX 13X g o _,dt
2,/x(x+1) Jx(x+1)

Khi x=1thi t=+2+1, khi x=2 thi t=+3++2.

2 dx J§+J§dt 1J§+ﬁ 1 1
= =2 [ S=-2° :—2( = )=4\/§—2\/§—2
11/x(x+1)(«/§+\/x+1) hat tl 7. 342 241
=\32-12-J4 =a=32, b=12, c=4.

Vay P=a+b+c=48.

Cau 61: Cho hai ham f(x) va g(x) c6 dao ham trén doan [1;4] va théa man hé thac

f()+g()=4 o
{g(x)——x.f (X); £ (X)=—xg'(x) Tinh | _.!'[f (x)+g(x)]dx.
A. 8In2. B. 3In2. C. 6In2. D. 4In2.
Loi giai
Chon A

Taco f(x)+g()=—x[F'()+g'0)]= [[F0)+g(0]dx=[-x[f()+g'(x)]dx.
:—x[f(x)+9(X)]+I[f(x)+g(x)]dx =-x[f(x)+g(x)]=C = f(x)+g(x):_%
Vi f)+g()=-C=C=-4

4 44 _
=y =![f(x)+g(x)]dx=kdx_8ln2.

Cau 62: [2D3-3] [THPT Chuyén Tran Pha, Hai Phong, l1an 2, 2018] Biét

2
I;dx:a+bﬁ+c«/ﬁ,vé’i a, b,ceQ Tinh P=a+2b+c-7.
1

3X+4/9%x° -1
A. —1. B. % C. 2. D. ﬂ
9 27 27
Loi gidi

Chon A.
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2 _2 x(3x—\/9x2—1) e :
'1[3x+ 9x = —!(3X+m)(3x_m)dx—!(3x — XV9X —1)dx

2
2 2 3 _ 1 _ 16
jsx dx — Ix\/gx —1dx = 7——§ (9x*-1) 1_7—5(35\/35—16ﬁ)—7+_27,/—_
Do d6 a=7, b—% :—§:>a+2b+c 7__£

2
Cau 63: Biét j

dx=+a—-+b—c,véi a, b, ceN". Tinh P=a+b+c.
L (x+1) x+xe+1

A. 24. B.12. C.18. D. 46 .
2
Cau 64: Cho biét [In(9-x")dx=aln5+bIn2+c, véi ab,ceZ Tinh P=[a|+|b|+[c|.
1

A. S=34. B. S=13. C. S=18. D. S=26.

2 4
Cau 65: Cho hamsé | () lien tuc trén & va f(2)=16, [ f(x)dx=4.Tinh | =j'xf'(§jdx
0

0

A. 1=12. B. I =112. C.1=28. D. 1 =144.
Loi giai
Chon B

Pat u=x, dv= f'ejdx = du=dx, v:Zf(gj

o

1

2

—ij( jdx =81 (2)-4[ f(t)dt =112,

0

dx 8 2
Cau 66: Cho £m+m—a\/5—§\/5+§’ a,beN". Tinh a+2b
A.a+2b=7. B. a+2b=8. C. a+2b=1. D.a+2b=5.
Loi giai
Chon B.

Theo gia thiét ta co:

.!).(\/F \/F) ((x+2)2—(x+1) j

h dx 8 2
=2\3-2+2+Z.
lm NrEE 3773

Do dd a=2:b=3 nén a+2b=8.

35
—/35.
27
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CAu 67: Choham sd y= f (x) >0 xac dinh, c6 dao ham trén doan [0;1] va thoa mén:

g(x)= 1+2018I (t)dt, g (x) ). Tinh jrdx.
A 10t B. 1099 c. 2919, D. 505.
2 2 2
Loi giai
Chon A.
Tacé g(0)=1

(x)=1+2018] f (t)dt

t
=g'(x)=2018f (x)=2018,/g(x) = =2018 = | 9'(x) g - 2018jdx

fo =
= 2(fg(t) -1) = 20181 :M:loogtﬂ:»!\/@dt:%”.

Cau 68: Cho hai ham f (x) va g(x) c6 dao ham trén doan [1;4] va théa mén hé thirc hé thirc sau

voi moi x e[1;4]

f1)=29(1)= I

PR T __LL Tinh 1 = [[ f(x).g(x)]dx
M= e TR T :
A. 4In2. B. 4. C. 2In2. D. 2.

Loi giai

Chon B.

N L g I _ 2
Tu gia thiéttaco f'(x).g(x) = I va g'(x).f(x) X\/;,suy ra

. : 1 o1
f1(x).9(x)+9'(x).f(x) = X hay [ f(x).9(x)] Ix

Do dé f(x).g(x)= Jx( \/_+C Laico f(1).g(1)=2.1=2nén C=0.

4 4 2
= =![f(x).g(x)]dx=!ﬁdx:4.
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Céau 69:

Céau 70:

[Chuyén Ngoai Ngir - Ha Ngi - 2018] Cho F(x) la mét nguyén ham cia ham sé

f(x) =[1+x|—[L-x| trén tap R vathao mdn F(1)=3. Tinhtong T = F(0)+F (2)+F(-3).

A. 8. B. 12. C. 14. D. 10.
Loi giai
Chon C
2 khi x>1
Taco f(x)=12x khi —1<x<1.
-2 khi x<-1
2X+m khi x>1
Ham f (x) c6 nguyén ham la F(x)=1x*+n khi —1<x<1.
—2X+p khi x<-1

Vi F(1)=3 nén m=1.
Ham F(x) liéntuc tai x=1 nénsuyra n=2.
Ham F(x) lién tuc tai x=-1 nénsuy ra p=1.

Vaytaco T=F(0)+F(2)+F(-3)=2+5+7=14.

Cho ham s6 f (x) x4c dinh trén R\{-11} va théa man f'(x)= 0 [(3)+1(3)=0

va f(_%]n(%j:z.ﬂnh gid tri cita bidu thire P = f (~2)+ f (0)+ f (4).

A. P=Ing+1. B. P:1+In§. C. P:1+1Ing. D. lelng.
5 5 2 5 2 5

Lai giai
Chon C.

Ta c6 ham s xac dinh trén cac khoang (—oo; 1) U(~L1)U(L+w).

x-1
—|nm+C1 (X<—l)
 as 1 |x-1
Khldo f(X): Elnm-i'cz (—1<X<1).
1 [x-1
Elnm+C3 (x>1)

D3 thy {3} & (—o0;—1); {‘?1;0;%} €(~11); {3:4) e (L+o0).
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Nen f(—3)=%|n2+C1; f(-%):%lnsmz; £(0)=C,; f(%)z%lln3+cz;

f(3):%1ln2+c3 va f(4):%m§+c3.

. 1 3 1, 3
Taco P= f(0)+f(4):C2+Elng+C3 :Elng+C2+C3.

Mt khac f(_—lj+ f [%:2:>1|n3+cz+_—1ln3+c2 =2<C,=1.
2 2 2 2
\ 1 -1
Va f(-3)+f(3)=0 :>§In2+Cl+?ln2+C3 =0<C,+C,=0.

P=1f(-2)+f(0)+f(4) :%In3+C1+CZ+%Ing+C3:1+lln§.

XZ

CAau 71: Chohamsb y=f (x) lién tuc trén [0;+ ) va I f (t)dt=x.sin(zx). Tinh f(4)

0

-1 T T 1
A f(z)=2—. B. f(z)=2. C. f(r)==2. D. f(z)==.
(v)=" ()= ()= (v)=3
Loi gia
Chon B.
Taco [ f(t)dt=F(t)=F'(t)=f(t)
X2 X2
If(t)dt:x.sin(nx) <:>F(t)o = x.sin(7zx)
0
o F(xz)—F(O): x.sin(zx) = F'(XZ).ZX=Sin(7z'x)+72X.COS(72X)
o f (xz).2x =sin(7x)+zx.cos(7X)
f(4)==
= 1 (4)=7
3 .
Cau 72: [HSG Bic Giang, 2018] Tinh tich phan | = [-——T"""% ___dx vdi a-b=0 va
2 \Ja2 cos? x +b? sin? x
a’ #b’.
__ L B.l-—2 Cl=—2. D. &
|a] +b| |a] +]b| a+b |a]+b]

Léi gidi
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Chon A.

azb

az-b’

a=0
Do abx0=>
b+0

va a2¢b2:>{

=sin2x 3 :
Taco IZ'Z[\/E dx=72i —— sm22x ) dx .
02\/a2+b2+(a2—b2)0032x o\/a +b +(a -b )cost

Dat t=,/a’ +b’ +(a’ —b’)cos2x = 2tdt = -2(a” — b )sin 2xdx = U Gin2xax.
a’ —b’

Pdican x=0=t =+2a* =/2[d, x:%:tzx/sz =2[|.

—t
V2| ——— V2]
Khi do |—— sin 2x dx= Y2 [ a’-b’ = jdt
\/a +b” +(a* —b*)cos 2x 2 py b *) bia
—\/E \/— 1
=— Y2 (J2]|-+2a])=—— .
2(a2—b2)( b~ 21e] |a) +]b]
2
Céu 73: Tinh tich phan 1 = [ sin(sinx+nx)dx véi neR .
0
1
A.1=0. B.1=2. C.l1=1. D. > .
Loi giai
Chon A.
b
Xét tich phan If(a+b—x)dx
batt=a+b—-x=dt =—dx
b b b
Poi can x=a=t=b, x=b=t=a.Khidé [ f(a+b-x)dx=[f(t)dt=]f(x)dx

Taco | :Tsin(sinx+nx)dx=Tsin(sin(Z;r—x)+n(27z—x))dx: fsin(—(sinx+nx))dx

=—_fsin(sin x+nx)dx=—1.
0

Do I=-1=1=0
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CAu 74: Tinh tich phan J.cos(mx)cos(nx)dx voi M, neNyym?=n®

A 1=0. B.1=2. C.l1=1. D.

N |-

Loi giai
Chon A.

Taco T cos(mx)cos(nx)dx :j %[cos((m—n)x)+cos((m+ n)x)]dx

-

=0

/4

sin((m+n)x)}

Do sin((m—n)z)=sin((m+n)z)=sin((m-n)(-z))=sin((m+n)(-x))=0

=%{ml_nsin((m_n)x)+ m+n

Cau 75: Cho hamsé | (%) lign tuc trén R théa man f'(X)ZX+1,VXeR+ va TO=1 i gia

X
tri nho nhét cua f(2).

A. 3. B. 2. C. g+ln 2. D. 4.
Loi giai
Chon C.

Theo gi thiét f'(x)> x+2,vxeR" nén lay tich phan hai vé voi can tir 1 dén 2 ta dugc:
X

X

b o1 3
If’(x)dxzj(x+—)dx:—+ln2.
1 1 2
Ma [ '(x)dx=f (x)f = f (2)- f (1)= T (2)-1 nén f(2)—12§+|n2.
5
Suy ra f(2)25+ln2.

bang thuc xdy ra khi va chi khi f'(x)= x+Z,x>0.
X

2
Suy ra f(x)=%+lnx+c, ma f(1)=1nén C:%.

2
Do do6 f(x):x—+lnx+1.
2 2
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n <. ) X4 o 5 . X2 1
Vay gia tri nho nhat cua f(2)=§+|n2 khi f(x)=?+lnx+5.
Cau 76: [Trwong THPT Quynh Luwu 1, tinh Nghé An, lan 2, nim 2018 ]
Cho ham sé f (x)=0 thoa man didu kien f'(x)=(2x+3) f2(x)va f(O):%l. Biét ring
tong (1) f(2)+ f(3)+...+ £ (2017)+ 1 (2018) =2 voi (acZbeN') va 2 la phan sb

t6i gian. Ménh dé nao sau diy ding?

A. %<-1. B. %>1. C. a+b=1010. D. b—a=3029.
Loi giai.
Chon D
Do f(x)=0 nén tachiaca hai vé cua f'(x)=(2x+3) f?(x) cho f2(x) ta dugc
M:2x+3. nguyén ham hai vé ta duoc _—1=x2+3x+C = f(x):_—l.
f2(x) T f(x) x* +3x+C
\ -1 -1 -1 1

Ma f(0)=—=C=2=f = = :

(0) 2 = T(x) (x+1)(x+2) X+l X+2

-1 1 -1 1 -1 1

11 21009 \jay a—-1009:b = 2020.
2 2020 2020

Cau 77: Cho ham s6 y = f (x) duong c6 dao ham lién tuc trén doan [0; \@] biét rang

£/(x)= F () +1=0va T (v8)=¢". Tinh I = [ “In[ f (x)] ox

0

A 243 B. 3&—% C. 3J§+g D. 3J3-2
Léi giai
Chon B
A ' 2 _ f'(X)_ 2
Taco f'(x)—vx*+1f (x)=0= () =Jx*+1
f'(x)
=In| f du= d
Pit u=In| (x)]:> u 0 X
dv = dx
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Ap dung cong thirc tich phan timg phan ta dugc

NA] B xf ' (x NA]
I:!In[f(x)]dx:xln[f(x)]‘f—}[%dx:xln[f(x)]‘f—lx\/m dx

N

=xIn[ f(x)] oﬁ—%!\/XZH d(x?+1)
= xinf ()] -5 (¢ + L
=3f_£

Cau 78: [THPT QUYNH LU'U 2, NGHE AN, lan 1, 2018] Cho ham s y = f (x) c6 dao ham va
lién tuc trén R thoa man f'(x)+2xf (x)=2xe™ va f(0)=1. Tinh f(1).

D._2,
e

A. e. B

L C.
e

@ | N

Hudéng dan giai
Chon C.
fr(x)+2xf (x)=2xe™ <. f'(x)+2xe" . f (x)=2x = (exz.f (x)) =2X.

L4y tich phan ca hai vé ta duoc:

1

j:(exz.f (x))'dx=j:2xdx<:>exz.f (x)O = xz‘z sef(l)-f(0)=1

sef(l)=2c f(1)=§.

Cau 79: Cho ham s y= f (x)thoamén f'(x).f (x)=x"+x". Biét f(0)=2 Tinh £2(2).

(2)= 213 ()= 332 2 (2)- 324 2 () 323
A (=20 B H(2)=22.  C (2= D)=
Lo giai
Chon B.
2 2
Taco [(x+x)dx =] £(x).f (x)dc= [ T (x)d[ f (x)]:%(fz(Z)—fz(O))
0 0
332
Suy ra £2(2)=2[ (x*+x*)dx+ f2(0) =22,
uyra f*(2) jo(x +X )dx+ (0) e

CAau 80: Cho ham sb y = f (x)théa man f'(x).f (x)=xe* Biét f(1)=e Tinh f2(2).
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Cau 81: Chohamsb y= f (x)thoa man f'(x).f (x)=x.sinx Biét f (0):%. Tinh f?2

Céau 82:

A. £%(2)=16. B. £2(2)=32.

A. f2(£j=4e2. B. f2(1j=2e2. C. f2(5j=e .
2 2 2

Chuyén Lao cai 2018) Cho ham sé f(x) lién tuc trén R

3 1
jf(x)dx:G. Tinh _[f(|2x—]4)dx.
0 -1
A l1=2, B.

3

Chon B

1
Taco I:_[ f (|2x—1|)dx -
e

Tinh 1, = | f (1-2x)dx

Le—ie

=4, co1=3
2

Léi giai

f(1-2x)dx+ | f (2x—1)dx.

Le—i e
N | e

C. £?(2)=4e"

z
2

Pat t =1-2x = dt =—2dx; Pdi can; x=-1 =t=3; x:% =t=0.

0

Vay | =1,+1,=4.

1, =i f (t)[—%dtj =%j f(t)dt =%i f(x)dx=3.
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CAu 83: Cho ham sé f(x) lién tuc va c6 dao ham trén R, c6 f(x)>0,vxeR, f (0)=1. Biét

‘;((X)) —2-2x. Tim tat ca c4c gi4 tri cia m dé phwong trinh f(x)=mc6 2 nghiém
X

rang

thuc phan biét.

A.l<m<e B.0O<m<e C.m>e D.1<m<e
Loi giai
Ta co:
T0) o o= [T [(2-20dx = In| T 2x=X +¢ < In () =2x=XC +¢
f(x) f(x)

(do f (x)>0)
f(0)=1=In(f(0))=In1=C =C=0.
=Inf(x)=2x—x*= f(x) =e* ¥ = f'(x)=(2-2x)e** =0 = x=1

Ta c6 bang bién thién

X
= 1 +oo
Yy + 0
y 8 -
0
=0<m<e
Cau 84: Cho ham sb f(x):%+9+2, voi @, b 1a hai s hitu ti thoa diéu kién
X2 X
1
[f(x)dx=2-3In2. Tinh T=a+b,
2
A . T=-1. B. T=2. C.T=-2. D. T=0
Loi gidi



1

=—a+2—(—2a—-bIn2+1)

X 1

1 1
Tacé:jf X)dx = j(—+ +2)dx (—E+bln|x|+2xj

1

2

a=1
=(a+1)+bln2, suy ra (a+1)+b|n2=2—3|n2c>{ 3 Vay T =a+b=-2.

¢ s 2
Cau 85: [SGD Quéng Nam - 2018] Cho ham s6 chan y = f (x) lién tuc trén R va j Sr;:) dx=8

2
. Tinh | £ (x)dx
0

A 2. B. 4. C. 8. D. 16.
Loi gidi

Chon D

Vi f(x) lahamso chdntrén R néntacod f(-x)=f(x), vxeR.

Pit | = jl ) ix Taco:l - j flizzf)dx:i flizz):)d“i fl(fzf)dx.

0
Xét |1=j%dx.
-1

—

0
Pat x=-t = |l=jf(2f
1

1+2*

1
Dodétaco I =[f(2x)dx.
0
1 12 12
Pjt u=2x. Taco |=jf(2x)dx=§jf(u)du:-jf(x)dx.
0

Két hop voi gia thiét ta duoc _[ x)dx =16

M¢ rong: Lam tuong tu ta co bai toan tong quat:

Cho ham sb chdn y = f (x) lién tuc trén [~a;a]. Vi k 1a mot sb thuc khac 0, mla mot

ka
f(kx)dx_ijf(x)dx.
1+m* ks

s6 thyuc duong thi j

—a



<Mz

HavaMArH

Cau 86: [SGD Quing Nam - 2018] Cho ham s f (x) c6 dao ham lién tuc trén doan [0;1], f (x)

va f'(x) déu nhan gia tri duong trén doan [0;1] va théa man f(0)=2,

H‘”(X)-[ +1}dx 2j\/7 x)dx. Tinh j[f (x)T dx.

AR B. 15 c. 7. pD. 2
4 2 2 =5
Loi giai
Chon D

Vi f(x) va f'(x) déu nhan gid tri duong trén doan [0;]] nén tur
x).[ f(x)] +1}dx 2]/ x)dx suy ra .[[J .f(x)—l}zdx:o.

Ma [ f’(x).f(x)—l} >0 nén f'(x).f(x)=1, vxe[0;1] hay

O
1
—h
—

x).[ f(x)] =1, vxe[0;1].
Vay [£/(x).[ F(x)] dx=[dx :@: X+C (*)

Trong (*) thay x=0 duoc ng’ suy ra [ f (x)]3=3x+8.

Vay j[ x) ] dx= £3x+8)d =

0

100
Cau 87: gia tri cua tich phan _[ Xx(x-1)(x—2)...(x—100)dx bang

0

A.0. B. 1. C. 100. D. Két qua khac.
Loi giai

Chon A.

bat x=100—-t = dx =—dt

Poi can x=0=1t=100; x=100=>t=0

Khido | = _T(100—t)(99—t)...(—t)(—dt):ljp(loo—t)(99—t)...(—t)dt

100 0

:io(t —100)(t—-99)..t.dt

0
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= [ (x-100)(x—99)...xdt =

0

Suyral+1=0<1=0.

T
2 Sin X cos X

Cau 88: Tinh tich phan | =j dx voi a-b#0 va a2 = b?.
2 a2 cos? x +b? sin? x
Al=—t B.l=—2 | Cl=—2. D. &
|af+ o] |af+]b] a+b [a]+ o]
Loi giai
Chon A.

a#b

Do ab=0= 1270
= )
b a#-b

va a’ b’ =
=0

, 2 5 Sin2x \/Eg sin 2x
Tacolzj'ﬁ dx:7j' — dx .
02\/a2+b2+(a2—b2)c052x 0\/a +b +(a -b )COSZX

Pt t = \/az +b +(a” —b?)cos 2x = 2tdt = -2(a’ —b” )sin 2xdx = Z_t—dtbz = sin 2xdx.
a i

Pdican x=0=t=+2a’ =2[a, x:%:t:x/sz =20

—t
2 : V2ol ———— _ V2[o
Khi d6 |=£j Sin 2 d= Y27 @b g Zﬁz [ dt
2 o\/a2+b2+(a2—b2)0052x 2 pa 1 2(a® -b%) g,

2 1
_m(ﬁ|b|—ﬁ|a|)_—|a|+|b| .

2z
Cau 89: Tinh tich phan 1 = J.sin(sin x+nx)dx voi neR .
0

A 1=0. B.1=2. C.l1=1. D.

N |~

Léi gidi
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Xét tich phan i f(a+b—x)dx

batt=a+b—-x=dt =—dx

b b b
Poi can x=a=t=b, x=b=t=a.Khid6 [ f(a+b-x)dx=[f(t)dt=[f(x)dx

2z 2z 2r
Taco | = jsin(sinx+nx)dx: _[sin(sin(27r—x)+n(27z—x))dx = jsin(—(sinx+nx))dx
0 0 0
2r
:—jsin(sin x+nx)dx =—1.
0
Do I=-1=1=0
Cau 90: Tinh tich phan J.cos(mx)cos(nx)dx voi M, neNyym?=n®

A 1=0. B.1=2. C.l1=1. D.

N

Loi giai
Chon A.
Taco jf cos(mx)cos(nx)dx = T %[cos((m—n)x)+cos((m+n)x)]dx

V4

=0

-

:%{ml_nsin((m—n)xﬁ minsin((m+n)x)}
Do sin((m—n)z)=sin((m+n)x)=sin((m-n)(-z))=sin((m+n)(-z))=0

1 aJB

—dx= , trong d6 a,b,c la
cos® x C

Cau 91: [Nguyén Khuyén, Binh Dwong, 18/3,2018] Biét

o'-—,w‘.}]

cac sO tu nhién doi mot nguyén to cung nhau. Khi d6 gia tri cuia T =2a?—3b%+4c? bang bao
nhiéu?
A. T=-15. B. T=14. C. T=-13. D. T=17.
Loi giai
Chon A.
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Tacélzi L oax :j‘ 1 & :J%(1+tan2x). d); i(1+tan x)d(tanx)
0 0 0 0

tan® x \°
—| tan x +
3

0

—2J3=a=2b=3c=1

Vay T =2a%-3b® +4¢” =2.2° -3.3? + 4.1 =15,

n’ x avb—-c , \ Y L x NS
dx = , trong d6 a,b va c,d la cac cap so tuy nhién nguyén to6 cung

Cau 92: Biét [
cos® x d

N —w|y

nhau. Khi d6 gia tri cia T =ab+cd bang bao nhiéu?

A. T=6. B. T=246. C. T=-13. D. T=17.
Loi giai
Chon B
2 5in® x 3 1 3 1
Tacd | = dx = [tan®x dx = [ tan®x. : dx
-,[ cos® X -,[ cos* x -,[ cos’ X cos’ X
6 6 6
3 3 5 2 \s ~
Itan x(1+tan x) d(tanx) :J.(tan2x+tan4 x).d (tanx) = fan"x , tan"x =42\/é 8
. . 3 ). 15
G 6 °
—a=42,b=3,c=8,d=15=T =246
A ok ? alnb
Cau 93: Biét I =2 trong d6 a,b,c 1a c&c s6 ty nhién doi mot nguyén to cung nhau.

Khi d6 gia tri ciia T =4a®+3b% —2c bang bao nhiéu?
A. T=5. B. T=29. C.T=T7. D. T=17.

Loi giai
Chon B.
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4z 4z
Ldx = i;dx:%z;dx

N'—uw‘a

T

Taco I =
. X . X X ) X
sin= 2sin—.cos— tan —.cos® =
2 4
47r 4x
3
:2.[ 1 d(tan j 2In(tan5j =In3
" tan4 4 4

=a=1b=3c=1=T=29

Cau 94: Néu J' f(tt)dt+6 2/x véi x>0 thi hé s a bing
A. 9. B. 19. C. 5. D. 6.
Loi giai
Chon A.
ft(zt) suy ra F(t) = f(t)
Taco jf(t)dt 6=2JX = F()[ +6=2Jx = F(X)—F(a)+6=2Vx
| 1t 1
F'(X)=2.—& == = f(X)=xJ/x
= F'(x) N AR (%)
jf(t)dt—j—dt j\[dt—Z\/_l =2Jx-2Ja=2Jx-6 (gt)

Vay Ja=3=a=9.

1

Cau 95: Cho ham sd f (x) c6 dao ham lién tyc trén [0;1] théa man f (1)=0, j[f’(x)]2 dx :% v

0
4 —
[x f(x)dx——55 Tich phan j x)dx bing?

-1
c. = D. =
55 11

>
|
W
~N| =

Lai giai
Chon A.

1
Taxét | =[x*f (x)dx.



<Mz

HavaMATH
- {u: f(x) _

dv = x*dx vV=—

Cau 96: Cho ham sb f(x) lién tuc trén R vaco f(O)ZO; f’(X)Slovéri moi xeR. Tim GTLN

ma T3 6 thé dat duoc?
A. 30. B. 10. C. 60. D. 20.
Lo giai

Chon A
3

Vi 10— f'(x) >0 véi moi xeR nén: I[lO— f'(x)]dx 20 «[10xf (X)]E >0
0

< [103-(3)]-[10.0- f (0) |20 = f(3)<30

Vay GTLN ma f (3)co thé dat duoc la 30.

Cau 97: Cho biéu thirc S=In|1+ [ (2-sin2x)e*dx |, v6i s6 thuc m=0. Khang dinh dung 1a.

N oy

4+m?

A. S=5. B. S:ZCot( d 2)+2In(sin z 2).
| 4+m 4+m
C. S=9. D. S:tan( dd 2j+ln( dd 2)'
4+m 4+m

Léi gii
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Chon. B.

Taco (2-sin 2x)e2°°“dx = | 2edx— | sin2xe’®dx=1-J .

hl'—.l\)\-fl
NN
N — [y

2 2 2

44+m 4+m 44+m

u= eZCOIX du = —%.eZCOthX
bat{ 7 N sin® x
dv = sin 2xdx 1 1,
V:—§C082X+§:S|n X

. 3 .
J =sin?xe*™2 4 I 207 qy =1_sin?| —~ j.e200t4+m2 1

4:“2 T +m2

4+m?
A ; 2cot ”2 T ; T
Vay S =In|sin?| —Z= ~ e+ |=2cot > |+2In| sin = .
4+m 44+m 44+m

Cach 2:

Thay m=1taco S ~1,689976611, kiém tra chi c6 dap an B thoa man
Cau 98: [Han Thuyén,tinh Bic Ninh,lan 3,nim 2018] Cho ham sé y = f (x), lién tuc trén [0;1]

1 1
va thoa mén j(x+1)f '(x)dx=10 va 2f (1)— f (0)=2. Tinh | =I f(x)dx..
0 0

A. | =-12. B. 1=8. C.1=12. D. | =-8.
Loi gii
Chon D.
bit u=x+1 du =dx
? dv:f'(x)dx:> v=f(x)

Ap dung c6ng thtc tinh tich phan tirng phan va gia thiét bai toan, ta duoc:
1O='(1|:(x+1)f '(x)dx=(x+1) f (x)\(l)—i f(x)dx=[2f(1)-f(0)]-1=2-1
=1=2-10=-8.

Cau 99: Cho ham sé f (x)lién tuc trén Rva f (2)=16, [ f(x)dx=4.Tinh | =I04xf’[§jdx.
A l=12. B. I =112. C.1=28. D. 1=144.
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Loi gidi
Chon B
X =2t

*) bat tzgj{dx=2dt (VO x=0=>t=0x=4=>1t=2.
*) 1= [ 2t (t)2dt = 4] taf (t)=4tf (1) 4] f (t)dt
=4.2.f(2)-4[ f(x)dx =4216-44=112.
Cau 100: Biét F(x)la mot nguyén ham ciia f (x), F(x)va f (x)la cac ham lién tyc trén R, théa
man J'iF(x+1)dx:1;F(3):3. Tinh 1 =I03xf (x)dx
A.l1=8. B. 1=9. C. 1=10. D. I =11.
Léi giai
Cheon A

*)Taco: 1= IF(X+1)dx_I F(x+1)d(x+1) = J' dt:>_[ (x)dx =1.

*) 1= [ xf (x)dx = [ xdF (x) = xF (x) - [ F (x)dx=3F (3)-1=8.

Cau 101: Cho hamsd f (x)lién tuc trén Rva f (1 =2, f(x)dx=5. Tinh
3 [ X
= [, (6=x)f (gjdx.
A.l=61. B. 1 =63. C. 1=65, D. 1 =67.
Loi gidi
Chon B

*)Détt—ij x=3 ; VOl x=0=>t=0;x=3=>1t=1
T3 |dx=3dt’ T

*) 1= [ (6-3t).'(t).3dt =9 (2-t)df (1) =9[(2-t) f ()]}, -9 f(t)d (2-1)
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=9 f(1)-2f (0)]+9 f(t)dt=9.2+95=63.

Cau 102: Cho ham s6 y=f(x) lién tuc trén R va théa man f(-x)+2018f (x)=xsinx. Tinh

| = Jz' f(x)dx?

7
1 B 2. c 1 . D L .
1009 2019 2019 2018
Loi giai.
Chon B

Theo gid thiét f (—x)+2018f (x)=xsinx. = f (x)+2018f (—x) = xsin x.

suy ra (2018° —1) f (x) = 2017xsinx = f (x) = ﬁx.sin X .

Dodo | =——
2019

X.sin xdx = —L

2019

—_—o |y
—nlN

x.d (cosx)

NN

NN

1 z
———| xcosX|2, —
2019 -5

T

1 . 2
cosx.dx |=——sinx|?, =——.
2019 -5 2019

2

V[N

2

Ny

Cau 103: Cho ham s | (

>
~—

xac dinh trén R\{-1 thoa mén f'(x)= 3 . f(0)=1

Xx+1’
F)+f (_2):2. Gia tri cua f(=3) bang
A.1+2In2. B.1-In2. C. 1 D. 2+In2.
Loi gidi
Chon C.

Taco f (x)=j f*(x)dx :Ixildx =3In|x+1+C
+

3In(x+1)+C, khi x>-1
= f(x)= _

3In(—x-1)+C, khi x<-1
Theo gia thiét:
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f(0)=1 C, =1 C, =1
= =
f(1)+f(-2)=2  |3In2+C,+C,=2 ~ |C,=1-3In2

3In(x+1)+1 khi x>-1
= f(x): i
3In(—x—1)+1—3|n2 khi x<-1
Vay f(-3)=3In2+1-3In2=1.
f tanx r—a
[ o g
5 cosx+x 7—-b
CAu 104: Biét 3 , (a,beZ). Tinh P=a+b.
A P=2. B. P=-4. C. P=4. D. P=-2.
Loi giai
Chon A.
o6 ]5 1- xtanx ]’~ COS X — XSin X
5 X cosx+x 5 XCOSX(XCOSX+1)
3 3

Dit t = xcosx = dt =(cos x—xsin x)dx.

2: A 2r T
bol can: x:?:t:——; X=nr=>t=-x

D d'-jl_xﬂdx—]{z at —T(}——jdt |n|t|_7[ In|t+1|_”
o ¢o: 5 X2COSX+X SOt t+1) -z

3 3 3 3 3
:Inn—lnz—ln(ﬁ—l)ﬂn z_ :In”—_3 —=a=3; b=1.
3 3 1

Vay P=4.

Cau 105: Cho ham sb f (x) c6 dao ham xéc dinh, lién tuc trén doan [0;1] dong thoi thoa mén cac
didu kien f'(0)=-1 va [f'(x)] =f"(x). Pat T=f(1)-f(0), hdy chon khing dinh
dang?

A 2<T<-1. B. -1<T <O0. C. 0<T <1. D.1<T<2.
Lai giai
Chon B
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T gia thiét ta co I:”—()()dx=jldx<:jde:jl.dx<z f_(lx) =X+C

Ma f (0)=-1 nén ¢ 1 =>T=|-——=-In2
X

Cau 106: Biét rang J' S X+l dx=2" b V6i a,b,c la cac s6 nguyén duong. Tinh T=a+b+c.

) X++/x—1 c
A. T=31. B. T=29. C. T=33. D. T=27.
Loi gidi
Chon C.
it )t |
J;;Jr:/);jdx:! Xx+Jx—1 = j( \/_)dx_ 2 3) 2
2

=19- 4\/_ . Vay a+b+c=19+8+6=33.

0

1 3
Cau 107: Cho ham s6 f(x) lién tuc trén [0:3] va jf(x)dx:z; ff(x)dx=8. Gia tri cua tich phan
0

1
[ f(2x-1])dx la:
-1

A. 6. B. 3. C. 4. D.5
Loi giai
Chon D.
—2x+1,sz1
Taco: [2x-1]= 12 nén
2x—1,Vx2§

1 05 1
[ fl2x=1])dx= [ f(-2x+1)dx+ [ F(2x-Ddx=E+F
-1 0,5

0,5 3
= [ f(-2x+1)dx =%j f(t)dt ta dbi bién t =—2x+1,

-1

1 1
= :%j f(2x-Ddx=[ f (O)dt, ta di bién t=2x-1,
0 0
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Vayj (12x-1/)d =—jf(x)dx+ J'f(x)dx 1+4=5

Cau 108 (SGD VINH PHUC) Goi S(t) la di¢n tich hinh phang gici han béi cac dwong

1 . .
y=———,y=0,x=0, x=t(t>0). Tim limS(t).
(x+1)(x+2) (t>0). Tim limS(t)
A. —InZ—E. B. In2—1. C. l—In2. D. In2+l.
2 2 2 2
Loi giai
Chon B.
Vitrén [0;t], y=%>0 nén ta cé dién tich hinh phing
(x+1)(x+2)
t t
:J. _J‘ X+3 j 1 : dx
o (x+1)( x+1 x+2 5 X+1 x+2 (x+2)
.S L N P
X+2 x+2 t+2 t+2 2
Vi tim[{ 2 ) 21 = timin £ 2o, tim——0
oo {42 e\ t+2 e t+2
Nén I|mS( )—I|m Inﬂ+i+ln2—1j=ln2—l.
o0 ool t4+2 t+2 2 2

1
Cau 109: Cho ham sé I f (x)dx =4, trong d6 ham s6 y = f (x) 1a ham s6 chén trén [-1;1]. Tinh
]

2" +
A. 2. B. 16. C. 8. D. 4.
Loi giai
Chon A.
Céach 1.

Patt=—x=dt=—dx. Pdican x=-1=t=1; x=1=t=-1.

duge: 1= [~ f(x)ax=—[ 2 F ()= 2 (k=2 f (x)d
Ta duoc: | = —f (x)dx=— ~t)dt= [ —=— f (t)dt = f (x)dx
Y 1+2 +27 1+2' 1+2
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) 1 1 2x 1
Do do: 21 =:[11+2X f(x)dx+;[11+zx f(x)dx=:[lf(x)dx=4:> | =2.
Cach 2.
2 |5 har ok s o [ty 2 , 4 2
Chon h(x)=x* la ham s6 chan. Ta co: Ix dx:g.Dodo: f(x)=7h(x)=6x".
-1 =
3

1 1 2
Khi do: J'de: jGde:z.
225 +1 2 2°+1

L&i binh: Véi cach 1am nay, chi can hoc sinh nam ré nguy@n tac tim mot ham sé dai
dién cho Iop ham s6 thoa man gia thiét bai toan 1a cé thé dé dang tim duogc két qua bai

toan bang may tinh hoac bang phuong phap co ban véi ham so y = f (x) kha don gian.
Doi voi bai toan nay ta co the chon ham sé h(x)=1 cho don gian.

Cau 110: Cho ham sd f (x) thoa man [ (x+3) f'(x)dx =25 va 33f (8)-18f (3)=83.

sl 08 ..
Giatri L f(x)dx la:
A 1=83. B. | =38. c1=38 D. 3.
3 8
Loi giai
Chon C.

Taco [ (x+3)F(x)dx=25.

bat {:vzzx:’:zx)dx = {Su::fd();) = A=(x+3)f (X)E —LS f (x)dx

=111 (8)-6 (3)- [, f(x)dx

Tac6 33.f (8) 18 (3) =83 =11f (8)—6f (3):8_;.

83 (o \ g 83 8
Suyra A==~ f(x)dx. Ma A=25= | F(x)dx=""-25==.

9

Cau 111: Giatri I = J' xzsin(nx:“)ews(“ Jdx gin bing sé nao nhit trong cAc sb sau day:
1

)

A.0,046. B.0,036. C.0,037 D.0,038.
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Loi giai
Taco
9 9
A cos(zx® A cos(zx® 1 cos(zx 2 1 2 RN
I = [ Xsin(7x°)e (™) :ije ( )d3|n(7rx3)=—e ()N Ll ez g2
A 37 1 3 % 37
¥o B3
~—-0,371

. 4(x=1)In(x?=2x+2
Cau 112: Biét |=j(x )2”(" x+2)
> X*—2X+2

dx=%(|n° a—In°b) , V6i ab,c la cac s6 nguyén duong.

Tinh a+b?+c®.

A. 3. B. 22. C. 14. D. 20.
Loi giai
Cheon B.
.. 4 x 1 In X>—2X+2 14
Tach: | = ! = —2x+2 )dx:EJZ.In(xz—2x+2)d(|n(x2—2x+2))

:%Inz(x2—2x+2)“21 :%(Inzlo—lnzz).

Vay a=10,b=2,c=2=a+b’+c* =22 .

2
Cau 113:Cho ham s§ y= f(x) lién tuc va c¢6 dao ham trén R théa man f(2)=-2, j f(x)dx =1.
0

Tinh tich phan | =f (v ax.
0

A 1=-10.B. 1=-5. C.1=0. D. I =-18.
Léi gidi

Dit Vx =t = dx=2tdt . Ddi can : x e [0;4] =t €[0;2]

2
| = It.f (t)dt sir dung phwong phap tinh tich phan timg phan ta duoc :
0
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2
I:{tf (t)|§—jf(t).dt}:—10. ( Vi tich phan khéng phu thudc vao bién s6 nén
0
2
jf(t).dt:l).
0

Cau 114:Cho a la sb6 thuc duong. Biét ring F(x) la mot nguyén ham cua ham s

f(x):ex(ln(ax)+1j thoa mén F(£j=0 va F(2018)=e®®. Ménh d& nio sau day

X a
dung?
A ae[ L ;1). B. ae(o;i}. C. ae[1,2018). D. ae[2018;+w).
2018 2018
Loi giai.
Chon A.
Cau 115: Biét ring F(x) la mot nguyén ham trén R caa ham sé f(x):ﬂ thoa man

( X2 i 1)2018

F(1)=0. Tim gia tri nho nhit m cua F(x).

Am=-Z. Bm=tZ. com=Z M D. m=>
Léi giai.
Chon B.
’
Taco F(x)=j(X22(1117))2(018 dx = 20217 J(O)'( Sil}t)s _ % '(X2 +11)m c
Do F(1)=0 nén C:% F(x)=—1. L o+ 21018 2—1+%:%
2 2'(x+1)" 2 2 2 2

1
Cau 116: Biét rang Ixcostdx=%(asin 2+bcos2+c), Véi a,b,ceZ Khing dinh ndo sau day
0

dung ?

A.a+b+c=1 B. a-b+c=0. C. 2a+b+c=-1. D. a+2b+c=1.
Loi giai

Chon B.

du = dx

u=x
bat = 1 . :
dv = cos2xdx V:ESII’] 2X
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1
jxcos 2xdx :lxsin 2X
) 2

1 1 1
—lfsin 2xdx:lsin2+1c052x :E(ZSin2+c032—1).
2 2 4 0 4

Suyraa=2b=1c=-1=a-b+c=0

5
] 1
Cau 117: Giasutichphan | = | ——=——=dx=a+b.In3+c.In5. Luc dé:
P J1-1+\/3x+1
A. a+b+c:i. B. a+b+c:§. C. a+b+c=z. D. a+b+c:§.
3 3 3 3
Lo giai
Chon A
5
1
Xét | = | ———dx
J1-1+\/3x+1

Pit t =v3x+1=1t? =3x+1= 2tdt = 3dx

x | 1
o
4
Do d6 I:ZILdt:g(t—ln(Hl))r:ﬂ+ﬂln3—ﬂln5:>a+b+c=ﬂ.
1+t 3 2 3 3 3 3

2

Cau 118: Cho ham sb f(x) =ﬁ+bxex. Tim @ va b biétring f'(0)=-22
X+

1
va [ f(x)dx=5.
0

A. a=-2b=-8. B.a=2b=8. C. a=8b=2. D.a=-8b=-2
Loi giai

ChonC

Taco f'(x)=— (xial)4 +b(x +1)e”

Suy ra f '(0) =—22 < —3a+b =-22 (1)

1

:§a+b.
8

= +b(x —l)ex}

i 1 a )
Taco ! f (x)dx :ﬂ(xﬂf +bxe }dx :{— T

0
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Theo bai ra jf(x)dx=5 @§a+b:5 ().

Ba+b=-22 g
T (1) va (2) ta co hé .
(D) (2) ¢ §a+b=5 Cj{sz

Cau 119: Cho ham s6 y=f(x) lién tuc trén R va théa man f(-x)+2018f (x)=xsinx. Tinh

C—y N [N

I=| f(x)dx?
:
A L B. 2 . c. 1. D. 1 .
1009 — 2019 2019 2018
Lai giai.
Chon B
Theo gia thiét f (—x)+2018f (x)=xsinx.= f (x)+2018f (—x) = xsin x.
suy ra (2018° —1) f (x) = 2017xsin x = f(x):ix.sinx.
3 L 2
Dodo | =—— .[ x.sin x.dx:—m _[ x.d (cosx)

2019

NN

NN

1 i z
cosx.dx |=——=—sinx|?, =——.
2019 2 2019

N

1 z
=———| XCOS X2, —
2019 z

NI

2
Cau 120: Biet rang trén khoang (1;+ooj ham so f(x)=M c6 mot nguyén ham
2 \2x-1

F(x) = (ax? +bx+c)v/2x—1 ( trong d6 a,b,cla cac s6 nguyén). Tong S =a+b+c bang
C. 4. D. 5.

Léi gidi.

A -3 B. 3.

Chen B
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2
Ta tinh duoc F'(x) = 5ax” +(-2a+3b)x-b+c

N2x-1

néntacd F'(x) = f(x), vxthudc khoang (%;m} suy ra

. Do F(x) la mot nguyén ham cua f (x)

5ax’ +(—2a+3b)x—b+c  25x*—7x—4
J2x-1 J2x-1

DPdng nhat hé s6 ta duoc a=5b=1c=-3.

Cau 121: Biét ring trén khoang (L-+w) ham sb f(x):—l‘LS)(z_g’(_3
20x—-1

F(x) = (ax?+bx+c)Vx—1 (trong d6 a,b,c 1a cac s6 nguyén). Téng S =a+b+c bang
A. 3. B. -3. C. -4 D. 4.

Léi giai.

cd mot nguyén ham

Chen B

5ax® + (—4a+3b)x—2b+c

. Do F(x) la mét nguyén ham cua f (x
e (x) lamot nguy ()

Ta tinh dugc F'(x) =

néntaco F'(x)= f(x),vxthuoc khoang (1;+w) hay

5ax’ +(—4a+3b)x—2b+c 15x*—9x—9

2Jx -1 2Jx -1

DPong nhat hé sé ta duoc a=3,b=1c=-7.

Cau 122: Xét ham s6 f(x) lién tuc trén doan [0;1] va théa man 2f(x)+3f(1—x) =~/1—x . Tich

1
phan [ f (x)dx bang
0

c.= D.

A
15

wN
w
o
gl w

Loi giai
Chon C.
Taco: 2f(x)+3f1—x)=+/1-x (2).
biat t=1-x, thay vao (1), ta dugc: 2f(1—t)+3f(t) =/t hay 2f1—x)+3f(x) =/x (2).

T (1) & (2). ta duoc: f(x)=§\/_—§\/l—x.
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2

Do do, t f(x)dx =— dx—— J1- dx_———

ooacoj() j\/_ I RTRETE

Cau 123: Cho F(x) lamot nguyén ham cua ham s6 f (x)=e* (x*—4x). S6 cuc trj ciia ham F (x)
la
A. 2. B. 3. C. 1. D. 4.
Loi giai

Chon B.

' 4 r_ X2 (3 =
F'=f(x).Taco F'=0<e (x —4x)<:> e
Bang xét dau:
X —0 -2 0 2 +00
F’ - 0 + 0 - 0 +

Vay ham s6 F(x) c6 3 cuc tri

0
Cau 124: Cho ham sé y=f(x) la ham I¢ va lién tuc trén [-4;4], biét [ f(-x)dx=2 va
2

2 4
[ f(=2x)dx=4. Tinh I = f (x)dx
1 0

A. 1=-10. B.1=-6. C. 1=6. D. I =10.
Loi giai

Chon B.

Vi f(x) lahamlénéntaco f(—x)=—f(x).

Tacoj x)dx =2——— —Tf(t)dt:2<:>if(t)dt:2:if(x)dx.

2 0 0

[ 1 (-2x)dx=] f (2x)dx 2251t (u)du= 4@j du——8<:>j dx=-8.
1 1 22

4 2
Do do: [ f(x)dx=[ f(x dx+j x)dx=2-8=-6.
0 0
Cau 125: [Trwong chuyén Thai Binh,tinh Thai Binh,lan 4,nim 2018] Cho

de ae+bln(e+c) voi @, b, C€Z Tinh P=a+2b-c,

. X+e
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A. P=-1. B. P=1. C. P=-2. D. P=0.
Loi giai
L x2+x)eX L xe* (x+1)e” 1 xe +1-— 1 x+1)eX
Ta co: (—d = d
! xter o -([ ex+1 ! e'x+1 X

Vay, P=a+2b-c=0.

Cau 126: [2D3-3][Trwong chuyén Thai Binh,tinh Thai Binh,lan 4,nam 2018]Cho tich phan

t(x+1)Inx+2 1 N : Z :
ILdX:aewLbln[e;J trong d6 a, b la cac s6 nguyén. Khi do ti so a bang:
1 1+xInx e b

A.%. B. 1. C.3. D. 2.
Loi giai
x+1 Inx+2 t Inx+1 .
Tacoj 1+x|nx —j( 1+Xlnxjdx:[x+ln(1+xlnx)]1— In(e+1)-1

_e+In(e 1) Suy ra: a:b=1:>%:1.
e

Cau 127: [Trwong chuyén Thai Binh,tinh Thai Binh,lan 4,nim 2018] Cho tich phan

F
j sin x dx=az+bIn2,véi a, beQ.Khidé a+b bang:
5 28N X+CoS X
1
Al B. 2. C. 5 D.0
Loi gidi
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Ta co: sinx  A(2sinx+cosx)+B(2cosx—sinx) (2A—B)sinx+(A+2B)cosx
" 2sinX+CcosX 2sin X +cos X B 2sin X+ Cos X
2
2A-B=1 Azg
= = .
A+2B=0 1
B=—=
5
) 3 sin X 22 12cosx—sinx 2 1 ] x
Khi dé: I=_[ :J‘(———_—jdx:[—x——ln|23|nx+cosx|} 2
5 28iN X +C0S X o\5 52sinXx+cosx 5 5
:z—llnz.
5 5

Suy ra: a_% b:—%.vay, a+b=0.

Cau 128: [Truwong chuyén Thai Binh,tinh Thai Binh,lin 4,niim 2018] Cho ham sé y= f(x)
5

5
c6 dgo ham trén R va f(5)=10 [xf'(x)dx=30 .Tinh [ (x)dx
0

0
A.-20. B.70. C.20. D.-30.
Léi gii
ChenC.

Xét | —jxf x)dx =30

Dt u=Xx du =dx
? dv=f’(x)dx:> v=f(x)
5

Viy = |, —jxf X)dx = xf ()| jf(x)dx=5f(5)—jf(x)dx

0

Ma 1, =30 va f(5)= 10vay:>j x)dx =20,

Cau 129: [Truong chuyén Thai Binh,tinh Thai Binh,lin 4,niim 2018] Cho ham sé y= f (x)

2 5
c6 dao ham trén R va f(2)=15  [xf'(x)dx=60 .Tinh [ (x)dx
0

0

A.-30. B.70. C.30. D.-50.

Léi gidi
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Chen A

Xét 1, _jxf x) dx = 60

bat u=x du =dx
2 dv:f'(x)dx:> v=f(x)

2

Vay = |, —jxf X) dx = Xf ()| fff(x)dx=2f(2)—f[f(x)dx

0

Ma 1, =60 va f(2)=15 vay :>j x)dx =-30.

Cau 130: [Truwong chuyén Thai Binh,tinh Thai Binh,lin 4,niim 2018] Cho ham sé y= f(x)
4 4
c6 dao ham trén R va f(4)=13  [xf'(x)dx=24 Tinh [ f(x)dx
0

0
A 11, B.—28. C.76. D.28.
Léi giai

Xét | _jxf x)dx = 24

Dt u=Xx du =dx
? dv=f’(x)dx:> v=f(x)
4

Vay = |, —jxf X)dx = xf ()| jf(x)dx=4f(4)—jf(x)dx

0
Ma I, =24 va f(4)=13 vay :j X)dx = 28.
Cau 131: [Truang chuyén Thai Binh,tinh Thai Binh,lan 4,nim 2018] Cho ham s6

1
f(x)=x"-4x*+2x* —=x+1,vxeR. Tinh jfz(x)f'(x)dx
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1
0 3 3

Tac [ 121" ()ax=] (o ()=

Cau 132: [Trwong chuyén Thai Binh,tinh Thai Binh,lan 4,nim 2018] Cho ham sb
1
f(x)=x*-3x"+3x-2, ¥xeR. Tinh I f2(x)f’(x)dx
0

B. 15 C.

4

A

Mlw
S
N

Loi giai
Chon D.
P ff(1)-f4(0) 15

Taco ifs(x)f'(x)dx:j‘ﬁ(x)df(x) 2 lo™ 7 ==

0

Cau 133: [Trwang chuyén Thai Binh,tinh Thai Binh,lan 4,nim 2018] Cho ham s6

1
f(X)=x"=5x"+3x"+1, vxeR. Tinh [ 2 (x)f'(x)dx.
0

AL B L . c.__L* . D. L |
2018 1009 2018 1009
Loi gii

f 2018 (X)

i 1 1 1 f2018(1)_f2018 (0) 1
20 ' _ 20 _ _ —
Taco!f 7 (x)f (x)dx—.([f 7 (xf () =

0 2018 ~ 2018

Cau 134: [Trudng chuyén Thai Binh,tinh Thai Binh,lan 4,nim 2018] Cho F(x) la mot

nguyén ham cta ham s6 y =

VOi VXeR\{—%+k7z,k EZ}, biét F(O)zl;

1+sin2x
F(ﬂ):O.Tinh P:F(_—ﬂj—F(gj.
12 12
A. P=2-43. B. P=0. C.Khéng ton tai P. D. P=1.

Léi gidi
Chen D.

Cach 1:



HavaMATH

Tacd F x :f+dx: - = _dx
1+sin2x Zsinz[x+7r]
4

1 T :
-=cot|x+—|+C, khixe
2 [ +4]+ !

T 3
T kem 2T k2
427 7T]

1 T )
-=cot|x+—|[+C, khixe
2 [ +4]+ 2

3r VL
ST koI k2
g ey W]

1 T 3, .. T 3T
-—cot|Xx+—|+—=khixe|——+k2m—+k2
> [ +4]—|—2 [ 4—|— i 1 + 77]

3 1 ] '

1 ) 1., .
-—cot|X+—|+=khixe|—+k2m—+k2
2 [ +4]+2 g T e

Khi d6 P = F(ij—F(&jzl
12 1

Cach 2:

Taco P= F(%)—F(%}:{F(o)—F(—%H{F(n)—F(%ﬂﬂz(o)—l:(n)

¢ 1 Tl
:—I - dx + I - dx+1.
- 1+sin2x 11, 1+sin2x
B T}

Tacd 1 1 = 1 nén

1+sin2x (sinx+cos x)2 2 c0s2 (X_”j

0

¢ o1 1 1
_[[1+Sinzxdx:§tan(x—%j x :§<_1+\/§);

12

12

Tl 1 " 1
dx==tan| x—— =—(-1++/3).
11[[1+sin2x 2 [ Jllﬁ 2( +I)
12

Vay P=1.

12

Céu 135: [Trwong chuyén Thai Binh,tinh Thai Binh,lan 4,nim 2018] Cho F (X) la mot

nguyén ham cua ham sb y=[2x—4 xéc dinh trén RV 2 hoaman T 1 =1 va

f3=-2 F—-1+F 4

. Gié tri cua biéu thirc bang

A. —6. B.7. C. -14. D. 0.
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Loi gidi
Chon A.
Tach F x :f|2x—4|dx: f 2x—4 dx khi x> 2

Xx—2°+4C, khix>2
f— 2x—4 dx khix <2

— x—274C, khix<2

F1=1 “14C,=1 [C,=-3 x—2°-3 khix>2
Do = & nén F x =

C,=2 — x—2242khix<2

Vay F —1 +F 4

9+2+4-3=—6.

Cau 136: [Trwong chuyén Thai Binh,tinh Thai Binh,lan 4,niim 2018] Chohamsé f x xac
o e 2 \ 1 1
dinhtrén R\ —%1 vathéaman f’ x =— T f -3+f3=0vaf > f >

X

=2

.Giatricuabiéuthic f —2 +f 0 +f 4 bang

A. 2In2—2In3—1In5. B. 6In2—2In3—1In5.

D. 2In3—In5+6.
Loi giai

C. —In5+2In3+2In2+1.

Chon C.

cof x -+ 1
Xx—1 x+1

In[x_1]+C1 khix < —1Ux >1
Khido t x = [/ x dx= X+

|n[1_)‘]+c2 khi —1<x<1
X+1

Cof -3+f3=0I2+C, +In2+C,=0&C, =In2.
. 1 1
Co f[—§]+f[z]:Z@In3+C2—In3+CZ:Z@CZ:L

|n[x—_1]+|n2 khi x <—1Ux>1
Khidé: f x =1 X7

In[l_—x]+1 khi —1<x<1
Xx+1

Vay f -2 4+f0+f 4 =In3+In2+1+In3—-In5+In2 =—-In5+2In3+2In2+1.
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Cau 137: Mot vat chuyén dong voi van téc 10m/s thi tang toc véi gia tdc dugc tinh theo thoi gian
la a(t)=t*+3t. Tinh quang duong vat di dugc trong khoang thoi gian 3gidy ké tir khi

vat bat du ting toc.

A Em. B. &m. C. gm. D. ﬁm.
2 = 4 4 2
Loi giai
Chon B
v(t)=ja(t)dt=j(t2+3t)dt=i+3t—2+c
3 2

3t
Dov, =10m/s = C =10 :v(t)=§+7+10

3 3 2
S =J.(t—+3i+10jdt=2—01 (m)
3 2 4

0
Quing duong vat di dugc trong khoang thoi gian 3gidy ké tir khi vat bat dau ting tc 1a

201
~—m
4

Cau 138: Mot 6 to dang chay véi toe do 10(m/s)thi nguoi 1ai dap phanh, tir thoi diém d6 6 to
chuyén dong cham dan déu voi v(t)=—5t+10(m/s), trong d6 t 1a khoang thoi gian tinh
bang gidy, ké tir luc bit dau dap phanh. Hoi tir lac dap phanh dén khi dirng han, 6 td con
di chuyén duoc bao nhiéu mét.

A. 8m. B. 10m. C. 5m. D. 20m.
Loi giai

Chon B.

Thoi diém dap phanh tng véi t=0.

Thoi diém xe dimg hin tng v6i v(t)=5t—10=0 < t=2.
2

Quing dudng 6 t6 di dugc tir luc xe dugce phanh dén khi dirng han bang. .[v(t)dtzlo(m) :
0

Cau 139: Mot vat chuyén dong voi van toc 10m/s thi tang toc véi gia toc dugc tinh theo thoi gian
la a(t)=t*+3t Tinh quang dudng vat di dugc trong khoang thoi gian 3gidy ké tir khi

vat bat du ting toc.
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A. Em. B. &m. C. gm. D. Em.
2 = 4 4 2
Loi giai
Chon B
v(t)=ja(t)dt=j(t2+3t)dt=i+3t—2+c
3 2
t* 3t?

Dov, =10m/s = C =10 :v(t)=§+7+10

3 3 2
S =J.(t—+3i+10jdt=2—01 (m)
3 2 4

0

Quing duong vat di dugc trong khoang thoi gian 3gidy ké tir khi vat bat dau ting tc 1a

201
Zm
4
« TR N 3 R " 20X —30x+7 _, R R
Cau 140: Biét rang trén khoang | =;+00 | ham s6 f(x)=—————— ¢0 mot nguyén ham
’ o (3] N T o
F(x) = (ax?+bx+c)v/2x—3 (trong d6 a,b,c la cac s6 nguyén). Tong S=a+b+c bang
A. 4. B. 3. C. 5. D. 6.
Léi giai.
Chen B
L, 1 (2ax +b)(2x —3) + (a x* + bx+c)
Tacod: F'(X)=(2ax+b)v2x—3 +(ax?+bx+c). =
(x)=( ) ( ) 3 o3
2
Tir d6 riat gon tir thire ta duoc: F(x) = 22X — (632‘ 3b)3X‘3b +C
X_

Do F(x) la mot nguyén ham cuaa f(x) nén ta co:

5ax’ —(6a—3b)x—3b+c  20x* —30x+7

R 3
F'(x)=f(X) = trén khoan (—;+ooj
0 () \N2x-3 \2x-3 g 2
5a=20 a=4
DPong nhat hé sé hai vé ta duoc hé sau:{ —6a+3b=-30 < {b=-2
-3b+c=7 c=1

Suyra S=a+b+c=3.
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Cau 141: Cho da thirc bac bén y = f (x) dat cuc tri tai x = 1 va x = 2. Biét Ixmbw—i(x) =2. Tich
1
phan j f *(x)dx
0
A. g B. % C % D.1
Loi giai
Chon B
Phwong phap:

Tir gia thiét bién d6i dé c6 F(0) =0
Tur d6 tim dugc ham f'(x) va tinh tich phan.
Cach giai:

2x+ f'(x)
2

Taco lim =2 ma lim2x =0 nén Iirr(}(2x+ f '(x))=0:>|ing f'(x)=0= f'(0)=0 (vi néu

. . s 22X+ F(X)
IX|L13(2x+f (x))=0 thi IXILQT—oo;tZ)

Tur dé x =0; x = 1; x =2 13 ba cyc tri caa ham sb da cho. Hay phuong trinh f(x) = 0 c¢6 ba nghiém
X=0;x=1;x=2
Vi f(x) 12 ham da thirc bac 4 nén ta gia st ham f'(x) =mx(x-1)(x-2)

2x+mx(x—1)(x-2) e lim 2+m(x-1)(x-2)

2X x—0

:2:>2+22m:2<:>m:1

Tir dé bai ta co lim

Nén f'(x) =x(x—1)(x—2)=x>—-3x" +2x
1 1 1

Tu do If '(x)dx:j(x3—3x2+2x)dx:z.
0 0

Chon B.

II. DIEN TiCH THE TiCH
Cau 142: Cho hinh (H) 1a hinh phing gigi han boi cac duong y=+/x+1,y=1-x va truc OXx.
Dién tich cua hinh (H ) (H) bang
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AL B. c. 3 D. 2.
3 — 6 2 4
Loi giai
Chon B.

73

5 \

Goi (Hl) la sinh phing giéi han boi cac duongy =+/x+1;y =0;x =0 (Tam giac cong
OAB).

(H,) 1a sinh phang gici han bi cac duongy =1-x;y =0;x=0 (Tam gidc OBC).

0 X2
+ X——
-1 2

Cau 143: Cho hinh chir nhat ABCD c6 AB=4, AD =8(nhu hinh Vvg).

Dién tich hinh hinh phang can tinh Ia:

0

S =S)* S _[l\/xTrldx+_:[(1— x)dx zg(\/lef

@
7N
4 N
N
v
P N
’
z
4 N
4 N
AN ’
EN =
4 N N
v N N
s
v
s
N ’
N
[ @ L)

Goi M,N,E,F Ian luot la trung diém cua BC, AD, BN va NC. Tinh thé tich V cua vat
thé tron xoay khi quay hinh t&r giac BEFC quanh truc AB.
A.1007 . B.9%6r. C.84r. D.90rx .
Loi giai
Chon B.
Chon hé truc toa @6 Oxy sao cho B=0, AB =0x, BC =0y.
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Bai toan trg thanh: Tinh thé tich cua vat thé tron xoay khi cho hinh phang giéi han bai:
y=X; y=8-X; x=0;x=2 quay quanh truc Ox.

2
V=JZ'I
0

2
X" (8- x)"fix = [ [16x — 64fix =967
0

Céch khac:
Goi | 1a trung diém AB
Goi V, la thé tich khdi non cut tao boi CFIB quay quanh AB,

V, c6 chidu cao 12 2 , bin kinh déy li r=6 va R=8. =V, = 7.2(6" +6.8+8") = 2" r

Goi V, la thé tich khdi non tao bai BEI quay quanh AB,

V, €0 chiéu cao 1a 2 va ban kinh day 1a 2.

=>V,=—-rx.
3

Ta c6 thé tich can tinh V =V, -V, = 967.
Cau 144: Cho hinh thang vuong ABCD ¢g A=D=90° CD=2AB C=45° Goi M Ia trung
diém CD | goi H,K lan luot 1a trung diém cac canh AM,BM . Biét CD =8 tinh thé tich
V' cua vat thé tron xoay khi quay tr giac HKCD quanh truc AD .
A.9%67 . B.84r. C.72r. D.60rx.
Lo giai
Chon B.
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Y,

B K M
F-———f—————9
f Vs
/
Vs
3 /’
/’
b|/
2
/
7/
Ve
P 1
Ve
A 0 D 1
F
-3 =2 1 0 1 2 3

Tac6 AB=4, ABMC vudng can tai M nén AD=BM =4. Goi O 1a trung diém cua
AD. Chon hé truc toa do Oxy sao cho OD =0Ox, OK =0Oy.
Bai toan trg thanh: Tinh thé tich cua vat thé tron xoay khi cho hinh phang giéi han boi:

y=2-X; y=2x+4; x=0;x=2 quay quanh truc Ox.
2 2

V =z [|(2x+4) ~(2-x)"fix = 2 [[82X¢ + 20x-+ 120 =727
0 0

Cau 144: C6 mot vat thé 1a hinh tron xoay c6 dang gidng nhu mét cai ly nhu hinh v& dudi dy.

Nguoi ta do duoc duong kinh cua miéng ly 12 4cm va chiéu cao 1a 6cm . Biét rang thiét

dién cua chiéc ly cat boi mét phang doi xang Ia mot parabol. Tinh thé tich V (cm®) cua

vat thé da cho.

A.V=7—52. B.V:7—527r. C.V=12r. D. V=12,
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Loi giai
Chon C.
Chon hé truc Oxy nhu hinh v&.

A

v

Goi phuong trinh cua Parabol 1a y=ax’—6. Do (P) qua diém B(2;0) nén a:g.
2 6
Vay (P):yzgxz—G suyra x=+ %

w _ : 92(y+6
Thé tich vat thé can tinh bang V = ﬂj%y =12r.
-6

Cau 145: Mot chiéc ddng hd cat nhu hinh v&, gom hai phan ddi xtng nhau qua
mat nam ngang va dat trong mot hinh try. Thiét dién thang diing qua truc cta nd

14 hai parabol chung dinh va déi xtng nhau qua mit nim ngang. Ban dau luong
cat don hét ¢ phan trén caa dong hé thi chiéu cao h caa muc cét bing g chiéu

cao cua bén d6 (xem hinh).
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Cét chay tir trén xudng dudi voi luu lugng khong doi 2,90 cm®/ phat. Khi chiéu
cao cuia cat con 4cm thi bé mat trén cung cua cat tao thanh mét duong tron chu
vi 87 cm (xem hinh). Biét sau 30 phut thi cat chay hét xuéng phan bén dudi cua
dong hé. Hoi chiéu cao caa khdi tru bén ngoai 1a bao nhiéu cm ?

A. 8cm. B. 12cm. C. 10cm. D. 9cm.

Loi giai

D

Chiéu cao khdi tru bang %h .
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Xét thiét dién chua truc theo phuong thing ding cia dong hd cét Ia parabol . Goi (P) la
duong Parabol phia trén. Chon hé truc Oxy nhu hinh v¢ .

Puong tron thiét dién c6 chu vi bang 8z suy ra ban kinh cua né bang 4.

Do (P)cé dinh la O(0;0) nén phuong trinh (P):y=ax’ .
(P) diqua A(4;4) nén a=% . Vay phuong trinh (P):y=%x2 .

Thé tich phan cat ban dau chinh bang thé tich khi tron xoay sinh ra khi quay nhanh phai
cua (P) quay quanh truc Oy va bang luong cat da chay trong thoi gian 30p .

h
TacoV =7zj(2ﬁ)2dy =27h? .
0
Luogng cat chay trong 30p la 2,9.30=87(m°) .
A ) 87
Vay V =87 = 27h“* =87 = h = ‘/2— :
T

Chiéu cao hinh tru bén ngoai 1a 1 = 2.%h ~10cm.

Chon dap an C.
Cau 146: Mat thung ruou c6 ban kinh cac day 1a 30cm, thiét dien vudng goc véi

truc va cach déu hai day c6 ban kinh 1a 40cm, chiéu cao thung ruou 1a 1m (hinh vg).

Biét ring mat phang chtra truc va cat mat xung quanh thung ruou 1a cac duong
parabol, hoi thé tich caa thung ruou 14 bao nhiéu?
A. 425162 lit. B. 21258 lit. C. 212,6 lit. D. 425,2 lit.

Léi gii
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Chen D.

ya
.
O X
+ Poi dir liéu sang don vi dm : 30cm = 3dm; 40cm = 4dm
+ Chon hé toa @6 nhu hinh vé
Goi phuong trinh (P):x=ay*+by+c
a=4
(P) di qua cac diém A(4;0); B(3;5)va C(3;-5) néntacd {b=0
1
C=——
25

Vay phuong trinh cua (P): x = —% y’ +4
Thé tich cia thung ruou 13 :

5
V=r] (—Zisyz +4)2dy ~ 425,2dm° = 425, 2|
-5

Suy ra dap an D.
Cau 147: Ong An mudn lam cira rao sit c6 hinh dang va kich thudc nhu hinh v& bén, biét
duong cong phia trén 1a mot Parabol. Gia 1(m2) clia rao sat 1a 700.000 dong. Hoi ong

An phai tra bao nhiéu tién dé lam cai ctra sit nhu vy (1am tron dén hang phan nghin).



[[(EXE 2E 2XE X5 2X5

o s
000000l
; 5m

A. 6.520.000 dong. B. 6.320.000 dong. C. 6.417.000 déng. D. 6.620.000 ddong.

Loi giai
Chen C.
b
A B
P \
fid : . &
-3 -2 -1 0 1 2 3
_‘] -

Chon h¢ truc toa d6 nhu hinh v&. Trong d6 A(-2,5;1,5), B(2,5;1,5), C(0;2).
Gia sur duong cong trén 1a mot Parabol c6 dang y =ax® +bx+c, véi a;b;ceR.

Do Parabol di qua cdc diém A(-2,5;15), B(2,515), C(0;2) nén ta c6 hé phuong

trinh

2
a(-2,5)% +b(-2,5) +c =1,5 a="%
a(-2,5)%+b(2,5)+c=15 <=>{b=0
c=2 c=2

Khi d6 phuong trinh Parabol 1a y = —% X2 +2.
Dién tich S cua ctra rao sét 1a dién tich phan hinh phing gisi boi d6 thi ham sé

y= —235 x? +2, truc hoanh va hai duong thang x=-2,5, x=2,5.
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25
Taco S = j(—£x2+2jdx:§.
25 6

-25

Vay ong An phai tra s6 tién dé lam cdi ctra st 1a S.(700.000) = %.700000 ~6.417.000

(d6ng).

Cau 148: Tinh thé tich V cua vat thé nim giira hai mat phang x=0 va x =, biét rang thiét dién

cua vat thé bi cat boi mit phang vudng goc véi truc Ox tai diém c6 hoanh do

x(0<x<r) lamot tam giac déu cé canh 13 2/sinx .

A.V =3 B.V =37 C.V =213 D.V =23
Loi giai
Chon D.
_ L (2\/5"'\ x)Z\/§
Dién tich thiét di¢n 1a S(x) - =/3sinx

b V4
Ap dung cong thic V = [S(x)dx = [3sinxdx=2/3.> Chon  D.
a 0

Cau 149: Mot manh vudn hinh elip ¢6 truc 16n bang100m, tryc nhé bang 80m. Nguoi ta thiét ké

mot manh nhé hinh thoi cé bén dinh 1a bén dinh cia eip trén dé trdng hoa, phan con lai
trdng rau. Biét lgi nhuan thu duoc 12 5000 dong mdi m? trdng rau va 10.000 dong mdi

m? trdng hoa. Hoi thu nhap tir ca manh vuon 1a bao nhiéu? (Két qua lam tron dén hang

nghin).

A.25.708.000. £.51.416.000 . C.31.415.000. D.17.635.000.
Loi giai

Chon B

Dién tich phan hoa la: S, = 4000
Dién tich phan rau la: S, = 20007 — 4000
Vay thu nhap dén tir manh vuon la: T =S,.5000 + S,.10.000 = 51.416.000.

Cau 150: O quang trudng mot thanh phd A ¢ mot miéng dat hinh tron duong kinh 30m. Trong

long hinh tron d6 ngudi ta du dinh trong hoa hong trén mot miéng Ia hinh elip ¢6 truc

I6n bang dudng kinh va truc bé bang mot phan ba duong kinh dudng tron trén (tdm cua
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duong tron va elip trang nhau), phan con lai lam hd. Biét chi phi dé trong mot 1m? hoa
hong la 500.000ddng, chi phi lam 1m? hd la 2.000.000 dong. Hoi thanh phé d6 phai bo
ra chi phi 1a bao nhiéu? (Két qua 1am tron dén hang nghin).
A. 706.858.000 B. 514.160.000 C. 1.413.717.000 D. 680.340.000
Loi giai
Chon B
Dién tich hinh tron la: 2257.
Dién tich elip hay dién tich trong hoa la: S, = abz = 757
Dién tich phan lam ho la: S, =1507.
Vay chi phi d& thanh phé phai bo ra 1a: T = 5,.500.00 + S,.2.000.000 = 514.160.000.
Cau 151: Cho (H) la hinh phang gisi han boi parabol y=+/3x? va nira dudng tron c¢6 phuong

trinh y=v4—-x? voi —2<x<2 (phan t6 dam trong hinh v&). Dién tich cua (H) bang

y

-2

A 27453 g 47+5V3 c 4rt\3 D, 21+\3
3 3 3 3
Loi giai
Chon D.

Phuong trinh hoanh d¢ giao diém: +/3x% = Ja—x? ,Pk: -2<x<2
S +x-4=0=x =1l x=1+1,
(P):y:\/gx2

Hinh (H) gigi han boi: {(C):y=+4-x* c6 dién tich Ia:
Xx=-Lx=1

S= j(m—ﬁxz)dx = iﬂdx—i\@xzdx .

-1

I I2
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*Tach: I, =—x°

1
* X6t 1, = [V4-x*dx :Dat x=2sint,te [—%ﬂ © dx =2costdt .
-1

Khi x:—lzt:—% va X:l:)t:%

5 5
Taco: I, = .[ ,/4(1—sin2x)2costdt=4j cos?tdt (Do cost >0 khi te{—%;%})
% %

B
(1+cos2t)dt = (t + %sin ZtJ‘ = 2[% + EJ

N

=2

—o|N

oy

Vay S=2(£+£J_2\/§:27r+\/§.
3 2 3 3

Céach khac:

- Giao diém cua (P): y =~/3x% va (C):y=+v4-x* la M (1;«/5),M '(—1;J§).

- C6 AOM =60°= MOM '=2x30°=60°. Suy ra dién tich hinh quat OMM" la

5, =20 rRe =27
360 3
OM:y= J3x f
- Goi S, la dién tich gisi han boi {(P):y =~/3x*. SuyraS_I(J_x V3x* )dx =
x=0,x=1

- Dign tich hinh (H) la: S=S,+2S, =

27r+\/§
3 )
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Cau 152: (Chuyén ha long — Quang Ninh — Lan 2 — 2018- mé 108) Cho cac sé p,q thoa mén

cac diéu kién: p>1q>1 1+E:1 va cac sO duong a,b. Xét ham s6 y=xP*(x>0)co
q

dd thi 1a (C). Goi S,1a dién tich hinh phing gi¢i han bdi (C), truc hoanh, dudng thiang
x=a; S,la dién tich hinh phang gi6i han béi cac (C), tryc tung, dudng thang y=b; SIa
dién tich hinh phéng gi61 han béi tryuc tung, truc hoanh va hai duong th’fmg Xx=a,y=hb,

Khi so sanh S, +S,va S, ta nhan duoc bat dang thirc nao trong céc bat dang thic dudi

day?
v aiai | IR
b
y==b
0
—_— o
il
p q p-1 q-1 p+l g+l p q
A.a—+b—Sab B. 2 +b >ab C. 2 +b <ab Q.a—+b—2ab
P q p-1 q-1 p+1 q+1 P q
Loi giai

Chen D.
Xp

Tacd S, =jxp‘ldx =—
0 p

0 P

Ta lai cé: y=x""(x>0) <:>X=pR]]’§=yﬁ_

1 1 1-p 1
5 e p>lLg>l—+—=1—=—
Mait khac: D 0 q-
1 b P
s, = [yriy —PLyw Pl b
0 p 0 p

a” bl
Do §,+S,>2S & —+—=2>ab.
P q
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Cau twong tu:

Cau 153: Cho hinh thang cong (H) gi6i han boi cac duong y=e*,y=0,x=0,x=In4. Duong

thangx =k (0 <k <In4)chia (H)thanh hai phan c6 dién tich 1a S, va S, nhu hinh v& bén.

Tim k dé S..S, 16n nhat.

25 9 8

. k=In=—, Ck=In=, . k=In=,

A n 1 B 2 C 3
Lot giai:
Chon D

k In4
. k N
Ta coSl=Iede =ek‘0 =e“-1va S, = Iexdx =4-¢"
0 k

Taco S,.S, =(e" —1)(4—ek) :—(ek )2 +5ek —4

Suy ra S,.S,16n nhét bﬁng% khi e* :g <:>k=ln(gj.

D. k=In—,

Cau 154: Cho hinh phing (H) gi6i han boi cac dudng y=x*, y=0, x=0, x=4. Duong thang

y=k (0<k<16) chia hinh(H) thanh hai phan c6 dién tich S, S, (hinh v&). Tim k dé

S, =S,
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A.k=3. B.
Loi giai :

Chon B

Phuong trinh hoanh d6 giao diém: x> =k = x =k
Taco

34

4
o548, = [xax =2 - ¥
J 3

0

:—4k+%+%.
3 3

4 X3 \/E
oS :;(xz—k)dx :[E—kxj

k 0

2k, 6432

Yéu cau bai toan < S, =%(Sl+82) < -4k + 2 2 < 2kk =12k +32=0

=k 13 _1212132=0 = t=2=k=4.

Cau 155: Cho parabol (P): y =—x*+2x, ¢6 dinh S va A la giao diém khac O ctia (P) va truc
hoanh. M(x,;y,) 1a diém di dong trén SA (M(x,;y,) khong tring v6iS) . Tiép tuyén d
cia (P) tai M cit Ox ,Oy lan lugt tai E va F. S, l1a dién tich hinh phang gi¢i han boi
(P), dudng thang d va tryc 0y, S, la dién tich hinh phing giéi han béi (P), dudng
thang d va truc OX. Khitong S, +S, nho nhét, gia tri cia P =x, +y, bang:

44
A. = B. — C. 2 D. 4
9 9 9

Loi giai:
Chon C
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T

F\
M

0 E _
A\ -

Tiép tuyén tai M (m; 2m— mz),1< m<2 c6 phuong trinh:

y=(2-2m)(x—m)+2m-m* < y =(2-2m)x+m?

2

Ta co: E(O;mz);F( ;O] véi 1<m<2

2m -2

2
Goi S la dién tich hinh phang gi6i han bdi (P) va truc hoanh: S = [|-x* +2x|dx =%
0

4

1

m m
g ==
OEF 2

4
_
2m-2| 4(m-1)

Tathdly, S, +S, =Seer =S, (S, +S,)mMin < (Sege )Min

3
Khao sat ham f (m)= V1<m<2ta duge Minf(m):(gJ khi m=% :

4(m-1)

. 4y 4 28 . 4 4.8
S,+S,)min=| = | ——=="khi m==.Khiddé M(=;~
(1 2) In (3} 3 27 khi 3.Khld0 (3 9)

. 20
Vay Xo"'yo:E-

Cau 156: [Han Thuyén,tinh Bic Ninh,lan 3,nim 2018] Goi V la thé tich khéi tron xoay tao

thanh khi quay hinh phing gigi han boi cac duong y=+/x, y=0 va x=4 quanh truc
Ox. Puong thing x=a(0<a<4) cit do thi ham y=+/x tai M. Goi V, 1a thé tich khoi

tron xoay tao thanh khi quay tam giac OMH quanh truc Ox. Biét V =2V, . Tim gia tri a
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yl\
M
H -
(0] a A X
A a=2. B.a=22. C.a:g. D. a=3.
Loi giai
Chon D.
y=+x
Goi V la thé tich khdi tron xoay do (H):{y=0 quay quanh Ox
X=4

=V = ﬂi(&)zdx = ﬂi xdx =8x
0 0

Goi V, la thé tich khai tron xoay do (H,):AOMH quay quanh Ox
Khi AOMH quay quanh Ox tao ra 2 khéi nén tron xoay 1a khéi non dinh O, truc ON,
ban kinh day NM va khéi nén dinh H , truc HN , ban kinh day NM

:vlzlﬁ(@)za%ﬂ(@)z(zl_a)

3

=V, = 1 r.ad
3

v =2Vl<:>87z=2.g7r.a<:>a:3.

Cau 157: [Chuyén KHTN, Ha N#i, 1an 2, nim 2018 - Cau 9]
Dién tich hinh phang gi¢i han béi cac d6 thi y=x*vay =|x—2| bang

13 B. 2 c.2. D. 1
12 2 2 2
Loi gii
Chon C

+) Ta c6 phuong trinh hoanh d¢ giao diém cua do thi y=x’vay=|x-2| 1a x*=|x-2|

suy ra x=-2 va x=1.
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+) Nhan xét rang do thi y =xchi cit d6 thi y=|x—2| trén (—o0;2](c6 thé dua vao dd thi

V& ra). Bai toan dua vé tinh dién tich hinh phing gigi han bai dd thi y=x?vay=2-x.

_2 Chon C.

5 5= (2 2)d < %)
+) Taco —J;( —x—x) x:[Zx————j >

2 3

-2

Cau 158: Tinh dién tich hinh phang gigi han boi cac duong x :%; x=1y=0 va dd thi ham s6

y =log, x
A i, Lt B. L . c.-i, 1 R
2 2In2 2In2 2 In2 2 2In2
Lo giai
Chon A

+) P6 thi y = log, x cat duong thang x = % tai A(%;—l} va cat duong thang x =1 tai
B(L0).

1 1
+) Dién tich hinh phang can tinh S = [|log, x|dx =—[log, xdx
1 1

N

2

1
1
+) S =—(xlog, x)|1 + | X.——d
) $ =~ (xlog,x)|1+ [x- 1
2 5
11
+) S :1|ngl+i l:—1+—2:—i+i. ChOn A.
2 = 2 1In2 2 2In2

2 In2
2

Cau 159: Cho ham s6 y=ax" +bx’+c ¢6 do thi (C), biét rang (C) di qua diém A(-10)
. Tiép tuyén d tai A cta (C) cét (C) tai 2 diém c6 hoanh d6 lan luot 14 0 va 2, dién tich

hinh phing gi¢i han bai d, d6 thi (C) va hai duong thang x =0;x =2 ¢6 di¢n tich bang

% (phan gach chéo trong hinh v&).
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\// 1
Dién tich hinh phang gi¢i han bai dwong thang d , db thi (C) va hai duong thang

x=-1x=0 bang

AL B. 1. c. 2 D. 2
5 9 5 9
Loi giai
Chon A

+) Biém A(-1,0) thudc do thi (C)=a+b+c=0

+) Phuong trinh tiép tuyén tai A(-10) la (d): y=y'(1)(x+1) < y=(—4a-2b)(x+1).
+) Phuong trinh hoanh d¢ giao diém cua d va dd thi (C) la
(-4a—2b)(x+1)=ax*+bx*+c (*)

—4a-2b=c

+)Ma x= =2 la nghiém cua (*) suy ra 1
) x=0x ghiem cua (*) suy {—12a—6b=16a+4b+c()

28

+) Co = 32 28

2
4a 2b 1)—ax*—bx*—c |d 4(-4a-2b)——a—-=-b-2c 2
! )(x+1)—ax* —bx ]x<:>(a )3a3 5()

+) Tir (1),(2) tadwoc a=1b=-3,c=2 suyra y=x*-3x"+2.
0

+) Vay dign tich can tinh 12 § = [[2x+2-x* +3%¢ —2‘dx=%. Chon A.
]

Cau 160: Cho parabol (P):y=x* va hai diém A,B thuoc (P) sao cho AB=2. Di¢n tich hinh

phang gi¢i han béi (P) va duong thang AB dat gié tri I6n nhat bang:

A. B. D.

)
3 o
4

wlro
w| b
N W

Léi gidi
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yl\

'_\

Chon C.

+) Goi duong thang d :y =ax+b
Xét phuong trinh hoanh do giao diém cua (P) va d la: x*—ax-b=0
Puong thang cit (P) tai hai diém phan biét A B khi A=a’+4b>0.

X +X,=a

Goi hai nghiém cta phuong trinh 1a x,,x,; (% <X,) . Khi do6 ta c6 {Xl Y - b
. 2 = —

Goi giao diém cua d va (P) 13 A(x,¥,),B(X,, Y,)-

Taco: AB=2o(%—x) +(y,-¥) :4<:>[(x2 +%) —4x1x2}+a2 [(x2 +%)° —4x1x2}:4

4
a?+1

<:>(a2+4b)+a2(a2+4b):4<:>a2+4b:

(*)
Dién tich hinh phang gi¢i han bai duong thang d va (P) la:
s=],

ax? X2 2 3 a X2 + XX, + X2
=72+bx2—52—(%+bx1—%]=(xz—>q){5(xz+&)+b—M}

X2

xz—ax—b‘dx='[:(ax+b—x2)dx:(a?)(z+bx—§j

Xy

w

3
2 2 2 Ja’+4b
Y OV Sl J A +4b=( ) _ _4__ 1
2 3 6 6 3 (a2+1)3

Vi a2+121,Va:>;sl nén Ss%.

(a2 +1)3
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Cau 161: [THPT Chuyén Tran Pha, Hai Phong, lan 2, 2018] Thé tich vat thé tron xoay sinh ra khi
hinh phang gi¢i han bai cac duong x=./y, y=-x+2, x=0 quay quanh Ox c0 gia tri 1a két qua

nao sau day

Av=Lr B.V=Ssr. RV D.v=:
3 2 15 6

Léi gidi

Taco x=.Jy= X =y
X;y>0

Phuong trinh hoanh d6 giao diém la

x=1 (TM)

X =—x+2&
{x:—Z(L)

1
Thé tich can tim 1a: v =7r.[[(—x+2)2 —x“}dx 32,
) 15

Cau 162: Mot manh vudn hinh elip ¢6 truc 16n bang 100 m, truc nho bang 80 m duoc chia thanh
2 phan boi mot doan thang ndi hai dinh lién tiép cua elip. Phan nhé hon tréng cay con va
phan Ién hon trong rau. Biét loi nhuan thu dugc 12 2000 mdi m? rong cay con va 4000
mdi m? trong rau. Hoi thu nhap tir ca manh vuon 1a bao nhiéu? (Két qua lam tron dén
hang nghin ).
A. 31904000. B. 23991000. C. 10566000. D. 17635000.
Lo giai

40

rau 50
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2 2
Chting minh: Dién tich hinh phang gigi han béi elip (E): —2+§=1 (voi a>b>0)la

QD

zrab
X . a
That vay, phan duong elip nam trén truc hoanh c6 phuong trinh y =b, /1—? . Do Ox,0y

|a tryc ddi xtng cta elip (E) nén dién tich hinh phang gisi han béi elip (E) la
a X2

S =4[b,[1-=dx.
0 a

3 ]

Pat x=asint Vi t e {—%%} ta dugc S = 4bJ‘\/1—sin2 td (asint) = 4abjcosztdt =rab.
0 0

Xét manh vuon: a=50,b =40

Dién tich trong cy con la: S, :%.40.50—8AOAB =(7-2)500 (m’)

Dién tich trong rau 1a: S, = 7.40.50— (7 —2)500 = (37 +2)500

Thu nhap tir manh vuon la: (7 —2)500.2000+ (37 +2)500.4000 ~ 23991000.

Cau 163: Mot qua dao hinh cau c6 duong kinh 6cm . Hat cua né 1a khéi tron xoay sinh ra bai hinh
Elip khi quay quanh duong thang néi hai tiéu diém F,, F,. Biét thm cua Elip tring voi
tam caa khdi cau va do dai truc 16n, truc nho lan luot 14 4cm, 2cm. Thé tich phan cui
(phan an dugc) cua qua dao bang %z(cmg) VGi a,b 1a céc sé thuc va % t6i gian, khi d6
a—b bang
A. 97. B. 36. C. 5. D. 103.

Loi giai
Chon A
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Chon hé truc toa d6 Oxy sao cho tam Elip tring véi géc toa d6 O, hai tiéu diém nam
A X2 y2 , x2

trén truc Ox . Khi dé phuong trinh Elip 1a Z+T =1, xet y:,fl—Z .

Thé tich khéi tron xoay khi quay Elip trén quanh truc 16n 1a:

2 2
V, =27 y’dx = 27zj:(1—%jdx = 27[.
0

Thé tich qua dao hinh cau V = gﬂ.33 =367 .

Do d6 thé tich phan clii ciia qua dao 13 V -V, :%ﬂ. Do d6 a—b=97.

Cau 164: Trong mit phiang cho duong Elip c6 d6 dai truc Ion 1a AA'=8, d6 dai truc nho la
BB'=6; dudng tron thm O duong kinh 1a BB' nhu hinh v&. Tinh thé tich vat thé tron
xoay

c6 duoc bang cach cho mién hinh phang gisi han bai duong Elip va duong tron (phan

hinh phang dwoc t6 ddm trén hinh vé) quay xung quanh truc AA'.
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B"

A. 367, B. 127 C. 167, D. G_;E.

Loi giai
Chon B

Gan hé truc toa d6 Oxy sao cho O la tdm cua duong tron, A, A'eOx, B,B'eOy.

X2 y2 X2
Phuong trinh elip la —+-=—=1, xét y=3,/1-—.
16 9 16

Thé tich khéi tron xoay sinh ra khi quay Elip quanh truc Ox Ia:
2
V, = 2ﬁj49[1—X—de 487
0 16

Thé tich khéi cau 1a: V = gﬂ.ss _ 367.

Suy ra thé tich khi tron xoay can tim 1a: V -V, =127

Cau 165: Tir mot tim t6n hinh chir nhat ABCD véi AB =30cm, AD =557”cm . Nguoi ta cat miéng

t6n theo duong hinh sin nhu hinh vé& bén dé dugc hai miéng ton nho. Biét AM =20cm,
CN =15¢m, BE =5zcm. Tinh thé tich cua lo hoa duoc tao thanh bang cach quay miéng

t6n Ion quanh truc AD (két qua 1am tron dén hang tram).
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B E e
M /
N
A D
A. 81788cm°. B. 87388cm®. C. 83788cm’. D. 7883cm°.

Loi giai
Chon C
Chon hé truc Oxy sao cho A=0, DeOx,BOy.

Ta co BE =57 suy ra ham sé tuan hoan véi chu ki T =207
Suy ra phuong trinh d6 thi hinh Sin cin tim c6 dang: y = asin (%j+b .

Do db thi hinh sin di qua M (0;20), N(SST”ASJ nén ta co:
. (1
asm(—.oj+b=20
10

=10
1 55 < b=20"
' (—.—”j+b=15 N

Ta c6 phuong trinh d6 thi hinh sin cantimla y :105in(%)+ 20.

Thé tich can tim 1a: j:?(logn (%} 20}2 dx =83788cm’.

Cau 166: [THPT CHUYEN LQD, LAI CHAU, lan 1, 2018] Mot vat chuyén dong trong bbn
gi0 vo1 van tdc v(km/h) phu thudc vao thoi gian t(h) co dd thi van téc nhu hinh vé& bén. Trong
khoang thoi gian 1 gio ké tir khi bit ddu chuyén dong, do thi 6 1a mot phan cia dudng parabol c6
dinh 1(2;9) va truc dbi xtmg song song vdi truc tung, khoang thoi gian con lai vat chuyén dong
cham dan déu. Tinh quing duong S ma vat di chuyén duoc trong 4 gio d6 ( két qua lam tron dén

hang phan tram).
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b= e

0 =
1 2 3 1 t

A.S=23,71km. B. S=23,58km. C. S=23,56km. D.S=23,72km.
Léi giai
Chon A
Vi te]0;1], goi v(t)=at’+bt+c. Taco:

v(0)=4;v(2)=9; hoanh d¢ dinh parabol bang 2 nén ta c6 hé phuong trinh:

a__5

c=4 T4

4a+2b+c=9 << b=5

_lez c=4
2a

Quing dudng vat di dugc trong khoang thoi gian tir 0 dén 1 gio bang :

1
S, = J.(—§t2+5t+4jdt B,
A 12

Vi te(L;4], goi v(t)=mt+n. Ta co hé phuong trinh :

31 5)
m+n=— m=—= , . . .
4 & 4 . Quang duong vat di dugc trong khoang thoi gian tur 1 dén 4 gio
dm+n=4 n=9

4
bang : S, = J'[—%t+9j dt =%1 km

1

Quéng duong S ma vat di chuyén duoc trong 4 gio bang : S=S,+S,=23,71km.
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Cau 167: Biét dién tich hinh phing gidi han boi cac duong y=sinx, y=cosx, x=0, x=a Voi
ae{z 721 la 2( 3+4\/§—\/§) hoi s6 a thuoc khoang nao sau day?

A (1;1) B. (ﬁ;ﬂj. C. (11 3} D. [1&)
10 50'10 10°2 50

Loi giai
Chon B.

Dién tich hinh phang gigi han bai cac duong y =sinx, y=cosx, x=0, x=a la

a
S= j|sin X —C0s X|dx

SN

= [[sinx— cosx|dx+f|smx cos x| dx _J'(cosx sinx) dx+j (sin x—cos x)dx

T 0 z
4 4

o'—..h\hl

= | (cosx—sinx)dx— | (cosx— smx)dx_\/_ 1- (smx+cosx\ =22 -1-cosa-sina.

O'—.h\h\
-M:\'—.m

Theo bai ra ta co:

. . b \/§+l . br
—3+4+4+2 -3 )=-2+42-2c0sa-2siha < Ssin| a+— |=——=SIn—.
( V2 J—) V2 ( 4) 22 12
o g T 1047 mael 22
4 12 3 50 10

Cau 168: (THPT Nguyén Ping Pao — Bic Ninh lan 3-2018) Cho mét manh vuon hinh chir nhat
ABCD c6 chiéu rong 1a 2m, chiéu dai gap ba chiéu rong. Nguoi ta chia manh vuon bang céch

dung hai duong parabol, mdi duong parabol c6 dinh 13 trung diém mdi canh dai va di qua hai mut
ctia canh dai d6i dién. Tinh ti s6 dién tich phan manh vuon nam ¢ mién trong hai parabol vai dién

tich phan con lai.

D. 2+3\5_

A.
5

Wl
W
@[ &
O
N |-

Loi giai
Chon D.

Chon hé truc toa d6 nhu hinh vé:
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Ta lap dugc phuong trinh cac parabol 1a y =§x2vé y =—§x2 +2. Khi d6 méanh vuon

nam & mién trong hai parabol I hinh phing giéi han boi 2 duong y=§x2vé

y=—§x2+2. Khi d6 dién tich cua manh vuon nam trong hai parabol la:
3
24

szzj (—§x2+2)dx=4\/§m2 .
0

Dién tich hinh chtr nhat la: 12m?
Khi d6 ti s6 dién tich phan manh vuon nam ¢ mién trong hai parabol véi dién tich phan
W2 2432

con lai la: =
' 12-42 7

Cau 169: Cho hinh phang (H) gi6i han béi cac duong y=x’,y=0,x=0,x=4. Duong thang

y=k(0<k <16) chia hinh (H) thanh hai phan c6 di¢n tich S, S, nhu hinh v&. Tim k

dé S =S,
AY
S; y==Ek
\/82 oF
> >
x=4
A. 8 B. 3 C.5 D. 4

Léi gidi
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Chon D.
Xét phuong trinh x* =k < x =k (0;4).

4

2 64
=Sk -4k +— .
3 vk 3

< oar I 2 I 2 x°
Khid6 S, = [ [x*—K|dx= [ (x —k)dx=(§—kxj

K x &
4
64
S, =[x*dx—S,=—-S
2 _([ 1 3 1

Theo gia thiét ta co sl=sz@sl=6—;—sl@sl=3—:@§k\/i-4k+%=o@k=4.

Cau 170: Goi (H) 1a hinh phang gigi han bai db thi (P) cua ham sé y=6x—x? va truc hoanh. Hai
duong thang y=m,y=n chia hinh (H) thanh ba phan c6 dién tich bang nhau. Tinh

Q=(9-m)*+(9-n)’

A. Q=405. B. Q=409. C. Q=407. D. Q =403.
Cau 171: Cho hinh cong (H) gi¢i han boi cac duong T
y:x\/m; y=0; x=0 va x=+3. Puong thang 2
x=k Vi 1<k<+/3 chia hinh (H) thanh 2 phan c6
dientichla S, va S,. Bé S, =6S, thi k gan bang

()

A. 1,37.
B. 1,63. Sy

_‘i)
C.0,97. H* i

D. 1,24.
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Cau 172: Cho khdi try c6 chiéu cao 20. Cat khéi tru boi mot miat phang ta duoc thiét dién 1a hinh

elip c6 do dai truc I6n bang 10. Thiét dién chia khéi tru ban dau thanh hai nira, nira trén
c6 thé tich V,, nira dudi co thé tich V,. Khoang cach tir mot diém thuoc thiét dién gan

day du6i nhat va diém thuoc thiét dién xa day dudi nhat toi day dudi lan luot 12 8 va 14.

Tinhtisé Y-
2
NS B. > c. 2 D. &
20 11 20 11
Loi gidi
Chon B
_F"-F---'_'____-\-HH
r‘"fﬁ ,//
b fiiie
3 HH Ir;
q
g 3 E R .H.I
AL S —

Ta c6 cong thtc tinh nhanh khéi tru cut ¢6 ban kinh R 1a V = zR? (%)

Theo bai ra ta co h =8;h, =14, thiét dién 1a hinh elip c6 do dai truc I6n bang 10.

r.l-r.1=l-1-8=6

]

Ta d& dang tinh dugc ban kinh cua khéi try 2R =106 = R=4.
8+14j

R

1767 =V, =V -V, =144 :ﬁ=1%.

2

Khi d6 V =7.4°.20=3207; V, = 7;.42.(
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Cau 173: Goi D la hinh phang gisi han béi db thi ham s6 y=-+/x, cung tron c6 phuong trinh
y=+v6-x* (-6<x<86) va truc hoanh (phan t6 dam trong hinh v& bén). Tinh thé tich V

cua vat thé tron xoay sinh bai khi quay hinh phang D quanh truc Ox.

A. XV =876-2x.
e
Loi giai
. ) . 0<x<+6
Toa d¢ giao diém la nghiém so phuong trinh k<6 S x=2
Jx =6-x2

Thé tich V cua vat thé tron xoay sinh bai khi quay quanh hinh D
0 2 2 2 2

V=r J' (\/G—XZ) dx+ﬁj((\/6—x2) —(\/;) jdx
N3 0

2

V=r T (6—X2)dX+ﬂI(6—X2—X)dX

%

Vay dap an D.
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Cau 174: [Nguyén Khuyén, Binh Dwong, 18/3,2018] Cho dudng tron c6 duong kinh bang 4 va
2 duong Elip lan luot nhan 2 dwong kinh  vuéng goc nhau caa dudng tron 1am truc
16, truc bé cia mdi Elip déu bang 1. Dién tich S phan hinh phing bén trong duong
tron va bén ngoai 2 Elip (phan gach card trén hinh v&) gan vai két qua nao nhit trong 4
két qua dudi day?
A. S=48. B. S=3,9. C.S=37. D. S=34.

Léi giai
ChenC.

Chon hé truc Oxy nhu hinh vé.

2 2

Phuong trinh ciia Elip (E,) nam ngang: XTerT =1
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Cung cua (E,) nam trén truc Ox c6 phuong trinh : y = %\/4— X2

2 2

Phuong trinh Elip ( E, ) dtng: XT + VT -1

Cung cua (E,) nam trén truc Ox cé phuong trinh : y = 21— x?

25

Xét phuong trinh: %\/4—x2 =24/1-x2;x>0 c6 nghiém X==0

Cung dudng tron nam phia trén Ox c6 phuong trinh @ y =v4—x?

Dién tich can tinh 1a

25
S =4(j (WA= —21=)dx+ [ (Ja—x —%\/4—x2)dx)
g 265
245

5 2
=4(I (N4—x2 —2\/1—x2)dx+% j 4 —x?dx

: 25

5

Str dung may tinh ta dugc S~3,7.

Cau 175: Trén canh dong co cd hai con bo dugc cot vao hai cdy coc khac nhau. Biét khoang céch
giita hai coc 1a 4 mét con hai soi day cot hai con bo dai 3 mét va 2 mét. Tinh phan
dién tich mat co 16n nhat ma hai con bo c6 thé an chung (lay gia tri gan ding nhat).

A. 1,034m>. B. 1,574m?. C.1,989m2. D. 2,824m>.

Huéng dan giai

ChonC

Dién tich mat c6 an chung s& Ion nhat khi hai soi ddy duoc kéo cang va 1a phan giao cua

hai duong tron.
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Xét hé truc toa d6 nhu hinh v&, goi O, M 14 vi tri cia coc. Bai toan dua vé tim dién tich
phan duoc td mau.

Ta c6 phuong trinh duong tron tam O : 2° +y* = 3° va phuong trinh duong tron tam
M :1:—42—{—y2 =2

Phuong trinh cac dudng cong cua duong tron nam phia trén truc Oz 1a: y = V9 — 2 va

2
y:,/4— x—4

Phuong trinh hoanh do giao diém: /4 — r—4" =9 -1’ @4+8x—16:9@x:%

21
8 3
Dién tich phan dugc t6 mau la: S =2 f,/4 —r—4 dr+ f\/9 —2°dz| ~ 1,989.
2 21
B

Ta c0 thé giai tich phan nay bang phép thé luong giac, tuy nhién dé tiét kiém thoi gian
nén bam may.

Cau 176: Ong An c6 mot manh vuon hinh elip c6 d6 dai truc Ion bang 16m va do dai truc bé
bang10m. Ong muén trong hoa trén mot dai dat rong 8m va nhan truc bé cua elip l1am
tryuc dbi xtmg (nhu hinh v&). Biét kinh phi dé trdng hoa la 100.000 déng/1m?. Hoéi 6ng
An can bao nhiéu tién dé trong hoa trén dai dat d6? (S6 tién dugc lam tron dén hang
nghin).

A. 7.862.000 dong.  B. 7.653.000 dong. C. 7.128.000 dong. D. 7.826.000 ddng.

—

8m

S

Hwéng dan giai
Chon B.

2

2
Gia st elip c6 phuong trinh X—2+ y
a

—2=1,V('7i a>b>0.
b

Tir gia thiét ta c6 2a=16=a=8 va 2b=10=b =5
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5)
X2y yz_g\/64_y2 (El)
Vay phuong trinh cua elip la &+— =1=

25 5
y:_\/64_y2 (El)

8
Khi dé dién tich ddi vuon duoc gisi han boi cac duong (E,); (E,); x=—4; x=4 vadi¢n
4 4
tich cua dai vuon la S = ZIS\/M—dex :gI\/64—x2dx
24 0
¢ ¢ A N . 21 A . T \/é
Tinh tich phan nay bang phép doi bién x =8sint, ta duwocS =80 €+T

NG

Khi d6 sd tién 1aT = 80(% + Tj.looooo = 7652891,82 = 7.653.000 .

Céau 177: Dién tich hinh phang gigi han bai do thi ham sé y = x?/x? +1, truc Ox va dudng thang

a%—ln(lw@)

x=1 bang VGi a, b, ¢ 1a c4c s6 nguyén duong. Tinh a+b+c.
A. 11. B. 12. C. 13. D. 14.
Loi giai

Chon C.

1 1
Taco S =.|.x2\/x2 +1dx =J.x.x\/x2 +1dx.

0 0

u=x du =dx

Bt dv:Xde=%(x2+l);d(x2+l) SuyTa V=%(X2+1)M'Khidé’

S :%x(x2 +1)Vx +1

1 —%j.(xz +1)\/x2 +1dx
0 0

1 1
<:>SZ%Z\/E—%J.XZ\/XZ+1dX—%J-\/X2+ldX
0 0
1
<:>S=&—18—1I I:j\/x2+1dx
3 3 3 )
V2 1
&SS=———.
2 4

1
Tatinh | :j\/x2+1dx.

0
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2 du = X dx
Pt {“Z X+l suyra x>+1 . Khido,
dv =dx V=X
1 1 2 1
| =xy/x*+1 —j dx=«/§—j(\/x2+1— jdx
0 X +1 0 X +1
1 1
1
o1 =+2 =[x +1dx+ dx
! ‘([\/x2+1

:£+lln(1+\/§).

1
o 2 2

<:>|=x/§—|+|ﬂ(X+M)

A 2 1(y2 1 32-In(1++2
Vay S:%—Z£%+Eln(l+\/§)J: 8< )
Tac a=3,b=2,¢=8.Vay a+b+c=13.
Cau 178: [Chuyén PH Vinh lan 2 — 2018] Mat cong chao c6 dang hinh parabol chiéu cao 18m,
chiéu rong chan dé 12m. Ngudi ta cing hai soi day trang tri AB,CD nam ngang dong

thoi chia hinh gigi han boi parabol va mat dat thanh ba phan c6 dién tich bang nhau

(xem hinh v& bén). Ti s6 % bang

L, D. .
32 1+ 242

1
A —.
N2

18m

12m
Léi gidi

Chon C
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s
vaj
0

—=x? —kjdx:48. Tu d6 giai dugc x, =3/72;x, =144 = 0"

(1

A B

C D

T
/ \

Thiét 1ap hé toa d6 Oxy trong mat phang nhu hinh v&. Khi d6 parabol c¢6 phuong trinh

.\<

yz—%xz. Goi phuong trinh cac dudng thang 1a AB:y =t ,(t<0)CD:y=k,(k<0)

= X5 =~/-2t, X, =+/—2k . Puong thang EF : y =—18. Dién tich tam giac cong OKF la:

6

J(—%x2+18)dx=72.

0

N |-

J=2t
Tur gia thiét suy ra: dién tich tam giac cong OBI =24,0JD =48 = J' [— X2 —tjdx =24
0

B X 1

_B T
X X2

2

Cau 179: Cho ham s6 y = f (x)=ax’ +bx* +cx+d,(a,b,c e R,a=0)cé do thi (C). Biét rang do thi

(C) tiép xdc véi duong thang y =4 tai diém c6 hoanh d6 am AY
va do thi ham so y = f'(x) cho bai hinh vé& duéi day:
Tinh di¢n tich S cta hinh phang gisi han béi db thi (C) va
truc hoanh. 1\ o 1
A S=9. B.5=2",
4
c.s=2 D.s=2.
4 4
Loi gidi /3
Chon B.

Tur d6 thi suy ra f'(x)=3x"-3.

Xy
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f(x):J'f’(x)dx:j(sz—3)dx:x3—3x+C.
Do (C) tiép xtc véi dudng thang y =4 tai diém c6 hoanh do x, 4m nén
f'(%)=0<3%x-3=0< x, =-1.
Suyra f(-1)=4<C=2 =(C):y=x"-3x+2

X=-2

Xét phuong trinh x?’—3x+2:0<:{x_1 .

Dién tich hinh phang cin tim [a: § = [* (x ~3x+2) dx = %

Cau 180: (THPT Gang thép Thai Nguyén lan 3 — 2018) Goi V la thé tich khdi tron xoay tao
thanh khi quay hinh phang gisi han béi cac duong y=+/x,y=0 vax=4quay quanh truc
Ox . Puong thang x=a (0 <a<4) cat d6 thi ham s6 y=+/x tai M (hinh v& bén). Goi V,
la thé tich khéi tron xoay tao thanh khi quay tam giac OMH quanh truc Ox . Biét ring

V =2V,. Giatricua a thoa mén

Ay
/
y=+/x M
K H
@) a 4 -
A.ae[3;4). B. ag[2,3). C. a€g[L2). D. ae(0;1).
Lot giai

Chon A.
4 X2 4

Tacd V = xdx= n| =8m (dvdt) =V, =4n (dvdt).
0

0

Mt khéc V, 1a tong thé tich hai khéi non tron xoay Vi, Va Vi, -
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2
1 MK? 0K =%(v‘| MK =a).

Vo =—T.
OMK 3

L MK2.HK :@(v‘l HK =4-a).

V =—T.
HMK 3

SV, =V + Ve =@.Ttrdé:4—;‘a=4n:>a=3.

Cau 181: (THPT Gang Thép Thai Nguyén Lan 3 — 2018) Ki hiéu S,,S,,S, lan luot la dién tich
hinh vudng c6 canh 1a 1, hinh tron ¢ béan kinh bang 1, hinh phang gidi han boi hai

. . S+ S
duong y=2v1-x*,y=2(1-x). Tinh ti s6 1;r 3,
2
A S +S, 1 B S +S; 1 C S;+S, 1 D Sl+S3:1.
S, 5 S, 3 S5 2 S, 4
Loi giai
Chon C.

+Taco S,=1; S,=7x.

+ Ta thay phuong trinh 2y/1-x* =2(1-x) < [X
X =

jxll—xz —(1-x)dx|= 2|j.\/1—x2 —'lf(l—x)dx |:2|j\/1—x2dx—%|

0
. Khi do:
1

1
53=j|2\/1—x2 —2(1-x)|dx =2|

0
1
Tinh 1 :J.\/l—x2 dx.
0

T
1+COStht= LrisinZt E=£.
2 4 0 4

3 3
Dat x =sint, te{o;z},khi do | =Icosztdt:_[
2 0 0 2

Suyra s, :%—1

Khide: 25 1
s, 2
2

1
Nhan xét: ZJ\/l—xzdx:%SO Trong d6 S, 14 dién tich Elip x2+y7=1
0

1
=S, =2ﬂ:>2fx/1—x2dx=%
0
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] o) 1 X

Cau 182: [THPT Ninh Giang Hai Dwong — HKII — 2018] Tinh dién tich hinh phang giéi han
bdi hai duong cong: y=-2x°+Xx*+X+5, y=x?—x+5, ta dugC:
A. S =2 (dvdt). B. S=3 (dvdt). C. S=1 (dvdy). D. S=0 (dvdt).
Loi giai
Chen C.

Phuong trinh hoanh d¢ giao diém cua hai duong cong y = f (x)=-2x*+x* +x+5,

x=0

y=9g(x)=x"—x+5la -2’ +X* +x+5=x"-x+5o2x’-2x=0< .
x=x1

Dién tich gi4i han:
0 1
S= j| f(x)-g(x)|d x+j|f (x)-g(x)|dx=
0

-1

0

T(109-800)ex (1 (- )

1
(1X4—X2j (—1 X4—X2]
2 2

Cau 183: [THPT Ninh Giang Hai Dwong — HKII — 2018] Tinh dién tich hinh phang giéi han

bdi cac duong sau: y =x?, y=2—17x2, yzz,tadu’qc:
X

+

0 0

—S= jzx —2x)d
-1

=1 (dvdt).

Jl' 2x° —2x dx|=
0

-1 0

A. S=27In2 (dvdt). B.S=27In3 (dvdt). C. S=28In3 (dvdt). D. S=29In2 (dvdt).
Loi giai
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3 . 1 39
+27Inx|3——x =27In3.
0 81 3

3 9
Tir d thi ta c6: S=j(x2—ixzjdx+j(£—ix2jdx=§x3
5 27 s\ X 27 81

Cau 184: [THPT Ninh Giang Hai Dwong — HKI1 — 2018] Thé tich khdi tron xoay sinh ra khi

quay hinh phang gi¢i han béi cac duong: y = 2”;y = —2 + 2;y = 0 quanh tryc Oz la:

_4n FRvas . c.v=". D.v-=
21 21 7

A.V
Léi gidi

Phuong trinh hoanh d6 giao diém:

P =—24+22=1;, —z+2=0<« 2 =2 (Hinh vé).

Khi d6 thé tich can tim Ia;

1 2
V:mede%—wf(—x—l—?)de:lO—f . Chon dép an B.

0 1

Cau 185: [S¢ Bic Ninh Lan 2-2018] Trong mit phing toa dd Oxy, cho hinh tron (C):x* +y* =8
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va parabol (P):y =

2

X? chia hinh tron thanh hai phan. Goi S, la dién tich phan nho, S, 1a

dién tich phan Ion. Tinh ti s6 > 2
2
A i_37r+2 B S, 3r-2 S, 3r+2

_ 1 , C. L= . D.
— S, 9r-2 S, 97+2 S, 97+2

3+l
97r-1"

wn |Hm

N

Léi giai

Chon A

2
Tir d6 thi trén ta co: S, = 2]02{\/8— X —X?}dx = 2]02 V8- xzdx—J'o2 x*dx = 2.[02 \8— xzdx—g :

Xét | :I:\/8—x2dx.£)ait x=22sint = dx =22 costdt.

Poi can:
X 0 2
T
t 0 —
4

Do vay ta cé: | :J.f\/8—8sin2t.2«/§costdt :8J'f\/1—sin2tcostdt
= | :SIfcosztdt=4E(1+0052t)dt:4[t+sin 2t]‘0% =7+2

= 81=27z+ﬂ.

Mt khic: S, +S, = 7(2V2) =87 = S, =67~
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272'+ﬂ
Do vay ta c6: -+ = 2:37r+2.
) 6ﬂ_§ 97 -2

Cach 2: Vi Parabol (P) cit duong tron (C) tai diém chinh giita clia cung thude géc

phén tu thir nhat c6 toa do 1a A(2;2). Xét duong thing d:y=x thi

2 2 2 3\
S, = 2z+2j(x—X_de:2m2(X__X_J
0 2 2 6

0

4 6r+4
=27 +—= .
3 3

szzsn—slzan—gzls”_“.

3
Khi do > =37+2,
S, 9r-2
Cau 186: [ THPT chuyén Quang Trung, Binh Phuéc, lan 4, niim 2018 - Cau 42]
Ch ST N = 2, \/é 2 3 \ : 4 3
0 (H) la hinh phang gigi han bai parabol y=—-x va duong Elip c6 phuong trinh

2

XZ+ y? =1 (phan t6 dam trong hinh v&). Dién tich ciia (H) bang

w X

'
e
w4

Léi gii

- B. 2% c. 73 D. 3%
3 2 2
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+) Phuong phép: Str dung cong thic tinh dién tich hinh phiang gigi han boéi d6 thi

b
y=f(x),ddthi y=g(x) va cdc duong théhgx:a;x=b(a<b) la S=I|f(x)—g(x)|dx
5 5 .

g
L

X

i arabol va Elip da cho 1a

X2 3 4 2
I+4x =1< 3x*Fx*—4=0 suy ra x==+1.

2

2
Phuong trinh XZ+ y2=1 o y=+, /1—)(Z . Bai toan dwa vé tinh dién tich hinh phang gidi

2
han béi parabol yzgxz, d6 thi ham s y=1/1—XZ va cac duong thang: x=-1; x=1.

Vi parabol va Elip déu ddi xtmg qua Oy nén dién tich hinh phang(H ) bang

1
- J'(‘/l————Jd _2H1——dx \/_Ixzdx j\/4 xdx—\/_X I—?,
0 0
1
:j\/4—x2dx
0
bat x=2sint, te[o; %} suy ra dx=2costdt;x=0=1t=0; x:1:>t=%
: :
J.Zcost\/4 4sin’t dt = j4cos tdt_fz 1+cosZt 2(t+%sin2t) =—+§
0 0
Do dé S, =2 L8278 A
" ~376 6

Cau 187: Cho (H) la hinh phang giéi han béi parabol x*+3y=0 va duong tron c6

phuong trinh x*+y® =4 (hinh v&). Dién tich cta (H) bang
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A A3 g Y37 c. 273 D. Z+\3
3 3 3 3
Loi giai
Chon A

Phuong trinh hoanh do giao diém cua parabol va dudng di cho 1a

4

x2+%=4<:> X' +9x? —36=0 suy ra x==+v3.

Phuong trinh X*+y? =4 < y=+J4—x?. Bai toan dua vé tinh dién tich hinh phang

gidi han
y=—Va-x*
X2
boi cac duong: 17~ 3 . Vi (H) di xting qua Oy nén
x=—3
x=+/3

——4x

f 2]{ x——}dx_ZI\/de 2j—dx

z o3
=4(t+lsin2tj3 _2¢| 47”‘[ . Chon A,
2 0 9 ‘O
Cau 188: Tinh dién tich hinh phang (H) gi¢i han
boi parabol ¥ S y=4x—x* va tiép tuyén voi
(dy) (dy)

parabol ké tir diém

()

O
w| b

A

al©

Léi gidi




HavaMkrH
Chon A
Phuong trinh tiép tuyén voi parabol da cho ké tir diém M (g;ej la d:y=2x+1va
d,:y=-4x+16.

Chia hinh phang (H) thanh hai hinh Ian luot giéi han boi

y=2x+1 y=—-4x+16
y=4x-x’ y =4x—x?
(H):x=1 va (H,): x—E
5 2
X=35 X=4

Suy ra Sty =Sy TS, =

b —_ o

‘2x+1—4x+xz‘dx+ﬁ—4x+l6—4x+ x%|dx
5

2

5 4

2 _(x—l)32 (x—4)3
(x—4) dx = 3 |+ 3 L

‘l =
2

(x—l)2 dx +

=g. Chon A.
4

P 0 | U7
N | U7 ey 1

CAu 189: [Chuyén Lwong Vin Chanh, Long An- L2- nam 2018] Cho ham sb y = f (x) c6 dao
ham f'(x) lién tuc trén Rva dd thi cia ham sé y = f'(x) cét truc hoanh tai diém cé

hoanh do a,b,c,d (hinh bén). Chon khang dinh dung trong cac khang dinh sau.
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y

A. f(c)> f(a)> f(b)> f(d). B. f(a)> f(c)> f(d)> f(b).
C. f(a)> f(b)> f(c)> f(d). D. f(c)> f(a)> f(d)> f(b).
Loi giai
Chen A.
Goi S,,S,,S, lan luot la dién tich hinh phang gidi han boi PTHS y = £(x), truc Ox tir
trai sang phai.
Ta co:

+sl>o@i[o— f(0)]dx >0 -[f(b)- f ()] >0 f(a)> f(b), (). +
S, <S, @T[o— f'(x)]dx<j'[f’(x)—0]dx<r> f(a)- f(b)< f(c)-f(b) < f(a)< f(c)(2)

+S,<S,; @j[f'(x)—O]dx<j.[0— f'(x)jdx < f(c)-f(b) < f(c)-f(d) = f(d) < f(b),(d).



sl
HavaMkrH
Tu (2),(2),(3) taco f(c)> f(a)> f(b)> f(d).
Phan tich: Y tuong cua bai toan dya trén st dung tng dung cua tich phan dé tinh dién
tich hinh phang.

CAu 190: Cho ham s y = f (x) c6 dao ham f'(x) lién tuc trén Rva d6 thi cua ham sd y = f'(x)
cét truc hoanh tai diém c6 hoanh do a, b, c (hinh bén). Chon khang dinh ding trong cac

khing dinh sau.

A.f()> f@)> f(b). B.f(c)> f(b)> f(a).

C.f(@)> f(b)> f(c). D. f(b)> f(@)> f(c).
Lai giai
Chon A.

Goi S,,S, lan Iuot 1a dién tich hinh phang gi¢i han boi DPTHS y = £'(x), truc Ox tir trai
sang phai.

Ta co:

+Sl>0<:>j.[0—f’(x)]dx>0<:>—[f(b)—f(a)]>0c>f(a)>f(b),(1). +

S, <S, o T[o— £/(x)]dx < j[ £/(x)-0dx < f(a)— f(b) < f(c)— f(b) < f(a) < f(C),(2).

Tu @),(2) tacd f(c)> f(a)> f(b).
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Cau 191: [Chuyén Thai Binh Lan 4, nam 2018] Cho ham sé y= f(x) c6 dao ham lién tuc trén
doan [-3;3] va dd thi ham sé y=f'(x) nhu hinh v& bén. Biét f(1)=6 va

. Két luan nao sau day 1a dung?

A. Phuong trinh g(x)=0 c6 dung hai nghiém thudc [-3;3].

(

B. Phuong trinh g(x)=0 c¢6 ding mot nghiém thudc [-3;3].

C. Phuong trinh g(x) =0 khdng c6 nghiém thudc [-3;3].

D. Phuong trinh g(x) =0 c6 dung ba nghiém thuéc [-3;3].
Lo giai

Chon B.

g(x) = (x)— XY

=g'(xX)=f'(xX)—(x+1).

Ta thay duong thang y = x+1 1a duong thang di qua cac diém (-3,-2),(L2),(3;4).
Goi S la dién tich hinh phang giéi han boi PTHS y = f'(x) ,dudng thang
y=x+1x=-3,x=1.

Goi S'la dién tich hinh phang gidi han boi PTHS y = f'(x), duong thang
y=x+1Lx=1x=3.

Do f(1)=6=g(1)=4.

1
Taco: S>4< [g'(dx>4< g(1)-g(-3) > 4= g(-3) <0.
-3

S'<4<:>—ig’(x)dx<4<:> g)-g3)<4=9(3)>0.



<Mz

HavaMArH

Tur d6 thi ham s6 y = f’(x) va duong thang y = x+1 cling véi cac két qua trén ta co

bang bién thién sau:

X -3 1 3
g'(x) |0 0 0
+ -
g(x) 4 \
g(3)>0
g(-3)<0

Tur bang bién thién ta c6 phuong trinh g(x)=0 c6 ding mét nghiém thudc [-3;3)].
Cau 192: [Piang Thuc Hira — Lan 2 — 2018] Tinh dién tich hinh phang gidi han boi nira duong
tron y=+/2—x* va duong thang d di qua hai diém A(—ﬁ;o) va B(L1) (phdn t6 dam

nhuw hinh vé')
v
N
A EER2 g, T2 C. T-22. D 3122
4 4 4 4
Loi giai
Céach 1:

Phuong trinh duong thang AB: y = («/E—l)x+2—\/§.

Goi S la dién tich can tinh, ta co

S = Jl‘ (W—(ﬁ—l)x—brﬁ)dx:jzﬂdx— j ((\E—l)x+2—ﬁ)dx.

-2 -2

1
+Tinh s, = [ V2—xdx:
2

bat x:\/ﬁsint,te[—%;%} Taco dx =+/2 costdt.
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Doi can x=—\/§:>t:—%,x:1:>t:%.

z
4

T
j2|cost|costdt: j2cosztdt=
: .

e N

(1+cos2t)dt

/4

2

i
Suy ra S, = [ vV2—2sin’t/2 costdt =
2

2

1

\/§+1

>

1
SZ:_Iﬁ

(2-t)s 2o 22+ o)y

-z

Vay S=§,-S, :M_

Cach 2: Sir dung MTCT.
Phuong trinh dudng thing AB: y = (\/5—1) X+2-~2.

Goi S la dién tich can tinh, tacéd S = j (\/Z—XZ -(ﬁ-1)x-2+ﬁ)dx.
)

Str dung MTCT, tinh S, gan gia tri vao bién A. Ly giatri A trir di cac két qua trong
cac dap an, roi chon dap an c6 két qua phép trir bang 0. D6 1a dap an D.

Cau 193: Cho (H) la hinh phang giéi han béi parabol y :7x va ntra duong elip co
phuong trinh y = %\/4— x? (véi —2<x<2) vatryc hoanh (phan to dam trong hinh vg).

Goi S ladién tich cua, biét S = (voia,b,ceR ). Tinh P=a+b+c.

a7l'+b\/§
C

-2 2 X

A P=9. B. P=12. C. P=15. D. P=17.

Léi gii
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Phuong trinh hoanh do giao diém cua parabol va nta duong elip 1a: 3x? =+/4 - x?

S+ —4=0=x=+1

Vay S = 2([ 2dx+j «/ﬁdj {

A {2

2
Trong do6 S, = %j\M— x?dx..
1

bat x=2sint = dx = 2costdt .

Doi can x=1 =>t=

c»lkl

X=2=t=

Nlé}

s

2
Vay S, =2 '[ cos’tdt =

Vi

Ez\@

m‘al—.,\;\a

(1+cos2t)dt = (t + %sin ZtJ

z
6

6

Suy ra S=2[47z_\/§} :4”_\/5.
12 6

Cau 194: [Pdng Thac Hira — Lan 2 — 2018] Cho ham sé y = f (x) x4c dinh va lién tuc trén doan
[-3;3]. Biét rang dién tich hinh phang S, S, gi¢i han boi do thi ham so y=f(x) va

duong thang y =—x—1 lan lugt 1a M;m.

Tinh tich phan J' x)dx bang :

A.6+m-M. B.6-m-M. C. M-m+6. D. m—-M-6.
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Loi giai
Chon D.
Chia dién tich hinh phang S, 12 M =S, +S,, nhu trong hinh v& m0 ta dudi day.

Goi X, la hoanh do giao diém ciia do thi (C) ham s6 y = f (x) véi truc Ox.
Xo 3

Ta co f F(x)dx= [ £ (x)dx+ [ £ (x)aX =(Supc =Sit)—| So + Sucwg + (S —M) |

-3

=(2-8,,)-[S,, +2+(6-m)] =m—M —6. Vay chon D.

Nhan xét: Pay 13 bai toan co ban dua vao dién tich hinh phang gi¢i han béi hai duong
b

cho trude. Néu xac dinh duge M, m va cho trude g (x)ta co thé tinh duogc J. f (x)dx.

CAu 195: Cho ham sd y = f(x) xac dinh va lién tuc trén doan —5;3 . Biét rang dién tich

hinh phang S,,S,,S, giéi han boi dd thi ham s6 y=f(x) va dudng thang

3
y=g X =ax?+bx+c lan lugt 1a m,n, p. Tich phan ff(x)dx béng
-5

A. m—n+p—@ &m—n+p+@ C. —m+n—p—@ D. —m+n—p+@
45 45 45 45
Loi giai

Chon B
D6 thi ham y = g(x)di qua cac diém O(0;0),A(-2;0),B(3;2) nén
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_2
c=0 145
4a-2b=0 < {b=— = g(x)=£x2+ix.
15 15 15
9a+3b=2 c=0

m-n+ p::E[f (x)—g(x)]dx—i[g(x)— i (x)]dx+§[f (x)—g(x)]dx

3 3

:.[ f(x)dx—J;g(x)dx.

-5

: ‘ 208
:>j5f(x)dx=m—n+ p+J;g(x)dx:m—n+ p+4—5

YA

/-5

a=4
Vay <b=-1 =>P=a+b+c=9.
c=6

Cau 196: Trong mat phang Oxy . cho hinh chit nhat (H) c¢6 mét canh nam trén truc hoanh va c6
hai dinh trén mot duong chéo 1a A(-L0) va C(m;m) véi m>0. Biét rang @6 thi ham
s6 y=+/x chia hinh (H)thanh hai phan c6 dién tich bing nhau. Tim m .

A.m=9. B.m=4. C.m:%. D.m=3.
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Loi giai

Phan tich: Ta can tim toa do diém B va tinh dugc dién tich mot phan ma duong y =/x

chia hinh (H).
Chon D
A
y :
D C'(m;v/m
y =
A X
-1 o B(m;0)

Tur gia thiét suy ra B(m;0) e Ox.
= Speco =(M+1)Vm .

Goi S, la dién tich hinh phang gigi han boi cac duong y=+/X;x=0;x=m;y=0.Suy ra

81=I\/;dx=zx:;/; :2m«/ﬁ_

3

0 0

2my/m :(m+1)\/ﬁ

3 2

Theo gia thiét ta c6 Sl:%SABCD N &m=3,

Cau 197: Trong mat phang Oxy cho hinh thang vuéng ABCD c6 A(-10) va
B(m;O);C(m;\/m+1); D(-15) véi m>-1. Biét rang d6 thi ham s6 y=+/x+1 chia hinh
(H)thanh hai phan c6 dién tich bang nhau. Tim m.

A. m=12. B.m=6. C. m=8. D.m=10.
Loi giai
Phan tich:
Trudc hét can vé dung hinh va x4c dinh dung phan dién tich can tinh. Sau d6 dung tich
phan dé tinh phan dién tich do.
Chon C
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-1 0 | | B(mO)
S asco :%(AD+BC)AB:%(\/m+1+5)(m+1) .

Goi S, la dién tich hinh phang gidi han boi cac duong y=+/x+1;x=-Lx=m;y=0. Suy

ra

SFI '_x+1dx:2(x+13))\/x+l 2(m+1)\/m+1.

Theo gia thiét ta co S, :%SABCD N :%.%.(\/m+1+5)(m+1).

SAm+1=3< m=8.

Cau 198: Trong mit phang Oxy . A(0;2) va B(m;0) véi m>2. Biét ring do thi ham so y=2

I—“I’\J

X—

(C) chia tam giac OAB thanh hai phan. Tinh dién tich cua phan gisi han boi

y:x—i y =0 va dudng thing AB theo m.
X_
2 —_—
N 4—In‘m‘. H In m‘.
2 2
Loi gidi
Phéan tich:

Trudc hét can vé dung hinh va x4c dinh dung phan dién tich can tinh. Cha y phan dién
tich can tim gom hai phan va tam giac vudng va hinh thang cong.
Chon B
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Ta c6 phuong trinh duong thang AB Ia: %+% =l y= —3x+ 2.

m

Xét phuong trinh hoanh do giao diém caa (C) va AB:
X=2__ 2,2 (1)(didukien x#1).

x-1 m
Véi diéu kién trén phuong trinh (1) tuong duong voi:

x=0
2x* —=(m+2)x=0< m+2
X =

N

Véi x=0=>y=2=E(0;2)=A.

Voi x =

m+2 m-—2 (m+2 m—2j
= =F : )

Goi S, 1a dién tich hinh phing giGi han bai céc duong y =X;i; y =—%x+2; y=0.Suy
X_

ra

m+2

2 x-2 ™21 m+2ym-2 m’-4  |m
Slz'2[—X_ldx+SAFHB=(x—|n|x—]4)‘22 +E.(m— > j =3 —In‘z‘.

Cau 199: Goi H la tap hop diém biéu dién sé phic z trong mat phang toa dd Oxy thoa man
[22—2|<3 vasé phuc z ¢6 phan 4o khong am. Tinh di¢n tich hinh H

A 37, B. 37 o D. 67.

4 2
Lai giai
Chon C
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—ﬁ: — - Jiz:

‘ZZ—E‘S:% e [2(x+yi)—(x-yi)| <3 X’ +(3y) <3

2 2 2 2
< X2 +9y? £3©%+3y2 Sl@%+yT£1:> y? SB 9X :—%\/3—% < yS%\/B—XZ
3
3-x°

Ma y khdng @m nén 0<y<
PA e PO V3l 5
Dién tich cAn tim S :j_ﬁgxls—x dx

Pit x =+/3sint = dx =+/3 costdt

Can x:—\@:tz—%; x:\@:tzg

z
2

S ='|'5,r\/3—3sin2t\/§costdt :F,,Bcos2 tdt :gj‘%[(1+0052t)dt :%[H%sin 2tj
) 2 ]

L

Cau 200: Cho hinh D gigi han boi cac duong y=x*-2 va y=—|x|. Khi do dién tich cua hinh D

oz
2

la:
13 7 1 137
A.?. B.g. C.?. D.T.
Lot giai
Chon B

Hoanh d6 giao diém cua hai d6 thi ham sé d4 cho 1a nghiém cua phuong trinh:

X2 —2= =1 & X=
=X k=t e|
Khi do6 dién tich cua hinh D duoc xac dinh boi:

S :_1Hx2 —2—|x”.dx :jl(x—x2 +2).dx+'1[(—x—x2 +2).dx
e

-1 0
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o +(—X?2—X?3+2Xj‘1: To T T (dvdh)

x> X
= ———+2X
(2 3 Jl 6 6 3




