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Cau 37:

Cau 38:

PHAN 2
HAI PUONG THANG CHEO NHAU VA
HAI PUONG THANG SONG SONG
Cho hinh chép S.ABCD c6 AD khdng song song véi BC. Goi M, N, P,Q,R,T lan
lwot 1a trung diém AC,BD,BC,CD, SA,SD. Cip duong thiang nao sau diy song song

véi nhau?
A. MP va RT.. B. MQ va RT.. C. MN va RT.. D. PQ va RT.

Huoéng din giai
Chon B

Tacd: M,Q lan luot 13 trung diém cia AC,CD

= MQ la duodng trung binh cua tam gidc CAD = MQ / AD (1)

Taco: R, T lan luot 1a trung diém caa SA,SD

= RT la duong trung binh cua tam giac SAD = RT // AD (2)

Tu (1),(2) suy ra: MQ // RT..

Cho hinh chop S-ABCD ¢4 day ABCD |a mot hinh thang véi day AD va BC . Biét
AD=a,BC=b. Goi | va J lan luot 12 trong tdm céc tam giac SAD va SBC Mt
phing (ADJ) cat SB,SC lan lugt tai M,N. Mat phang (BCI) cit SA,SD tai P,Q.
Khang dinh nao sau day 1a ding?

A. MN song sonng véi PQ. B. MN cheo vai PQ.

C. MN cét véi PQ. D. MN tring véi PQ.

Huéng din giai
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Cau 39:

Chon C

Tacd | e(SAD)= | €(SAD)N(IBC).

AD  (SAD)
BC (1B

vay {BC < (1BC) = PQ[ AD|[BC (1)
AD || BC

(SAD)(IBC)="PQ
Tuong tu J €(SBC)=J (SBC)n(ADJ)

AD  (ADJ)

. |BC C(SBC)
Vay = MN || AD||BC (2)
AD||BC
(SBC)n(ADJ)=MN
Tu (1) va (2) suy ra MN || PQ.
Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh. Goi M, N, P lan luot 12

trung diém cua AB, AD,SC. Goi Q la giao diém ciaa SD véi (MNP). Tinh % 2

AL B.
3

C.

Nlow

D. 2.
3

Al

Hwéng dan giai

Chon C

Trong mit phang (ABCD), goi E la giao diém ciia MN véi DC va F 14 trung diém
cia CD.Dé thiy Q chinh 1a giao diém cua PE v&i SD.

Ta cO: ME =BC. Ap dung Thales ta co: E:E:E: EF =1EF .
MF EF 2 2

Suy ra D 14 trung diém EF .
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Cau 40:

Cau 41:

PQ la duong trung binh cta tam giac EPF ta co: % = %
NP \ , . .. DS
PF la duong trung binh cua tam giac CSD ta cO: E 2.
T do6 suy ra: £=4:>£:§.
DQ SD 4

Cho hinh chop S.ABCD c6 ddy ABCD la hinh binh hanh tam O. Goi M, N, P lan luot
14 trung diém cua AB, AD va SO. Goi H 1a giao diém ciia SC véi (MNP). Tinh

SH,

sC

INES B 1 c. 2 D. 2
3 2 2 3

Hudéng dan giai

Chon B.

Trong mit phing (ABCD), goi | 1a giao diém ciia MN véi AO.

D& thay H chinh 1 giao diém cua PO véi SC.

Do MN la duong trung binh cua tam giac ABD nén | 1a trung diém AO. Suy ra

% :% va Pl 1a duong trung binh cua tam giac OSA. Do d6: IH //SA.
Ap dyng dinh li Thales ta co: SH_AL_L
SD AC 4

Cho tu dien ABCD ¢§ AB=CD=a AC=BD=b AD=BC=c Xét c4c khing dinh

sau:
‘bz —C
aZ

2
a. Cosin cua gdc gitra hai duong thang AB va CD bang |

e C s 2 N x ‘az _Cz‘
b. Cosin cua goc giira hai duwong thang AC va BD bang Y

c. Cosin cta goc gitra hai duong thang AD va BC bang

Trong cac khang dinh trén c¢d bao nhiéu khang dinh ding?
A. 0. B. 1. C. 2.

Huéng dan giai
Chon C.
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Cau 42:

Goi E, F, G lan luot 1a trung diém cia AC, BC, AD.
Tacd: EF//AB, EG//CD, suy ra goc gitra hai duong thang AB va CD.
2 2 2 2 2 2
Taco: ap?_ PAB?+ACT BC® a’+b® ¢
2 4 2 4

Do AABC =ADBC(c.cc) nén AF =DF.

2 h2_ Q2
Suy ra AAFD can tai F.Vay FG L AD = FG = JFA? — AG? =‘/%.

EF?+EG*-FG® ¢*-b’

2EF.EG a®
‘bz—cz‘
a?

Xét tam giac EFG c0: cos FEG =

Vi 0° s(EF, EG)sgo" :>cos(EF, EG):‘cos FEG‘ -

, . |p*=c?
Vay cosin cua goc gitra hai duwong thang AB va CD bang ‘a—z‘

a —C
b2

el

Tuong tu ta ciing suy ra cosin cua goc gitra AC va BD bang

Nhg@n xét: Tur vi du nay, ta con suy ra dugc mét trong ba gia tri a’cos(AB,CD);
b? cos(AC, BD) ; ¢? cos( AD, BC) bang tong hai gia tri con lai. Ciing tir vi du nay ta con

suy ra duoc Vai tir dién déu ABCD thi gdc gitra cac cip canh d6i dién lubn bang 90°
Cho hinh binh hanh ABCD. Goi Bx, Cy, Dz la cac duong thiang song song véi nhau
lan lugt di qua B, C, D va nam vé mét phia ciia mat phing (ABCD), dong thoi
khdng nam trong mat phang (ABCD). Mot mat phing di qua A va cét Bx, Cy, Dz
lan luot tai B', C', D' véi BB'=2, DD'=4. Khi d6 CC' bang:

A. 3. B. 4. C. 5. D.6.

Huoéng dan giai

Chon D.

Goi O la tam cua hinh binh hanh ABCD. |
1a trung diém cua B'D'.

Do Bx, Dz song song véi nhau nén
BDD'B’ Ia hinh thang va Ol la duong trung
binh cta hinh thang d6. Suy ra

_BB'+DD' _
2

10 3.
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Cau 43:

M3t khac Ol song song véi CC' (vi cling song song véi DD') nén c6 bén diém C,
C', O, | ddng phang.

Giao tuyén cta hai mt phang (AB'D’) véi (ACC') la AC'. Lai co | thuoc (AB'D'),
| thuoc (ACC'). Do d6 A, 1, C' thang hang. Tur day dé dang suy ra, | Ia trung
diém doan AC'. Do vay, CC' =20l =6.

Nhgn xét: Ta c6 bai toan tong quéat cho bai toan niy nhu sau:

Cho hinh binh hanh ABCD. Goi At, Bx, Cy, Dz 1a cac duong thang song song voi
nhau lan lugt di qua A, B, C, D ddng thoi khong nam trong mat phang (ABCD).
Mot mat phang cat At, Bx, Cy, Dz lan luot tai A’, B, C’, D'. Khi d6 AB'CD' la
hinh binh hanh va AA'+CC’=BB’+DD'.

Do d6 khi biét 3 trong 4 ddi twong AA', BB', CC', DD’ ta s& dé dang tinh dugc dbi
tugng con lai.

Cho hinh binh hanh ABCD tam O. Goi At, BX cy, Dz la cac duong thang song
song voi nhau lan luot di qua A, B, C, D va nam vé mot phia caa mat phing
(ABCD), dong thoi khong nam trong mat phang (ABCD). Mot mat phang («) di
dong cit At, BX cy, Dz lan luwot tai A, B, C', D' sao cho
AA'+CC'+BB'+DD'=a (O ¢4 d¢ dai cho trudc). Mit phang () ludn di qua diém

¢ dinh 1. Ménh dé nao sau day dung?

A. | nam trén duong thang O song song véi At va Ol = %
B. | nidm trén dudng thang O song song véi At va Ol = %
C. | nam trén duong thang O song song v4i At va Ol = 37a

D. | nam trén duong thang O song song voi At va Ol =

Huéng dan giai

Chon B.

Theo két qua bai trén ta c6: AA'+CC'=20l =BB'+AA +CC'+BB'+DD'=a nén

or=2.
4
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Cau 44:

Cau 45:

Cho ti dien ABCD Goi M,N lan luot 13 trung diém cia ABva AC | Goi E 1a diém
trén canh CD vgi ED=3EC _ Thiét di¢n tao boi mat phang (MNE) va ti dign ABCD
la:
A. Tam giac MNE .
B. Tt giac MNEF véi F 1a diém bat ki trén canh BD.
C. Hinh binh hanh MNEF véi F 1a diém bét ki trén canh BD ma EF //BC .
D. Hinh thang MNEF véi F 1 diém bét ki trén canh BD va EF //BC.
Huoéng dan giai
Chon D.
Trong mit phing (BCD), Goi F la giao diem cua duong thing qua E, song song
BC voi BD
- {(MNE)m(ABC) = MN;(MNE)n(BCD) = EF
(MNE)m(ABD) = MF;(MNE)m(ACD) =NE

Vay tir gidac MNEF Ia thiét dién cua hinh chop cit boi (MNE).

(MNE)~(ABC)
(MNE)~(BCD)
(MCD) (ABC)
BC//MN

MN

EF
= EF //MN.

BC

Lai co

Suy ra tir giac MNEF & hinh thang (EF > MN).
Cho hinh t dién ABCD ¢4 tit ca cac canh bang 6a. Goi M, N lan luot 1a trung diém
cta CACB. P 1a diém trén canh BD sao cho BP =2PD. Dién tich S thiét dién cua tt

dién ABCD bi cit boi (MNP) la:

5a2./51 5a2\/147 5a2\/147 5a2./51

A S= . B.S= . C.S= . D.S= .
4 4 2 2

Huéng dan giai

Chon A

Trong mit phing (BCD), goi | 1a giao diém ctia NP véi CD.

Trong mit phang (ACD), goi Q 1a giao diém ctia AD va MI . Suy ra Q la giao diém
cia AD véi (MNP). Khi @6, t&r gidc MNPQ 1a thiét dién cia t&r dién cdt boi mat

phang (MNP).
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Cau 46:

Trong tam gi4c BCI ta c6 P la trong tim cta tam giac suy ra D 1a trung diém cia
Cl.

Trong tam giac ACI c0 Q la trong tm ctia tam giac nén g—gz 2.
Taco Ezﬁzg: PQ//MN .
IN IM 3

Suy ra MNPQ 1a hinh thang vo1 day 1é6n MN .

Ta cd: AQ=4a, AM =3a=MN,PQ =2a. Ap dung dinh li cosin trong tam giac MAQ
ta co:

MQ? = AM? + AQ? — 2AM.AQ.cos 60° =16a’ +9a* —12a® =13a> = MQ = a+/13..

Tuong tu ta cling tinh dugc NP = aV13.

D& thdy MNPQ 14 hinh thang can. Do d6:

(MN+PQ)\/MQ ( 5 j=5a2J§1
=

2
Cho hinh chép S.ABCD c¢6 day ABCD la mét hinh thang voi ddy AD va BC. Biét
AD=a, BC=b. Goi | va J lan luot Ia trong tdm cac tam gidc SAD va SBC. Mit

S =

phang (ADJ)cat SB,SC lan luot tai M,N. Mat phang (BCI) cat SA,SD tai P,Q.

Gia st AM cit BD tai E; CQ cat DN tai F.Do dai doan thang EF la:
1 3 2 2

Huéng din giai
Chon D

Tacd E=AM NBP =Goi K=CPNEF = EF =EK+KF .
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Taco EK|BC = EK PE( )
BC PB
PM(|AB= £ _PM .y PM _SP_2 PE_2
EB  AB AB SA 3 EB 3
Tl‘x()suyra&:E PE L ZSEKZZBCZEb
BC PB PE+EB 1+EB 5 5 5

PE
2 R 2
Tuong tu KF =ga. Vay EF =EK +KF :g(a+b).
CAu 47: Hai hinh binh hanh ABCD va ABEF khong cing nam trong mot mat phang. Trén

canh AC ldy diém M va trén canh BF lay diém N sao cho %:%:k. Tim k

dé MN //DE.
A k=1, B. k=3. C.k=1. D. k=2.
3 2
Huoéng dén giai
Chon A
D c
B
4 I
N
F E
DMANE=1 " "'y 1A AM Kk _IN Bl BN k.
MN //DE =< IM IN Laico = — =
— - DM DC MC 1-k' NE EE NE 1-k'
DM NE
Matkhacﬂ+ﬂ Al Bl =1 ZL:1:>k:1

—_—t+— = .
DC EF FE EF 1-k
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Cau 48:

Cau 49:

PUONG THANG SONG SONG VOI MAT PHANG

Cho t& dién ABCD. Goi 1,J,K,H lan luot 13 trung diém cua cac canh
BA, AC,CB, AD. GoiE, F lan luot 12 trong tdm cua tam gidc ABD va tam gidc ACD.
Goi d 1a giao tuyén cua hai mat phang (D1J)va (DBC). Khi d6 khing dinh ndo sau
day dang?

A. d || (IHK). B. d || (JHK). C. d || (AEF). D. d||(DI).
Hudéng dan giai

Chon C.

Ta cd 1J 1a duong trung binh caa tam gidc ABC, suy raBC || 1J.

D e (DIJ) ~(DBC)
Nhu vay {13 BC suy ra giao tuyén dcua 2 mit phang (D1J)va
13  (DIJ), BC  (DBC)

(DBC) la dudng thang qua D va song song véi 13,BC .

E,F lan luot Ia trong tdm cua tam gidc ABD va tam gidc ACD nén 1J | EF vi

DE_DF _2

DI DJ 3
d|| EF

Do do I =d || (AEF).
EF — (AEF)

Cho hinh chép S.ABCD. Goi G,E lan luot 14 trong tdm cia ASAD va ASCD. Liy
M,N lan luot 14 trung diém cua AB, BC. Xét cAc ménh dé sau:

(1) Buong thang MN song song véi (GAC).

(2) Duong thang MN song song véi (DAC).

(3) Buong thang GE song song véi (AMN).

(4) Buong thing GE va dudng thang MN triing nhau.
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Céu 50:

(5) Puong thang GE va duong thang MN song song.

S6 meénh dé sai la:

A. 2. B. 0. C. 3. D. 1.
Huéng din giai

Chon A.

Hai ménh dé sai la (2) va (4).
(2) sai vi MN < (DAC).

(4) sai vi GE || MN .

Cho hinh chép S.ABCD c¢6 day ABCD la moét hinh binh hanh tdm O. Goi M, N, P
la ba diém trén cac canh AD, CD, SO. Thiét dién cua hinh chép véi mat phang
(MNP) la hinh gi?

A. Ngii giac. B. Tt giac. C. Hinh thang. D. Hinh binh
hanh.

Huéng dan giai

Chon A.

Trong mp(ABCD) goi E, K, F lan luot
1a giao diém cua MN voi DA, DB, DC.
Trong mp(SDB)goi H=KPNSB

Trong mp(SAB)goi T =EH NSA

Trong mp(SBC)goi R=FHNSC
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Cau 51:

.. |[E€MN
Ta co: = EH < (MNP)
H e KP

T eSA
T eEH

=T =SAN(MNP)

Li luan tuong tuy ta c6 R =SC n(MNP)
Thiét dién 1a ngil gidc MNRHT.

Cho hinh chép S-ABCD ¢4 day ABCDI3 hinh vubng canh@, goi Ola tam cua day.
Tam giac SAB1a tam gidc déu. Goi M 1a diém trén canh BC. M3t phang (P) di qua
M va song song véi SA, SBcat hinh chdp theo thiét dién 1a hinh gi?

A. Hinh vuéng. B. Hinh chit nhat.  C. Hinhthangcdn. D. Hinh thang
vuong.

Hudéng dan giai

Chon C.

Qua M ké mot duong thang song song Véi
SB, cit SC tai Q.

Qua Q ké mét duong thiang song song Vi
SA, cat AC tai O.

Goi M =MONAD.QuaN ké duong thang
song song véi SA, cit SD tai P.

Thiét dién tao bsi (P) va hinh chdp

S.ABCD la tr giac MNPQ.
Do MQ//SB;QO//SA;NP//SA nén

CM CQ CO DP
CB CS CA DS

— MN //PQ(1)

Pt BM =x.C6 MQ//sB = 12 _ M
S8 CB
_CM.SB_(a—x)a_a_

CB a
Tuong tu, NP =a—-x= MQ = NP(2)

MQ

Tur (1) va (2) ta c6 thiét dien MNPQ 14 hinh thang can.
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Cau 52:

Cau 53:

Cho hinh binh hanh ABCD. V¢ céc tia Ax,By,Cz, Dt song song, cung hudng nhau va
khéng nam trong mp(ABCD). Mp (a) cit Ax,By,Cz,Dt lan lugt tai A,B',C’,D'.
Khang dinh nao sau day sai?

A. AB'C'D’ la hinh binh hanh. B. mp(AA'B'B)// (DD'C'C).

C. AA=CC' va BB'=DD'. D. OO/l AA'.

(O la tam hinh binh hanh ABCD, O’ 1 giao diém ciia A'C’' vaB'D’).

Huéng dén giai

Chon C.

AB // DC '
AA' /IDD’

AB, AA'  (ABB'A)
DC,DD’ = (DD'C'C)

— (ABB'A') // (DD'CC).

Céu B dang. . /V’T/~ e
Mat khac Py Upp— I

a)n(ABB'A) = AB' he /
a)n(DCC'D')=C'D' = A'B' // C'D'.
ABB'A')//(DCC'D’)

)N (ADD'A') = AD'
a)n(BCCB')=CB' } = AD' // C'B'.
ABB'A')//(DCC'D’)

~ I~ A~~~

Do do6 cau A dang.

0,0’ lan luot 1a trung diém cua AC,A'C’' nén OO’ la duong trung binh trong hinh
thang AA'C'C. Do d6 OQ'// AA'. Céu D dung.

Cho hinh chop S-ABCD ¢4 day ABCD |3 hinh thang, day 16n 1a AB. M Ia trung
diém CD. M3t phiang () qua M song song véi BC va SA- (&) cit AB,SB lan lugt
tai N va P. Noi gi vé thiét dien cua mat phang (a) véi khdi chop S-ABCD 2

A. La mét hinh binh hanh. B. La mot hinh thang c6 day 16n 1a MN.
C. Latam giac MNP. D. La mot hinh thang c6 day 16n la NP.

Huéng dan giai
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Cau 54:

Chon B
Trong mit phing (ABCD), qua M ké duong

thang MN || BC(N € BC). Khi d6, MN c(a).
Trong mat phang (SAB), qua N ké duong
thang NP || SA(P € SB). Khi d6, NP = (a).

Vay (a)=(MNP).

Xét hai mat phang (MNP) va (SBC) c6

MN < (MNP)

BC C(SBC)

MN || BC
Pe(MNP),P (SBC)

—hai mit phang cat

nhau theo mét giao tuyén di qua diém P va song song véi BC.

Trong mat phing (SBC) ké PQ|BC(QeSC). Khi d6, PQ la giao tuyén ciia mat
phang («) véi mat phang (SBC). Vay mat phang (e) cét khoi chép S.ABCD theo
thiét dién 1a t&r giac MNPQ.

., ., (MN ]| BC R s
Tt giac MNBC co { I = MNBC Ila hinh binh hanh. Ttr d6 suy ra MN =BC.

MC || NB

Trong tam giac SBC c6 P thudc doan SB, Q thudc doan SC va PQ|/BC nén
PQ < BC.

., ., |MN | P .
T giac MNPQ co { IPQ = MNPQ 1a hinh thang c6 day 16n la MN.

PQ < MN
Cho hinh chép S.ABCD, M la mét diém trén canh AB N la diém trén canh CD. Mt
phang () chira MN va song song véi SA. Thiét dién cta hinh chop cét bai (o) 1a
hinh thang thi diéu kién Ia:

A. AD=2CD. B. MN//BC. C.
BC//AD. D. MN//AD.

Huéng din giai

Chon B.
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Do (a)//AB nén (&) cit (SAB) va(SAC) lan luot theo cac giao tuyén song song

Cau 55:

VOIi SA

Trong (SAB) ké MP//SA,PeSB .
Trong (ABCD) ké MN nAC ={O} .
Trong (SAC) ké OQ//SA,QeSC .

Vay thiét dién can tim 1 tt giac MNQP |

Taco MNQP |3 hinh thang thi = MPITTQN
MN //PQ
X6t (1)
(1)= SA//QN vi SA/IMP |
= SA//(SCD) : didu nay v Ii.
0 Xét (2)

BC =(ABCD)(SBC)
MN < (ABCD)
Co: = MN//BC
PQ —(SBC)
MN //PQ
PQ=(a)n(SBC)
o . . |BCc(sBC)
bao lai néucd MN//BC thi MN//PQ vi
MN c(a)
MN //BC

Cho hinh chép S-ABCD ¢g day 1a hinh thoi canh @ SA=SB=a sc=sD=+/3a. Ela

trung diém ctia doan SA. M Ia mot diém trén canh BC. Dit BM =x(0<x<a). Mat

phing () chira ME va song song véi AB. Thiét dién cua hinh chdp cit basi () c6

dién tich tinh theo a, x la:

A. i—zx/16x2 +8ax+3a?. B.

C. i’—gx/16x2—4ax+3a2 . D.

Hwéng din giai
Chon A.

ix/16x2 +8ax+3a’.
16

i—g J16x% +4ax+3a> .
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Do («)//AB nén (a) cit (ABCD) va(SAB) lan luot theo cic giao tuyén song
song véi AB |
Trong (ABCD) ké MN//AB,N € AD (1).
Trong (SAB) ké EF //AB,F €SB (2).
Tur (1) va (2),suy ra MN //FE nén tir giac MNEF a hinh thang.
Hai tam giac SAD va SBC béng nhau (c.c.c) nén SAD =SBC.
Hai tam giac EAN va FBM bang nhau (c.g.c) nén EN =FM.
Vay thiét dien MNEF 14 hinh thang can.
Ap dung hé qua cua dinh Iy ham sé cosin trong tam giac SBC ta c6:

SB?+BC*-SC? a’+a’-3a> 1
cosSBC = = ——
2SB.BC 2a® 2

Tam giac FBM c6é

2 2
EM?2 = BF2+BM2 — 2BF.BM.cos SBC =%+x2—2.9.x(—1j=a—+x2+%

O 2 2 4 2
a’ ax
=FM =, [—+x*+—
2
1
Suner =5 (MN + EF).FH
Taco MH = MN-EF _a
2 4
FHZ CEMZ_MH2 =& e X2 e & S
4 2 16 2 16

2
= FH :4/x2+%+3i
2 16

Vay SMNEF=%(MN+EF).FH:%(a+—j X +—+—:i—2\/16x2+8ax+3a2 .
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Cau 56:

Cau 57:

M H K N
Cho ti diéndéu ABCDc6 canh bianga. Diém M 1a trung diém cua AB . Tinh dién tich

thiét dién ctia hinh tir dién cit boi mp(P)di qua M va song song véi ADVaAC .

2 2 2 2
A &3 g &2 c. 93 D &3
8 8 16 16

Huoéng dan giai

Chon D.

Qua M keé 2 dudng thang lan luot song song véi AD
, AC cit BD tai N vacat BC tai P.

Thiét dién tao bai (P)va tir dién la tam giac déu
MNP

C6 MN = NP = PM =%

Dién tich thiét dién

1 1 a’
S..o ==—MN.MP==.2_,
MNP 24

Cho hinh chép S.ABCD ,day ABCD la hinh vudng canh a,mat bén (SAB)la tam giac

déu.Cho SC=SD=a+3.Goi H,Klan luot 13 trung diém cua SA,SB.Goi M la mot
diém trén canh AD .Mt phang(HKM )cat BCtai N .Cho biét (HKMN)Ia hinh thang

can.Dat AM =x(0<x<a).Tim x dé dién tich HKMN la nho nht.

A.x:g. B.x=3. C.x=3. D.x:g.
5 3 4 2
Huéng dan giai

Chon C.
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P

Tacdngay MN =a va KH :%AB =%.Trong tam giac SAD ,ta co

2 2 en? 2, .2 942
cossap— SA+AD —SD* _a’va’-%a’ 1
2.SAAD 2a 2

Trong tam giac HAM ,ta céd

2
MH?2 = AH2 + AM? — 2AH.AM..cos HAM =%+x2 —2.%.x.(—%)

= MH :%\/4x2 +2ax+a’.

Trong hinh thang cdn MNKH,goi Pla chian duong cao ha tr H.,ta co

2
= 7P (M s suy a

S, =%(MN +KH)HP=%(a+%).%\/16x2—8ax+3a2 =i—2\/16x2—8ax+3a2 .

Ta c6 bién doi: S, = i—zx/16x2 —8ax+3a’ = i—g\/(4x—a)2 +2a% >

. 33’2
Vay (Suwr )n = 16

3a2/2
=

1

dat duoc khi x =%.

Cau 58: Cho hinh chép S-ABCD ¢4 d¢ay ABCD3 hinh binh hanh. Goi C' 1a diém trén canh
SC sao cho % :%, M 1a diém trén canh SA. Mat phang (P)qua €M va song song

v6i BC . Xac dinh vi tri ciia diém M dé (P)cét hinh chop theo thiét dién Ia hinh binh

hanh.
A. M 12 trung diém ciia SA. B. %:2.
MA_1 p MA_2

"MS 2° "MS 3
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Cau 59:

Hudéng dan giai

Chon B.

(P) song song BC
d C'

= (P)n(SBC)=d,4 ' e
d,//BC

d, NSB = N;(P) N(SAB) = MN

d, qua |
d,//AD
d,nSD=P. Khi d6 (P) cit hinh chdp

(P)//BC = (P)//AD = (P)~(SAD) = dz{

S.ABCD theo thiét dién l1a ta gidc MNC'P c6
C'N//MP nén thiét dién la hinh thang.

cocnipec=X _EN_1_cy_lae
SC BC 3 3
T gigc MNC'P 1a hinh binh hanh khi MP=NC'=1Bc =tap & MP _ 1
3 3 AD 3
MP//AD:S—:EQ%:Z.
SA 3 MS

Cho ttr dién ABCDtrong d6 AB L CD va AB=AC =CD=a. M la mot diém trén canh
ACV6i AM =x(0<x<a).Mat phang (P)quaM , song song véi ABVaCD. Tinh di¢n

tich thiét dién cua (P)va t dién ABCD theo avax.

x@=x). C. a(a—x). D, 3@=%
2 2

A. x(a-x). B.
Huéng dan giai

Chon A.

Qua M ké cac dudng thang song song véi AB va CD ciat BC va AD lan luot tai Q
va N .

Qua N ké duong thang song song véi AB cat BD tai
P.

Suy ra thiét dién 1a t¢ gidc MNPQ co
MN //PQ; MQ//NP;MP L MQ nén thiét dién MNPQ

la hinh chir nhat.




<l

HavaMArH

Cau 60:

Cau 61.

Co MN _AM _ \yy AMLDC _,
DC AC AC

MQ: MC :a_X:MQ:a—x

AB AC a

= Suwpo = MN.MQ = x(a—X).

Cho tir dién ABCD trong d6 ABLCD y3 AB=AC=CD=a. M [3 mot diém trén

canh AC. Mit phang (P) qua .., song song véi ABvaCD. Dign tich thiét dién cua

mp (P)va t dign ABCD dat gia trj 16n nhét bang bao nhiéu?

2

a
e

2 a’
A. a‘. B. —. C.;. D.

Hudéng dan giai

Chon D.

Qua M ké cac duong thang song song véi ABva CD
cat BC VA AD lan lugttai Q va N .

Qua N ké duong thang song song véi ABcit BD tai
P.

Suy ra thiét dién 1a t@ gidc MNPQ c6
MN //PQ:MQ//NP;MP L MQnén thiét dien MNPQ

la hinh chit nhat.

. MN AM AM.DC

0 —=——=MN-= =X
DC AC AC

MQ: MC :a_X:>MQ:a—x

AB AC a

= Syneo = MN.MQ = x(a—X).

2
Theo bat dang thirc Co-si: x(a—x) S(x+a—xj _2 khi x=2

Cho hinh chép S.ABC, M la mét diém nam trong tam giac ABC . Cac duong thang
qua M song song véi SA,SB,SC cét cac mat phang (SBC),(SAC),(SAB) lan luot tai

A',B',C".
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Cau 62.

MA" MB' ME 6 gia tri khong d6i bang bao nhiéu khi M di dong trong tam giéc
SA SB SC
ABC?
Al B. 1 C.1. D. 2
3 2 3

Hudéng dan giai
Chon C.

Do MA'//SA nén bén diém ndy nam trong cing mit phang. Gia sa E 1a giao diém

MA" ME S,
SA  EA S,

clia mat phang nay véi BC. Khi d6 A /M, E thang hang va ta co:

MB' _Suc MC'_ Sy, MA MB' MC'_

: . V@ + + 1.
S SC S,gc SA SB SC

Tuong tu ta co:

Cho hinh chép S.ABC, M la mét diém nam trong tam giac ABC . Cac duong thang
qua M song song véi SA,SB,SC cét cac mat phang (SBC),(SAC),(SAB) lan luot tai

A',B',C". MA’. MB’. Mc* nhan gi tri 16n nhat. Khi d6 vi tri cia M trong tam giac
SA SB SC

ABC la:

A. Truc tam AABC. B. Trong tam AABC.

C. Tam ngoai tiép AABC. D. Tam ndi tiép AABC.

Hwéng dan giai
Chon B.
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Cau 63:

Do MA'//SA nén bbn diém nay nam trong cing mit phang. Gia sot E 1 giao diém

MA"  ME S,

clia mit phang nay véi BC. Khi d6 A /M, E thang hang va ta co: = = :
SA  EA S,

MB'_ Sy MC'_Syy yju MA MB' MC'_

SC S SA SB  SC

Tuong tu ta co: 1.

SABC

Ap dung bt dang thirc Cauchy ta c6 :

MA" MB' MC’ \/MA’ MB" MC' MA" MB" MC’' 1
+ + >33 <

. . = . . <—.
SA. SB SC SA- SB SC SA SB SC 27

A 13 , .« ... MA" MB'" MC’
Dau bang xay ra khi va chi khi: SA - SB S0 = Syac = Swas = Swec -

Diéu nay chi xay ra khi M 13 trong tdm tam giac ABC. Vay déap an dang 1a B.

Cho hinh chop S.ABCD véi day ABCD la hinh thang véi day AD va BC
(AD=a>BC=b). Goi 1,J lan luot Ia trong tdm cac tam gidc SAD va SBC. Mit
phang (ADJ) cit SB,SC lan lugt tai M, N . Mt phang (BCI) cit SA,SD lan luot tai
P.Q. Goi E la giao diém cia AM va PB, F la giao diém cta CQ va DN. Trong
c4c ménh dé dudi day, c6 bao nhiéu ménh dé sai?

1) MN va PQ song song véi nhau.

2) MN va EF song song véi nhau.

3) EF =2(a+b),

4) EF =%(a+b)

A. 4. B. 1. C. 2. D. 3.
Huéng din giai
Chon B.
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Taco | €(SAD), suy ra | €(SAD)n(BCl).

(SAD)(BCI)=PQ
Do { AD =(SAD),BC =(BCI)= PQ//AD//BC.
AD//BC

Taco6: Je(SBC), suyra J €(SBC)n(ADJ).

(SBC)n(ADJ)=MN
Do {BC =(SBC),AD = (ADJ)= MN // AD//BC.
AD//BC

Tir d6 suy ra MN va PQ song song vdi nhau.
EF =(ADNM )~ (BCQP)
AD = (ADNM ) ~( ABCD)

BC =(ABCD)(BCQP)
AD//BC

Ta co: = EF //AD.

Suy ra EF //MN . Goi K 1a giao diém ctua CP véi EF EF =EK +KF .
SP 2 SM

Do —===—=PM//AB.
SA 3 SB
Theo dinh 1y Thalet ta co: E:ESE:E. Do EK song song vdi BC nén theo
EB 3 PB 5
dinhl}'lThalettaco':Ezizg:EK:zb.
PB BC 5 5
Tuongtu:tacﬁngcé:Q—Fzg:%:§:>ﬂz§:>FK=§PQ:§.EAD:Ea.
FC 3 FC 3 FK 3 5) 53 5

Tur day suy ra EF :é(a+b).
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Cau 64:

Cau 65:

HAI MAT PHANG SONG SONG
Cho t& dién déu ABCD canh bang 2a. Goi I, M lan luot 13 trung diém cta BC, BD.

Mt phang (o) qua M va song song véi mp(AID) cit ti dién theo thiét dién c dign

tich bang
2 2 2 2
A. Ja . B. J3a . C. 33a . D. Ja .
4 4 16 2

Huéng din giai

Chon A.

Thiét dién cta mit phang (o) va tr dién 1a tam giéc

KMN.
MN = Kl = 2 pj = &8
2 2
KM :1AD=3_;h=£AG=a‘_\/§
2 2 2
J2a’

1
:>SAKMN :EhMN = 4

Cho hinh chép S.ABC c¢6 M, N lan luot 13 trung diém cia SA,SB. P 1a diém thuoc

canh AC sao cho CP =%CA. (e) 1a mat phang qua P va song song véi mp(CMN),

) cat SB tai E. Ti s6 EB bang:
ES

A S B.
8

gl w
O
| o
O
NP

Huéng din giai

Chon B.

() la mat phang qua P va song song véi
mp(CMN) nén

+) () cit (SAC) theo giao tuyén la duong
thang d,

qua P va song song CM.

Goi F=d, nSA.
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Cau 66:

+) () cét (SAB) theo giao tuyén la duong thang d,
qua F va song song MN.
Goi E=d,~SB. Khi d6 E=SB(a)

X6t AAMC c6 PF//CM nén: AP _ AP _3 _ AF

===
AM AC 4 S

X&t ASAB c6 EF//BA nén SE_AF _3_EB_3
BS AS 8 ES 5

Cho hinh chép SABC. G, E lan lugt 13 trong tdm tam gidc AABC va ASBC. («) la

AF_31_
42

3
8

mat phang qua G va song song véi mét phang (SBC). Goi I 1a giao diém cua (o) va
AE. Tis % bang:

A. 2 B.

w|
O
N | W
O
N+~

Huéng din giai
Chon A.

Goi J 1a trung diém ctia BC

(r) 12 mat phang qua G va song song véi (SBC) nén:

+) (@) cdt mit phang (ABC) theo giao tuyén la dudng thang d, qua G va song song
véi BC.

Trong mit phang (ABC) goi M =d, nAB;N =d, "AC
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+) (@) cit mat phang (SAC) theo giao tuyén la dudng thang d, qua N va song song

voi1 SC.

Trong mp(SAC), goi P=d, "SA

Thiét dién tao béi () va hinh chop S.ABC la tam giac MNP,

Taco AE c(SAJ); (SA))n(a)=PG

Trong (SAJ), goi AENPG=1 =1=AEn(a)

Trong (SAJ), dung EH //AJ (H ePG):>E:G—J=l:>E=1
AG AG 2 IA 2

1A
Viy —=2.
ay IE

Cau 67: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. O la giao diém cua AC va
BD. Goi M, N lan luot la trung diém cta SC va sD. (e) la mét phang qua O va song
song mit phang (SCD). Pudng thing AM cit (a) tai E, duong thang AN cit (o) tai
N. Tim ménh dé diing trong cAc ménh dé sau?

A. EF=CD. B. EF=%CD. C. EF=%CD. D. EF:%CD

Huoéng dén giai
Chon D.

(e) cat (ABCD) theo giao tuyén la dwong
thang d, qua O va song song véi CD.

() cdt (SAC) theo giao tuyeén 1a dwong thang
d, qua O va song song Vvéi SC.

Goi P=d,nBC;Q=d,nAD;J =d,nSA

(er) cit (SAB) theo giao tuyén la dwong thang

d, quaJ va song song voi CD

Goi K=d,nSB=JK//CD

Gia thiét duong thang AM cit («) tai E, duong thing AN cit («) tai N
= E=AMNOJ;F=ANNQJ

Dé thay E 1a trung diém ciia AM; F 1a trung diém cia AN
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Do do EF:EMN :E.ECD:—CD
2 22 4

Cau 68: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. P 1& diém trén canh AB sao

cho % = % Goi M la trung diém cta SD, () la mat phang qua P va song song Vi

mat phang (SAC). (e) cit BM tai I. Ti sb % béng:

AL B.

c.2. D.
5 9

Nlon
N W

Huéng din giai
Chon B.

phing (ABCD) theo giao tuyén la duong thang d, qua P va song song AC

(r) cit mit phang (SAB) theo giao tuyén la duong thing d, qua P va song song SC
Goi Q=d, \BC;N =d, "BD;K =d, "SB. Khi d6 () céit hinh chép S.ABCD theo
thiét dién 1a tam giac KPQ.

Trong (SBD), goi | =KNNBM = | =(a)nBM

Trong (SBD), dung duong thang d, qua M va song song BD. d, cit SB, KN lan luot

tai E va J.

TaC(’J:M:M
IB BN

JM ME-EJ
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Co ME:EBD; BN :EBD
2 3

11
~-ZsB
EJ_KE_SE—SK_(Z 3) 1

= = _—:EJZ—BNZE.E.EBDziBD
BN KB KB ESB 4 4 3 2 12
3
MJ=ME-EJ= l—i BDZEBD
2 12 12
5
—BD
Tir do ta co: 2o =12 =2
BN BD 4
3
IM 5
Vay 2 _2,
o IB 4
" . \ 9 D Y N , BM 1 R
Cau 69: Cho hinh lang tru ABC.A'B'C'. M la diém thudc doan A'B sao cho BA T () la

mat phang qua M va song song véi mat phang day. Goi I 1a giao diém cia () va

CB'. Tinhti s6 1=
A.£:3 B.E:§ C,E:E D_E_l
B IB' 4 IB' 4 IB' 3

Huoéng dén giai
Chon D.

Vi (&) qua M va song song véi mat phang day
nén (a) cit mit phiang (ABB'A’) theo giao
tuyén 1a duong thang d, qua M va song song
AB, d,"BB'=N

(er) cat mat (BCC'B') theo giao tuyén la duong
thang d, qua N va song song BC

Goi d,NCC'=K; d,NCB'=1 = (a)nCB'=1

Tacé BN =CK nén J& _CK _BN 1
IB' NB' NB' 3
IC

1
Vay — ==
YB3
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CAu 70: Cho hinh ling tru ABC.AB'C’, goi M,N la trung diém cua BC va CC'. Thiét dién

cua hinh lang tru véi mat phang (AMN)cat ABtai E. Ty s6 g bang bao nhiéu?

NS B.
3

N |~

c. 3. D.
4

w| s

Hudéng dan giai
Chon B.
Ta co:

[ (AMN)~(ACC'A) = MN (1)

0 Trong mat phing (ACC'A) goi

K = ABN AN = (A'MN) N (ABC)=KM (2)

0 Trong ma phang (ABC) goi
E=K|\/|ﬁAB:(A'MN)ﬂ(ABB'A')=A'E
3)

T (1), (2), () suy ra thiét dién ta giac
A'NME .

Vi CN || AA’ va CN :%AA’ nén C la trung diém cua AK .

Goi D la trung diém cia AB=CD| MK ma M Ia trung diém cua BC nén E la

trung diém cta BD. Suy ra EB_1
EA 2
Cau 71: Cho lang tru tam giadc ABC.A'B'C'. Goi G, G' lan luot I trong tam tam giac ABC,

AB'C'. Biét cac mat phang (ABC'),(BCA’),(ACB')cdt nhau tai O trén GG'. Tinh

0G

oG’

A2 B. 2. c. i pD. L
3 2 3

Huéng dan giai
Chon C.
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Vi G va O la trong tam tam giac ABC va ABC' nén %?zi—?z%: oG/l lII' (1).

Lai c6 GII'G'la hinh binh hanh nén GG'//1I' (2). Tu (1) va (2) suy ra O GG'.

Tacd GG'//1J nén %:£:E:>OG:E|JZH
1J Al 3 3 3

Ma GG'=II’:>OG=%GG':> oG _1

oG" 2
Cau 72: Cho hinh chop S-ABCD ¢4 g¢ay ABCD |3 hinh thang can véi canh bén BC =2 haj
day AB=6CD=4 Mzt phang (P) song song véi (ABCD) va cét canh SA tai M

sao cho SA=3SM . Di¢n tich thiét di¢n cia (P) va hinh chop S-ABCD bing bao

nhiéu?
A.%. B.?. C.2. D.%.

Huéng din giai
Chon A
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Cau 73:

A B A H K B

Goi H, K lan luot & hinh chiéu vudng géc cua D, C trén AB

R R AH =BK; CD =HK
ABCD la hinh thang cén = = BK =1.
AH + HK + BK = AB

Tam giac BCK vuong tai K, c6 CK =+/BC?—BK? =~/22-12 =+/3.

Suy ra dién tich hinh thang ABCD 14 S, = CK. AB ;CD =/3. 4;6 =543.

Goi N, P, Q lan luot la giao diém cua (P) va cac canh SB, SC, SD.

MN NP PQ QM 1
AB BC CD AD 3

Vi (P) / (ABCD) nén theo dinh i Talet, ta c6

Khi d6 (P) cét hinh chdp theo thiét dién MNPQ ¢ dién tich S,po =k2.S een :ﬁ.

9
Cho tt dién déu SABC canh bing a. Goi | 1a trung diém cua doan AB, M 13 diém
di dong trén doan Al. Qua M v& mit phang («) song song véi (SIC). Tinh chu vi
cua thiét dién tao boi (@) véi ta dién SABC, biét AM =x.

A. x(1+\@) B. 2x(1+\@) C. 3x(1+\@) D.Khéng tinh dugc

Hudéng dan giai

Pé y hai tam giac MNP va SIC dong dang véi ti s6 ﬂ =

=

CMNP

SIC

_2X 2X

Chon B S
2X N

& Cypp =—(S1+1C+5C) ==

a
2x£a«/§ a\/_ J \/—+1
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A . y yia aX N 2 L 4.2 MB 1 .
Cau 74: Cho t dién déu ABCD. Trén doan thang BD lay diém M sao cho MD =3 Goi ()
la mat phiang qua diém M va song song véi mat phang (ACD). Hoi canh cua ta dign

ABCD biang bao nhiéu dé dién tich thiét dién tao boi mat phing () va t dién

2
ABCD 12 &3
3
A. a. B. ay/3. C. 2a. D. 2a+/3.
Huoéng dan giai
Pap an: D 4

Ta co:

M «(a)n(BCD)

(a)ll(ACD) —(a)n(BCD)=d, d di qua 7
(ACD)(BCD)=CD B
&

diém M vasong song véi CD; d WBC ={N}. (1)

=)

N e(a)m(ABC) C
(a)lI(ACD) =(a)n(ABC)=b,b di qua
(ACD)(ABC) = AC

diém N vasong song véi AC; bnAB={P}. (2)
(«)~(ABD)=PM (3)
Tu (1), (2) va (3) suy ra thiét dién tao béi mat phang («) va ti dién ABCD la tam

giac MNP.
Gia st canh cua tir dién déu ABCDbang x(x > 0).

Vi MN|cD nen N _MB _1_un=X,
CD BD 3 3
2 2
Tuong tu PN =PM :§:>AMNP la tam gidc déu = S,,,\p =(gj .?z ng.

2 2 2
af:X \/§=a:;/§:>x=2a\/§

Theo gia thiét dién tich thiét dién bang %



